CHUYEN DE DAI SO 7 CHO HOC SINH GIOI

DAY CAC SO VIET THEO QUY LUAT
Bai 1: Tim sé hang thir n ciia cdc day sé sau:
a) 3,8, 15,24, 35, ...
b) 3, 24,63, 120, 195, ...
c) 1,3,6,10,15, ..
d) 2,5, 10, 17, 26, ...
e) 6, 14, 24, 36, 50, ...
f) 4,28, 70, 130, 208, ...
g) 2,5,9, 14, 20, ...
h) 3,6, 10, 15, 21, ...
1) 2,8, 20,40, 70, ...
Huong din:
a) n(n+2)
b) (3n-2)3n
¢) n(n+1)
2
d) 1+n?
e) n(n+5)
f) (3n-2)(3n+1)
a) n(n+3)

2
h) (n+1)2(n+2)
i) n(n+1)(n+2)
3
Bai 2: Tinh:
a,A = 1+2+3+...+(n-1)+n
b,A =1.2+2.3+3.4+...499.100
Huong din:
a,A = 1+2+3+...+(n-1)+n
A=n(n+l):2
b,3A =1.2.3+2.3(4-1)+3.4.(5-2)+...+99.100.(101-98)
3A =1.2.3+2.3.4-1.2.3+3.4.5-2.3.4+...499.100.101-98.99.100
3A =99.100.101
A = 333300
Téng quat:
A=12+23+3.4+....+(n-1)n
A =(n-1)n(n+1): 3



Bai 3: Tinh:
A =1.3+2.4+3.5+...499.101
Huong din:
A =1(2+1)+2(3+1)+3(4+1)+...+99(100+1)
A =12+1+2.3+2+3.4+3+...+99.100+99
A = (1.2+2.3+3.4+...+99.100)+(1+2+3+...+99)
A = 333300 + 4950 = 338250
Téng qudt: A = 1.3+2.4+3.5+...+(n-1)(n+1)
A= (n-1)n(n+1):3 + n(n-1):2
A= (n-1)n(2n+1):6

Bai 4: Tinh:
A =1.4+2.5+3.6+...+99.102
Huong din:
A = 1(2+2)+2(3+2)+3(4+2)+...+99(100+2)
A =1.2+1.2+2.3+2.2+3.4+3.2+...+99.100+99.2
A = (1.2+2.3+3.4+...+99.100)+2(1+2+3+...+99)
A = 333300 + 9900
A = 343200
Bai 5: Tinh:
A = 4+12+24+40+...+19404+19800
Huong din:
%A = 1.2+2.3+3.4+4.5+...4+98.99+99.100

A= 666600
Bai 6: Tinh:
A = 1+3+6+10+...+4851+4950
Huong din:
2A =1.2+2.3+3.4+...+99.100
A= 333300:2
A= 166650
Bai 7: Tinh:
A = 6+16+30+48+...+19600+19998
Huong din:
2A = 1.3+2.4+3.5+...+99.101
A = 338250:2
A =169125
Bai 8: Tinh:
A = 2+5+9+14+...+4949+5049
Hudng din:
2A = 1.4+2.5+3.6+...+99.102
A =343200:2
A =171600
Bai 9: Tinh:



A =1.23+2.3.4+3.4.5+...+98.99.100
Huong din:
4A = 1.2.3.4+2.3.4(5-1)+3.4.5.(6-2)+...+98.99.100.(101-97)
4A =1.2.3.4+2.3.4.5-1.2.3.4+3.4.5.6-2.3.4.5+...+98.99.100.101-97.98.99.100
4A =98.99.100.101
A = 2449755
Téng quat:
A =1.2.3+2.3.4+3.4.5+...+(n-2)(n-1)n
A = (n-2)(n-1)n(n+1):4
Bai 10: Tinh:
A = 12+22+32%+,,,+99%+100?
Huong din:
A =1+2(1+1)+3(2+1)+...+99(98+1)+100(99+1)
A = 1+1.2+2+2.3+3+...+98.99+99+99.100+100
A =(1.2+2.3+3.4+...+99.100)+(1+2+3+...+99+100)
A = 333300 + 5050
A = 338050
Téng quat:
A = 12422432+, +(n-1)?+n?
A =(n-1) n (n+1):3 + n(n +1):2
A =n(n+1)(2n+1):6

Bai 11: Tinh:
A = 22+42+6°+...+98%+100°
Huong dén:
A = 22(1242243%+...+49%450?)
Bai 12: Tinh:
A = 12+32+5%+, +97%+992
Huong dén:
A = (1242%+3%+.,..4+99%+100%)-(22+42+6%+...+982+100?)
A = (1242%4+3%+,..4992+100%)-22(1242%+3%+...+492+50?)
Bai 13: Tinh:
A = 12-2243%-4°+...+992-1002
Huong dén:
A = (12422+32+,..4+992+100%)-2(22+4%+62+...+982+100?)
Bai 14: Tinh:
A = 1.2242.3%+3.4%+...498.99
Hudng dén:
A = 1.2(3-1)+2.3(4-1)+3.4(5-1)+...+98.99(100-1)
A=1.23-1.2+2.3.4-2.3+3.4.5-3.4+...+98.99.100-98.99
A = (1.2.3+2.3.4+3.4.5+...+98.99.100)-(1.2+2.3+3.4+...+98.99)
Bai 15: Tinh:
A =1.3+3.5+5.7+...497.99+99.101



Huong din:
A =1(1+2)+3(3+2)+5(5+2)+...+97(97+2)+99(99+2)
A = (124+3245%+, . .+9724+99%)+2(1+3+5+...+97+99)

