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2 J— 2 p—
Cau 1: (3 diém) Cho A= [¥X=2__Vx+2 | x-2x+1
x—1  x+2x+1 2
a) Rut gon A.
b) Timx dé A>0.
¢) Tim gia tri 16n nhat cua A .
Cau 2: (6 diem)
a) Giai phuong trinh: 2x* —8x—3yx* —4x-8 =18
b) Giai bat phuong trinh: [2X-7| < X% + 2X + 2
(x+y)(x* —y*) =45

c) Giai hé phuong trinh: {
(x=y)(x* +y*) =85
Cau 3 : (4 diém)
a) Cho a+b+c=0, tinh gi tri cta biéu thuc:
P= L + L + 1
b*>+c*—a’ a’+c’-b*> a’+b’-c?
b) Tim s6 ty nhién n sao cho A=n’+n+6 13 s6 chinh phuong.
Cau 4 : (5 diém)

a) Tr mot diém A niam ngoai (O;R) ké hai tiép tuyén AM, AN
(M,Ne(O;R)). Trén cung nhd MN Ildy diém P khac M va N. Tiép tuyén tai P cit
AM tai B, cit AN tai C. Cho A cd dinh va AO = a. Ching minh chu vi tam giac
ABC khong d6i khi P di dong trén cung nhé MN. Tinh gi tri khong d6i ay theo a
va R.

b) Cho tam giac ABC c6 dién tich bang 36 (don vi dién tich). Trén canh BC
va canh CA lan luot Iy diém D va E sao cho DC = 3DB va EA = 2EC; AD cit BE
tai I. Tinh dién tich tam giac BID.

Céu 5: (2 diém) Tim gia tri nho nhét cua biéu thirc:
1 X' ylo 1 6 16 14 x2v2)?
Q_E 7+X—2 +Z(X +y7) =1+ x7y7)

Hét
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Ciu Pap an va hwéng din cham Piém
PKXD: x>0,x#1 0.254d
A=—Ix(x-1) 0.75d

A>0 —x(Wx-1) >0 Jx(x-1)<0 0.25d
Vi X >4/x-1
o] 0 o (1 x> Vx-1) 0.75d
1 Jx-1<0
_ N 11 =1, 11 0.75d
A=—Ix(x-1) =—x++/x TRl (Wx R
= AS1
4
Vay GTLN cﬁaA=% khi \/_=%<:>x=%(t/m) 0.254
2x? —8x—3Vx? —4x-8 =18
< 2(X* —4x—8)-3x* —4x-8-2=0 0.25d
Dit x*—4x—8 =y, y>0ta dugc phuong trinh:
2y* -3y-2=0<2y° +y-4y-2=0 0.25d
y=2
< (y-2@y+)=0=| = 1 0.5d
2
y=—%<0 (loai); véi y=2ta cod
2 VX?—4x—-8=2< x> —4x-12=0 0.25d
< (x—6)(x+2)=0
< x=6 hodc x=-2 (thoa man phuong trinh da cho) 0.5d
Vay pt da cho c6 2 nghiém: x=6, x=-2 0.25d
Vix?+2x+2=(x+1)>+1>0 0.25d
_ 2
Nén: [2X-7| < X2 + 2X + 2 <=> {2" [exthaxt2 0.5
2X—7>-x>-2x-2 :
2
c=s X +9>0 0.254
X* +4x-5>0
<=> X24+4X+4>9 <=> (X+2)? >9 <=> |x+2| >3 0.25d