Bai 16: Tinh:
A = 2.4+4.6+6.8+...+98.100+100.102

Hudng din:
A = 2(2+2)+4(4+2)+6(6+2)+...+98(98+2)+100(100+2)
A = (224+42+62+...+982+100%)+4(1+2+3+...+49+50)

Bai 17: Tinh:
A = 134+23+3%+,..4+993+1003
Huong din:
A = 12(1+0)+2%(1+1)+3%(2+1)+...+99%(98+1)+1002(99+1)
A = (1.22+2.3243.4%+...4+98.992+99.100%) +(12+22+3+...+99%2+100?)
A = [1.2(3-1)+2.3(4-1)+3.4(5-1)+...+98.99(100-1)] +(12+22+3%+...+992+1002)
A=1.23-1.2+2.3.4-2.3+3.4.5-3.4+...+98.99.100-
98.99+(12+22+3%+...+992+100?)
A = (1.2.3+2.3.4+3.4.5+...+98.99.100)-(1.2+2.3+3.4+...+98.99) (12+22+32+...+992+1002)

Bai 18: Tinh:

A = 23+43+6%+...+983+100°
Huong dén:
Bai 19: Tinh:

A = 13+33+5%+, . +97%+993
Huong dén:
Bai 20: Tinh:

A = 13-23+33-43+,,,+993-100°
Huwong dan:



Chuyén dé:
TI LE THUC-TINH CHAT CUA DAY TI SO BANG NHAU
A.CO SO LI THUYET

I. TI LE THUC
1. Dinh nghia:

Ti 16 thire 1a mot dang thire caa hai ti s6 % =— (hodaca:b=c:d).

c
d
Cac sb a, b, ¢, d duogc goi la céc sb hang cua ti I¢ thirc; a va d 1a cac sb hang ngoai hay ngoai ti,
b va c 12 cac sb hang trong hay trung ti.

2. Tinh chit:

Tinh chét 1: Néu % _ % thi ad = bc

Tinh chét 2: Néu ad =bc vaa, b, ¢, d =0 thi ta co cac ti 18 thirc sau:
a b 9 C d b
Cc

d’ b a ' c a

oo

c
d 1
Nhan xét: Tir mot trong nam dang thirc trén ta c6 thé suy ra cac dang thirc con lai.

1. TINH CHAT CUA DAY TiI SO BANG NHAU

-Tinh chit: T 2= suyra; 2-2-8%¢_87¢
b d b d b+d b-d

-Tinh chat trén con mé rong cho day ti s6 bang nhau:

_& suy ra a_c_e¢e_ a+b+c _ a-b+c _
f b d f b+d+f b-d+f

a_c
b d
(gia thiét cac ti sd trén déu co nghia).

U TV - B ¢ fe . A T
* Chu y: Khi ¢6 day ti so 573" ta noi cac so a, b, ¢ ti 1€ vdi1 cac so6 2, 3, 5.

g1l o



Tacingviéta:b:c=2:3:5

B. CAC DANG TOAN VA PHUONG PHAP GIAI
DANG I: TiM GIA TRI CUA BIEN TRONG CAC Ti LE THUC.

Vi du 1: Tim hai s6 x va y biét 22% va x+y =20

Giai:
Cach 1: (Pt an phu)
bat gzgzk ,suyra: x=2k , y=3k

Theo gia thiét: x+y=20=2k+3k=20=5k =20 =k = 4
Do do: x=2.4=8

y=34=12

KL: x=8,y=12

Cach 2: (st dung tinh chét cua diy ti s6 bang nhau):
Ap dung tinh chét cua diy ti s6 bang nhau ta co:

x_l_x+y_2_0_

2 3 243 5
, X
Do do: 5:4:>x=8

y
—=4=y=12
3 y

KL: x=8,y=12
Céach 3: (phuong phap thé)

Tir gia thidt X =Y = x=2Y
273 3

ma x+y:20:>%+y:20:>5y:60:> y=12



Do do6: x:%:8

KL: x=8,y=12

Vidu 2: Tim x, y, z biét: XY Y_Z yaox-3y+z=6
3 4 3 5
Gidi:
X _y__X_¥
Tu thiet: = =2 =>-== 1
Ur gia thiét: 2=27 9" 1 (1)
y_ro Y.z o (9
3 5 12 20
T (1) va (2) suy ra: X_¥_Z? ™)
9 12 20

Ta co: X_y_z ﬁ 3y _z_ 2X—-3y+1 g_
9 12 20 18 36 20 18-36+20 2

Do do: gz3z>x:27

Y 3= y=36
12

2 _37-60
20
KL: x=27,y=36,z=60

Cach 2: Sau khi lam dén (*) ta dat S 1); 0 =k (' sau do giai nhu cach 1 caa VDI1).

Cé4ch 3: (phuong phap thé: ta tinh x, y theo z)

Tir gia thiét:

y_ 1, %

3 5 5

X 3 3'§ 9z
X_ Y y_3Y__5_32
3 4 4 4 20

M 2x—3y+2=6=22_33 ;6= 2 _60=27=60
20 5 10

Suy ra: y=3'60=36, x=@=

— 27
5 20



KL: x=27,y=36,z2=60

Vi du 3: Tim hai s6 x, y biét rang: g = % va x.y =40

Giai:
Céach 1: (dat an phu)

Baﬁt%:%:k ,suyra x=2k ,y="5k

Theo gia thiét: xy=40= 2k 5k =40 =10k? =40 = k? =4 = k = +2
+Véi k=2taco: x=22=4

y=52=10

+ Véi k=-2taco: x=2.(-2)=-4

y =5.(-2) =-10

KL: x=4,y=10 hoac x=-4,y=-10

Cach 2: ( str dung tinh chét cua day ti s6 bang nhau)

Hién nhién x#0

2
Nhén ca hai vé cia > =Y vO1 X ta duoc: X—:ﬂ:@:8
2 5 2 5 5
= x? =16
=>x=14
+Vé’ix=4tacéf=lz>yzﬁ=10
2 5 2

+Véi x=—4taco _—4=X:>y:ﬁ=—lo
2 5 2

KL: x=4,y=10 hodc x=-4,y=-10
Céch 3: (phuong phap thé) 1am twong tw cach 3 cta vi du 1.
BAI TAP VAN DUNG:

Bai 1: Tim cac s0 x, y, z bict rang:

a) ~=Y -2 yasxt+y-27=28 b)
10 6 21

(;)%:3—3/:ﬂ Va X+Yy+2=49 d)zz—Va Xy =54
3 4 5 2

%= VA 2x+3y -2 =124

z
=



X y A 2 2
g) === vaxi-yi=4
)5 3 y

Bai 2: Tim cac so X, y, z biét rang:

a) ~=Y_-% vasxry-27=28
10 6 21
C)Q=3_y=ﬂ Va X+y+z=49
3 4 5
X y A 2 2
) _==-vax -y =4
) £=3 y

Bai 3: Tim cac so X, y, z biét rang:

a) 3x=2y,7y=5zva x-y+z=32

C) 2x=3y=5zVva x+y-2=95

f) X ¥ _ =X+Yy+12
y+z+1 z+x+1 x+y-2

b)§=l, Y_Z va 2x+3y—z=124
3 4 5 7

d)5=%va Xy = 54

f) ~ y =X+Y+12

y+z+1: z+x+1:x+y—2

b) x—l= y—2= z-3

va 2x+3y—-z=50
2 3

X

d) 2=~

% va xyz =810

z
5

f) 10x =6y va 2x* —y* =-28

b) x—lz y—2: z-3

va 2x+3y—-z =50
2 3

X

d)2 y_

3 va xyz =810

z
5

f) 10x =6y va 2x* - y* =-28

b c d

) y+z+1 z+x+2 x+y-3 1
X y Z X+Yy+2
Bai 4: Tim céc s6 x, y, z biét rang:
a) 3x=2y,7y=5zva x-y+z=32
C) 2x=3y=5zVva x+y-2=95
) y+z+1 z+Xx+2 X+y-3 1
X y z X+Yy+12
Bai 5: Tim x, y biét rang:
1+2y 1+4y 1+6y
18 24 6X
Bai 6: Tim x, y biét rang:
1+2y 1+4y 1+6y
18 24 6X
Bai7: Cho a+b+c+d=0va — > =
- b+c+d

a+c+d :a+b+d :a+b+c



a+b b+c c+d d+a
+ + +
c+d a+d a+b b+c

Tim gia tri ctia: A=

Giai: _a __ b c d _ atb+erd _1(Via+b+c+d=0)
brctd atc+d a+bid atbic 3(@a+b+c+d) 3

=>3a = b+c+d; 3b = a+c+d => 3a-3b=b- a => 3(a- b) = -(a-b) =>4(a-b) = 0 =>a=b
Tuong ty =>a=b=c=d=>A=4

Bai 8: Tim cac sd x; y; z biét rang:

X 7

=—=—vabx—-2y=287, b) X=X vaox-y=34
2 y 3 2 y= )19 21 y=

3 3 3 _ —
b)x_ y vax2+y +72=14. c) 2x+1=3y 2=2x+3y 1

8 64 216 5 7 6X

Bai 9: Tim céac sb a, b, ¢ biét rang: 2a = 3b; 5b = 7c¢ va 3a + 5¢ — 7b = 30.
Bai 10: Tim cac sd x, y,zbiét:
a) X:y:z2=3:4:5 va 5z - 3x% - 2y? = 594;
b) Xx+y=x:1y=3.(Xx-Y)
iai a) Pap sd: x=9;y=12;z=15hodcx=-9;y=-12; z=-15.
b) Tur dé bai suy ra: 2y(2y —x) =0, ma y khac 0 nén 2y — x =0, do d6 : x = 2y.
Tu d6 tim dugc : x =4/3; y=2/3.

()

Bai 11. Tim hai s hitu ti a va b biét rang hiéu ctia a va b bang thuong cta a va b va bang hai
lan tong ctaavab ?
Gial. Rut ra dugc: a=-3b, ter dosuyra:a=-2,25; b=0,75.

Bai 12: Cho ba ti s6 bang nhau: 2 P ¢ Biét atb+c=0.Tim gia tri ctia mdi ti s6 d6 ?
b+c c+a a+b

Bai 13. S6 hoc sinh khéi 6,7,8,9 cia mot truong THCS lan luot ti 16 véi 9;10;11;8. Biét rang sb
hoc sinh khéi 6 nhiéu hon s6 hoc sinh khéi 9 12 8 em. Tinh s hoc sinh cia truong d6?

Bai 14: Chimg minh rang néu co céc sb a, b, ¢, d thda man dang thuc:

|ab(ab — 2cd )+ c2d? |[ab(ab — 2)+ 2(ab +1)] =

thi chung l1ap thanh mdt ti 1€ thtrc.