{x+2>3 {x>1
<=> P

X+2<-3 |x<-5 0.5d
Két luan nghiém bat phuong trinh 0.25d
Bin ddi {(x+ N —y*)=45 _ {(x— (x+y)* =45 O 0254
(X=Y)X* +y*)=85  [(x-y)(x* +y*)=85 (2) '
Tu hé ta cOX—y> 0 , o 0.25d
Nhan hai vé ctia (1) véi 17 va nhan hai vé cia (2) voi 9 161 dong
nhat sau khi nhan ta duoc:
17(X — Y)(X + ¥)2 = 9(X - Y)(X2 +Y?) <= 4x? + 17xy + 4y?> =0 0.5d
Néu y = 0 thi x = 0 => khong thoa méan hé.
Néuy =0, chia hai vé cua 4x? + 17xy + 4y? = 0 cho y? 0.5d
vadatt=x/y duoc: 42 +17t+4=0<=> (t+4)(4t+1) =0
<=>t=-4hoact=-1/4
<=> X =-4y hodacy = - 4x 0.25d
thay vao hé phuong trinh trén dugc nghiém cua phuong trinh da
chola: (x:;y) €{(4;-1);(1;-4)} 0.25d
P= + L + !
b*+c’-a* a’+c’-b* a*+b’-c’
1 1 1 . 1d
" _(bio)f aic _(@iof aibi_(asp)y  krabe=0)
_ 1L + ! + ! :a+b+C:O (voi : abc = 0)
—2bc  —2ac —2ab  —2abc 1d
A=n’+n-+6 1a s6 chinh phuong nén A c6 dang
A=n*+n+6=k* (keN")
A% +4n+24 = K> < (2k)? — (2n+1)° = 23 0.5d
2k +2n+1=23
c>(2k+2n+1)(2k—2n—1)_23<:>{ o1 1 0.5d
(Vi 23 1a sé nguyén t6 va 2k + 2n + 1> 2k — 2n -1)
2k +2n+1=23 k=6
{2k—2n—1=1 Q{n=5 0.3
Vay voin =5 thi A 1a sé chinh phuong 0.25d
C.uec = AB+BC+CA
= AB+BP+PC+CA 0.25d
= (AB+BM)+(CN+CA) 0.5d
(t/c 2 tt cit nhau)
= AM + AN = 2AM 0.25d
(t/c 2 tt cit nhau)
— 2JON —OM? = 2o R 0.54
Vi A ¢6 dinh nén OA=a khong d6i vay khi P di chuyén trén cung 0.25d

nho MN thi chu vi tam gidc ABC khong d6i.

0.25d




Cousc = 2Va° —R?

Ghi chu:

- Khéng c6 diém Vé hinh.

- Cheeng mink ma khong co hinh vé hodac hinh vé sai thi khong
dwoc cong nhdn (khéng cé diém).

(Cac dwong nét dut duoC Vé thém dé goi y chung minh khi chd’m,
hoc sinh phdi trinh bay ké thém dwong phu khi chizng minh - neu
can)

Trinh bay ¢/m: S, = %S ABIC

0.5d
\ \ 1
Trinh bay ¢/m: S, = > ST 1.0d
1 1
=>S e :gsABIA :§SAABD 0.5d
\ \ 1
Trinh bay c¢/m: S, = " S wasc 0.5d
1 36
=>S, . -S, =2_1
ABID 3 OMBC T B 5 | | 0.5d
Ghi chu: i c
- Khong co diem vé hinh.
- Chiimg minh ma khong cé hinh vé hodc hinh vé sai thi khong
duwoc cong nhdn (khong co diem).
DK: x#0, y#0
10 10
Q =%(Xy—2+yx—2]+%<xlﬁ Y1) - (XYY
10 10
:%();—2+¥(—2+1+1J+%(x16+y16+1+1)—(1+x2y2)2—g 0.5d
Ap dung bt dang thitc Co-si cho bon sd duong ta co:
10 10
1 X—2+y—2+1+1 > 2x%y? 0.25d
2\y X
%(x16 +yP+1+D) > xy! 0.25d
=> Q22x2y2+x4y4—1—2x2y2—x“y“—gz—g 0.5d
Vay gia tri nho nhat cia Q 1a Q =—5/2 khix*=y?=1 0.5d

Chi y: HS ¢6 thé gidi theo cdch khdc, néu ding van cho diém toi da.