Giai: | ab(ab-2cd)+c’d’ |.[ab(ab—2)+2(ab+1) |=0

=> ab(ab-2cd)+c2d?=0 (Vi ab(ab-2)+2(ab+1)=a%h?+1>0 véi moi a,b)

=>a%b?-2abcd+ c2d?=0 =>(ab-cd)*=0 =>ab=cd =>dpcm



DANG II: CHUNG MINH TI LE THUC
Dé ching minh ti 16 thirc: g = % ta thuong dung mot sé phuong phap sau:
Phwong phap 1: Ching to rang A. D =B.C
Phwong phap 2: Ching to rang hai ti s6 S va % cd cung gia tri.
Phwong phap 3: Sir dung tinh chét ciia ti 1¢ thuc.
MGt s6 kién thirc can chii y:

#) 2" (s0)

8-~

Sau day 12 mot s6 vi du minh hoa: ( gia thiét cac ti s6 déu c6 nghia)

.Chtg minh rang; arb_c+d

Vi dy 1: Cho ti 1 thirc 2 =
) a-b c-d

b

<
d
Giai:

Cach 1: (PP1)

Tach: (a+b)(c—d)=ac-ad+bc—bd (1)
(@a-b)(c+d)=ac+ad -bc—bd (2)

Tir gid thiét: % - 5 — ad = hc (3)
T (1), (2), (3) suy ra: (a+b)(c—d)=(a—b)(c+d)

a+b c+d
> — =
a-b c¢-d

(dpem)
Céach 2: (PP2)
%:k ,suyraa=bk ,c=dk

a+b kb+b bk+1) k+1

Ta co: = = =
a-b kb-b bkk-1) k-1

1)




c+d kd+d d(k+1) k+1

c-d kd-d d(k-1) k-1 2)

Tir (1) va (2) suy ra: 222 = 22 (dpem)
Cach 3: (PP3)

Tir gia thiét: %=§:‘%=§

Ap dung tinh chat cua day ti s bang nhau ta cé:

a_b_a+b_a-b
c d c+d c-d
a+b c+d

~acb c-g (dpem)

Hoi: Dao lai c6 ding khong ?

Vidy 2: Cho ti ¢ thie & = Chimg minh ring: % _ %
Giai:

Cach 1: Tir gia thiét: % - % —ad=bc (1)

Ta c0: ab(c2 ~d 2): abc® —abd? = achc —adbd (2)

cd (a2 —b2)= a’cd —b?cd = acad —bc.bd (3)

Tu (1), (2), (3) suy ra: ab(c2 —dz): cd(a2 —bz)

ab a%-b?

W gz (e

Cach2: Dit %: —k ,suyraa=bk ,c=dk

<
d



ab bkb kb> b’

Taco: —=—— =— 1
cd dkd kd* d? (1)
a’-b? _ (bk)?-b® _b’%k*-b® _b’(k’-1) b® )
c2-d? (dk)?-d? d’k?-d? d?(k®-1) d?
ab a®-b?
Tr(l)va(2)suyra: —=—— dpcm
(va@suyra: 25 (dpem)
i 2 2 2 _p2
Céch 3: Tir gia thiét; 2=¢2-P_a _a b _a -b
b c d cb ¢c° d° c°-d
ab a®-b?
W oo e
BAI TAP VAN DUNG:
Bai 1: Cho ti 1€ thirc: %=§ . Chirmg minh ring ta c6 cac ti 1¢ thic sau: (voi gia thiét cac ti s6
déu c6 nghia).
1) 3a+5b _ 3c+5d 2) (awb]z:a“rb2
3a-5b 3c-5d c+d ¢’ +d?
3)a_—b=c—d 4)a_b:(a—b)2
a+b c+d cd (c—-d)
5) 2a+5b _ 2c +5d 6) 2005a — 2006b _ 2005¢ — 2006d
3a—4b 3c-4d 2006¢ +2007d  2006a + 2007b
7) a _ ¢ 8) 7a® +5ac _ 7b* +5hd
a+b c+d 7a® —5ac  7b* -5bd
Bai 2: Cho ti 18 thirc: %:% .

Chtrng minh rang ta c6 cac ti I¢ thirc sau: (vé1 gia thiét cac ti so déu cod nghia).



) 3a+5b 3c+5d b) (a+bj2_a2+b2 0 a-b c-d
3a-5b 3c-5d c+d ¢’ +d? a+b c+d
d) ab _(a-b) &) 2a+5b 2c+5d f 2008a-2009b  2008c —2009d
cd (c-dy 3a-4b 3c-4d 2009c+2010d  2009a+2010b
g) & -_© h) 7a’ +5ac _ 7h? +5bd i 7a’+3ab _ 7c¢” +3cd
a+b c+d 7a’—5ac  7h® —5hd 11a®* —8b*> 11c® —8d?
\: A, a b c , . 3 a+b+c) a
Bai 3: Cho —===— . Chiing minh rang: =—
b ¢ d b+c+d d
gL a b c , . > a+rb+c) a
Bai 4: Cho — ===— . Chung minh rang: =—
- b ¢ d b+c+d d
Bai5: Cho -2 = 2 _ ¢

2003 2004 2005

Chimg minh rang: 4(a—b)(b—c) = (c—a)
Bai 6: Cho day ti sb béng nhau; 2 =22 _ 83 _  _ 22008
2 aS a4 a2009

2008
CMR: Ta c6 dang thirc: 2 _ [ A8, +a+ -+ 3z j

a, +a;+a, +...+ Ay

a2009

- a, a a; a \
Bai7:Cho 2 =—"2=....... =2="2"vVva a+a,+.+a, %0
a2 a3 ag al
Chtng minh rang: a, =a, =...=a,
- a b C
Bai 8: Cho

2003 2004 2005

Chtng minh rang: 4(a—b)(b—c) = (c—a)?

Bai 9: Ching minh rang néu : — = _a

2 2
R thi a2+b2_a
d b +d d

ol



Bai10: Cho & -22_ .. G B RV a +a,+..+a, #0
a2 a‘S a9 al
Chtng minh rang: a, =a, =...=a,
Bai 11: CMR: Néu a? =bc thi Z—jLE = % . Pao lai c6 dung khong?
Bai 12: Chimg minh ring néu: 2 =2 thi a’+h’ _a
=ese LIS ST RTd T pred? d

Bai13: Cho 2*2_¢*d  cMmR: 2
- a-b c—-d b

<
d

) 2 2 . s
Bai 14. Cho ti 1¢ thirc ; & +P _ab Chimg minh rang: & = &
c®>+d* «cd b d

Gidi Tacs: & +b* ab _2ab _a”+2ab+b® _(a+b)’ _aib:(a+b)(a+b)_a7.b.
c®>+d? cd 2cd c?+2cd+d® (c+d) cd  (c+d)c+d) cd
:>c(a+b)=b(c+d)=ca+cb=bc+bd:ca—bd 1 caicheacsad—cboad— 2
ac+d) d(a+b) ac+ad da+db ca—hd b
\- , . 3 A 2 v N
Bai 15: Chirng minh rang néu: urz_vs3 thi ==Y
u-2 v-3 2 3
‘- £ a+b c+a , .o A
Bai 16: CMR: Néu a’ =bc thi a—+b:;a . Béo lai c6 dung khong?
— C_
Bai 17: CMR néu a(y +2z) =b(z +X) = c(x + y)
y-z _ Z-X _ X-Y

trong do a, b,c khac nhau va khac 0 thi : = =
a(b—c) b(c-a) c(a-b)

s Ao a+b c+d . a
Bai 18: Cho b o d CMR.b

<
d

Bai 19: Cho %=§. Cac sd x, y, z, t thoa man: xa+yb=0 va zc+td =0

oo



xa+yb xc+yd
za+th zc+td

Chtng minh rang;

Bai 20: Chung minh rang néu: ur2_vi3 gy U
u-2 v-3 2

wl<

Bai 21: Cho a, b, ¢, d 1 4 s6 khac 0 thoa min: b2 =ac :c? = hbd
vab®+c®+d®=0

) X a®+b*+c® a
Chirng minh rang: ——— =—
& & b*+c®+d® d

Bai 22: CMR néu a(y +z) =b(z+ x) = ¢(x+y) .Trong dé a, b,c khac nhau va khéac 0 thi :

y-z  I-X _ X-Yy
alb—c) b(c-a) c(a—h)

2
Bai 23: Cho P = ax2+—bx+c . Chiing minh rang néu a_b_c thi gié tri cia P khong phu
ax- +bx+c a b ¢

thudc vao x.

Bai 24: Cho biét :i+%:1;§+£:1 .CMR:abc+abc =0.
a C

Bai 25: Cho %z%. Cac sO X, v, z, t thda man: xa+yb=0 VA zc+td =0

xa+yb xc+yd
za+th zc+td

Chtng minh rang:

Bai 26: Cho a, b, ¢, d 1a 4 s6 khac 0 thoa man: b2 =ac :c?=bd VA b®+c®+d®=0

) N al+b®+c® a
Chirng minh rang: ——— =—
& & b*+c®+d® d

2 3 7
X +DXEC Chimg minh ring néu == 2= thi gid trj ctia P khong phy

Bai 27: Cho P=—=
a,x” +bx+c a b ¢

thudc vao x.



Bai 28: Cho ti 18 thie; 22+13b _ 2¢+13d . Chno minh réng:
3a—7b 3c—-7d

a
b

Bai 29: Cho ddy tis: P2—Cy _cx—-az _ay-bx.-cyR: X - Y _
a b c a b

Thanh My,ngay 10 thang 12 nam2010

Chuyén dé: GIA TRI TUYET POI

A>MUC TIEU 7

Thong qua viéc giai toan s€ phat trién dugce tu duy doc 1ap, sdng tao ctia hoc sinh, rén y chi vuot
qua moi khoé khan.

B> THOI LUONG

Tong s0 :(6 tiét)

1) Kién thirc can nhd:(1 tiét)

2)Céc dang bai tap va phuong phap gidi(5 tiét)

1. Ly thuyét

*Pinh nghia: Khoang cach tir diém a dén diém 0 trén truc s6 1a gid tri tuyét d6i ciia mot s6 a( a
1a s6 thuc)
* Gia tri tuyét dbi cua s6 khong am 1a chinh né, gia tri tuyét doi ctia s6 am 1a s d6i cua no.
TQ:Néu a>0=d=a
Néu a<0=|d=-a
Néu x-a > 0=>|x-a| = x-a
Néu x-a < 0=>|X-a| =a-X
*Tinh chat
Gia tri tuyét doi ciia moi s6 déu khong am
TQ: |g>0 véimoia € R
Cu thé:



|la] =0 <=>a=0

lal# 0<=>a#0

* Hai s6 bang nhau hodc d6i nhau thi c6 gia tri tuyét d6i bang nhau, va nguoc lai hai s6 co gia
tr1 tuyét doi bang nhau thi ching 1a hai s6 bang nhau hodc d6i nhau.

a=>b
TQ: =
Q: pl-pl= |27,

* Moi sb déu 16n hon hodc bang dbi cta gid tri tuyét ddi cia nd va ddng thoi nhé hon hodc bing
gia tri tuy¢t doi cua no.

TQ: —|aj<ac<lal va —-|[d=a<a<0a=la<a=0

* Trong hai s6 4m s6 nao nhé hon thi c6 gia tri tuyét d6i 16n hon

TQ: Néu a<b<0=la>|b|

* Trong hai s6 duong s6 ndo nhé hon thi c¢é gia tri tuyét d6i nhé hon

TQ: Néu 0O<a<b=la <|b|

* Gia tri tuyét dbi ciia mot tich bang tich cac gia tri tuyét doi.

TQ: [ab|=|alb|
* Gid tri tuyét d6i ciia mot thuong bang thuong hai gia tri tuyét doi.
TQ: 8= H

% bl

* Binh phuong cia gié tri tuyét dbi ciia mot s6 bang binh phuong sé do.

TQ: |a|2 =a’

*‘T(K)ng hai gia tr1 tuy¢t ddi cﬁq hai s6 1}16n 16n hon hoac bﬁng gia tri tuyét dbi cua hai sb, dau
bang xay ra khi va chi khi hai s6 cung dau.

TQ: |a+[o|>|a+b| va |a|+]b|=|a+b/<ab>0

2. Cac dang toan : 7 ’ ’

I. Tim gia tri cua x thoa man dang thirc c6 chira dau gia tri tuyét doi:

1. Dang 1. |A(x) =k ( Trong dé A(x) la biéu thirc chira x, k 13 mdt s6 cho truére)

* Cach gidi:

- Néu k < 0 thi khong c6 gié tri ndo cta x thoa mén dang thirc( Vi gia tri tuyét ddi cua moi sd
déu khong am )

-Néuk =0 thitaco |A(X)|=0=A(X)=0

A(X) =k

- Néu k > 0 thi ta c6: |A(X)| =k :{
A(X) = -k

Bai 1.1: Tim x, biét:
1
C) =-

1 1
4 2

X+=
5)

1 3 7
_ = 2_ _!
3 d)4 12x+1] 5

) [2x—5-4 b)%_E_z4_

Giai



a) X =4
=+ 4

a2) [2x-5 =4
2X-5=+ 4
*2x-5=4
2x =9
X =45
*2x-5=-4
2x =b-4
2x =1
x =05
Tomlai: x=
b)l_‘E_ZX‘zl
3 |4 4

4,5; x=0,5

: Tim x, biét:

a) 22x-3| =% b) 75-35-2x=-4,5

: Tim x, biét:
X
2 1=3
;o

a) 23x-1+1=5 b)
_3_5% b) Z_PX_EH__S‘
4 4

: Tim x, biét:
2 4

a)
: Tim x, biét:

a) 6,5—9:
4

1
X+=
4

_op) 3.
4 2

4X ——| =
5

2

1
X+ =
3

1‘_7

C) [x+ i‘ —|-3,75 = |- 2,15
15

+l=3,5
2

3‘ 7
X——|=—
4

2 5

0 45 3Ly, 55
4|2 3

C)E—Z,S: Syil
4 4 2

_3 d) 23
5

2. Dang 2: |A(x) =[B(x]( Trong d6 A(x) va B(x) 12 hai biéu thirc chira x )

*

Cach giai:

Van dung tinh chat: la| = o] = {: i bb ta co: |A(X)| =|B(x)| = [

Bai 2.1: Tim x, biét:

a) px—4/=|x+2  b)[2x-3—3x+2/=0
a) px—4=|x+2|

* bX-4=x+2

oX- X =2+4

4X=6

x=1,5

* 5x-4=-x-2

SX+x=-2+4

A(Xx) = B(x)
A(x) = -B(x)

C) [2+3x/=[4x-3 d) [7x+1—[px+6/=0



6X= 2
!
3

Vay x=1,5; x= %

Bai 2.2: Tim x, biét:

a)

=|4x-1] b) Ex—%‘—‘gx+§‘:00) Ex+§‘:‘gx—%‘d) ‘gx+g

=0

1x+5
2

3.1
2 2

3. Dang 3: [A(x)| = B(x)( Trong d6 A(x) va B(x) 12 hai biéu thirc chira x )
* Céch 1: Ta thdy néu B(x) < 0 thi khong c6 gia tri ndo cua x thoa méin vi gia tri tuyét dbi cia
moi sO déu khong am. Do vay ta giai nhu sau:
|AX)|=B(x) (1)
Piéu kién: B(x) =0 (*)

s A(X) = B(x)
(1) Tr¢ thanh |A(X)| =|B(x)| = {A(x) _ ()
* Céch 2: Chia khoang xét dicu kién bo dau gia tri tuyét doi:
Néu a>0=|d=a

( Boi chiéu gid tri x tim dugc voi diéu kién ( *)

Néu a<0=la=-a

Ta giai nhu sau: |A(X)|=B(x) (1)
. Né:u A(x) >0 thi (1) tré thanh: A(x) = B(x) ( D6i qhiéu gia tri x tim duoc voi diéu kién )
e Néu A (x) <0 thi (1) tré thanh: - A(x) = B(x) ( D61 chiéu gia tr1 x tim dugc vai diéu kién

)
VD1:
Giai :
. 2
a0) Tim x € Q biét X+ =2X
. s 2 L2
Xetx+z>0tacox+z =2x
5 5
v oy 2 L2
Xetx+-<0tacodx+ g =-2X
5 5
Bai 3.1: Tim x, biét:
a) %x =3-2x b) [x-1=3x+2  C) [5x=x-12 d) [7—-x =5x+1
Bai 3.2: Tim x, biét:
a) |9+ X =2x b) [5x|—3x =2 C) [x+6-9=2x d)[2x-3+x=21

Bai 3.3: Tim x, biét:
a) |4+ 2x =—4x b) Bx-1+2=x  C) |x+15+1=3x d)[2x-5+x=2




Bai 3.4: Tim x, biét:
a) [2x-5=x+1  b) [3x-2-1=x  ¢) [3x—7]=2x+1 d) [2x-1+1=x

Bai 3.5: Tim x, biét:
a) [x-5+5=x b) [x+7|-x=7 C) Px—4+4=3x d)|7-2x+7=2x

4. Dang 4: Ping thirc chira nhiéu diu gia tri tuyét ddi:

* Cdch gidgi: Lap bang xét didu kién bo dau gia tri tuyét doi:

|AX)|+[B(X)| +|C(x)|=m

Can ctr bang trén xét timg khoang giai bai toan ( Di chiéu diéu kién twong tng )

Vidul : Timx biét rang [x—1+/x—-3=2x-1 (1)

% Nhdn xét: Nhu trén chiing ta dd bién doi dugc biéu thirc chira dau gid tri tuyét ddi thanh cac
biéu thtrc khong chira ddu gia tri tuyét d6i. Vay ta s& bién doi biéu thirc & vé trai ctia ding thirc
trén. Tur do s€ tim duoc x

Giai
Xét X-—1=0<Xx=1;Xx-1<0 ©x<I;x-1>0<x>1
X-3=0 x=3;X-3<0 © x<3;x-3>0<=x>3
Ta c6 bang xét dau cac da thirc x- 1 va X- 3 dudi day:

X 1 3
X —1 - 0 + |+
X—3 - | - 0 +
Xétkhoangx <1taco: (1) & (1-x)+(3—-x)=2x-1
< -2X+4 = 2x-1

& X = g (gié tr1 nay khong thude khoang dang xét)

Xét khoang 1 < x £ 3 taco:
1) & x-1)+(3-x)=2x-1
< 2 =2x-1

& X = g ( gia tri nay thudc khoang dang xét)

Xétkhoangx >3taco: (1) < (x—1)+(x-3 )=2x-1
< -4 =-1(Voli)

Két luan: Vay x = g :

VD2 : Tim x

[x+1| + [x-1] =0

Nhan xét x+1=0 => x=-1
X-1=0 =>x=1

Ta lap bang xét dau

X -1 1

x+1 - 0 + +




| ox1 | - - 0 +

Cin cr vao bang xét dau ta c6 ba trudng hop

Néu x<-1

Néu-1< x<1

Néu x >1

Bai 4.1: Tim x, biét:

a) 43x—1+|x|-2x—5[+7|x—3 =12 b) Ix+4{—[2x+1 -5x+3 +|x-9 =5

x—1+81=1,2 d) 2 +|x|—31:21—x
5| 5 2 5

x+31
2

C) ‘21—x+
5

Bai 4.2: Tim x, biét:
a) [2x—6+[x+3 =8

c) [x+5/+|x-3=9 d) [x—2/+|x-3+[x—4=2
e) [x+1+[x—2/+|x+3 =6 f) 2x+2/+[4—x =11

Bai 4.3: Tim x, biét:

a) [x—2/+[x -3 +[2x-8 =9 b) 3Xx+1—2x|x + 2| =12
c) [x—1+3x—3-2x—2|=4 d) [x+5—[1—2x = x

e) [x|—|2x+3=x-1 f) [X[+1-x=x+|x-3

Bai 4.4: Tim x, biét:

a) |x—2+|x-5/=3 b) [x—3+[x+5/=8

C) [2x—1+[2x -5 =4 d) [x—3+[3x+4 =|2x+1|

5. Dang 5: Xét diéu kién bé diu gia tri tuyét doi hang loat:
|A(X)|+[B(x)+|C(x) =D(x) (1)

Diéu kién: D(x) >0 kéo theo A(x) > 0;B(x) = 0;C(x) >0

Do vay (1) tré thanh: A(x) + B(x) + C(x) = D(x)

Bai 5.1: Tim X, biét:

a) |x+1+[x+2 +|x+3 =4x D) [x+1+[x+2 +[x+3+|x+4 =5x -1
c) [x+2/+ x+g + x+% = 4x d) [x+11+[x+12+|x+13+|x+14 =5x
m: Tim x, biét:
a) Xt 2 i x+@‘:101x

101 101 101 101
b) NI PO ) O R N ‘leOx

1.2 2.3 3.4 99.100
C) x+i+x+i+x+i‘+...+ N ‘=50X

13 3.5 5.7 97.99




d) X+ x4 |+ [x + ‘lelx
15 59 9. 13 397.401
6. Dang 6: Dang hén hop:
Bai 6.1: Tim x, biét:
1] 4 1 3
2x -1+ === X2+ 2X— || = x> +2 2ly 42l = x2
a) [2x-1 2‘ . b) ZH o) x x+4‘ "
Bai 6.2: Tim x, biét:
1 1 1 3 2 2, 3
ox —1l—=|== b) = _g== c) [X|x* +=|| = x
a)hx ]4 2‘ 5 )‘2X+l‘ 4‘ 5 ) 4H
Bai 6.3: Tim x, biét:
a) xxz—E‘ = X b) (X—FEJZX—E‘:ZX—E C) x—1 2x—§‘=2x—§
4 2 4 4 2 4 4
Bai 6.4: Tim x, biét:
a) [2x-3-x+1=4x-1 b) [x-1-1=2 c) [3x+1-5/=

7.Dang 7: |A|+[B[=0

Van dung tinh chit khong 4 am cua gia tri tuyét (‘1‘01 dan dén phuong phap bat dang thuc.

* Nhan xet: Tong clia cac sO khong am la mot s6 khong 4m va tong d6 bang 0 khi va chi khi cac
s6 hang cua tong dong thoi bang 0.

* Cach gidi chung: |Al+|B|=

.. ., |[A=0
B1: danh gia: =|A+|B[>0

B|>0
B2: Khang dinh: |A/+[B|=0 <:>{

: Tim x, y thod man:

A=0
B=0

a) [3x—4+[3y+5=0 b) [x—y|+ y+%‘:0 C) 3—2x+|dy+5|=
m: Tim x, y thoa man:
3 2 2 1 3 11 23
a) ‘S—Zx+7y—3 =0 D) ‘——— ‘15—E Y =0 C) [x—2007|+|y—2008 =0

* Chu y1: Bai toan c6 thé cho dudi dang |A +|B| <0 nhung két qua khong thay doi
* Cach giai: |A+|B|<0 (1)

A=0
:B: >O}:|A|+|B| >0 (2)

A=0

Tu (1) va (2) 3|A4+|B|:O®{B=o



Bai 7.3: Tim x, y thod man:

a) [ox+1+|6y—-8<0 b) [x+2y|+[4y -3 <0 C) [x-y+2/+2y+1<0
Bai 7.4} Tim x, y thod man:
a) [12x+8+[1ly—-5<0  b) [3x+2y|+|4y-1<0 C) [x+y—7|+|xy-10<0

* Chul y 2: Do tinh chat khong 4m cta gia tri tuyét d6i twong ty nhu tinh chat khong Am cua luy
thtra bac chan nén c6 thé két hop hai kién thire ta cling c6 cac bai tuong tu.

Bai 7.5 Tim x, y thoa mén déng thirc:

a) [x-y-2/+|y+3=0 b) [x -3y +|y+4" =0
C) (x+y)*™ +2007)y-1=0 d) [x-y-5/+2007(y -3)"* =0
Bai 7.6} Tim x, y thod man :
a) (x=1)* +(y+3)° =0 b) 2(x—5)' +5[2y 7" =0

1 1 2000
C) 3(x—2y)2°°4+4y+§:0 d) |x+3y—]j+(2y—EJ =0
Bai 7.7} Tim x, y thod man:

7
a) |x—2007|+|y — 2008/ < 0 b) gx-yf +10y+2 <0
1(3. 1\ 20074 6 2008 2007
C) E(ZX—E] + o085 Y+ 25 <° d) 2007]2x—y|™" +2008)y -4 <0
8. Dang 8: |A+|B|=|A+B|
* Cach gidi: St dung tinh chat: |a|+|b| >[a +b|
Tir d6 ta co: |[a+|o|=|a+bl<ab>0

: Tim x, biét:
a) [x+5+3—x/ =8 b) [x—2+|x—5/=3 c) |3x—5/+[3x+1 =6

d) 2x-3+[2x+5=11  e) x+]+[2x-3=[3x-2 ) [x=3+p—X+2x—4 =2

Bai 8.2: Tim x, biét:

a) [x—4 +|x—6/=2 b) [x+1+|x+5 =4 C) Bx+7|+32—x =13
d) 5x+1+[8-2x =[4+3X €) [x+2+[3x—-1+|x-1=3 f) [x-2/+x-7]=4
1 - Lép bing xét diu dé bé diu gid tri tuyér doi

Bai 1: Tim x, biét:

a) [2x—6+[x+3 =8

Ta lap bang xét dau
X -3 3
X+3 - 0 + +

2X'6 - - O +




Cin cr vao bang xét ddu ta c¢6 ba trudng hop

* Néu x<-3
Khi d6 phuong trinh tré thanh
6-2x-x-3=8
-3X =8-3
-3X =5
X = —g(khéng thda man x<-3)
*Néu-3< x<3
6-2Xx+x+3=8
- X =-1
X =1 (théaman-3< x<3)
* Néu x >3
2X-6+Xx+3=8
3 X =11
X =%(th()a man x >3)

2- Bé ddu gid tri tuyét doi theo nguyén tic tir ngoadi vao trong
Bai 1: Tim x, biét:

1] 4
2 \2x_u+§‘:g
*B*H+%=§
4 1
|2X-1| = g - E
3
|2X-1| = E
-3 _3 _13
2x-1= 10 2X = 07" 1 X=50
{<:>{<:>{
__.3 _.3 _
2x-1= - 10 2X = - 07" 1 X=50
* [2x-1] + % - g
4 1 f
|2x-1] =- g - 5 (khong thoa man)

3 - Sw dung phwong phap bit dcfng thiwre:




Bai 1: Tim x, y thoa man dang thirc:
a) [x-y-2+|y+3=0

X-y-2 =0 x=-1
-
y+3 =0 y=-3

Bai 2: Tim x, y thoa man :
a) (x=1)" +(y+3)" =0
Bai 3: Tim x, y thoa man:

a) [x—2007|+|y—2008 <0
Bai 4: Tim x thoa man:

a) [x+5+[3—-x =8

|1 — Tim cdp gis tri (x; v ) nguyén thoid min ding thirc chira diu gi tri tuyét doi:
1. Dang 1: |A+|B[=m v6i m>0

* Cach giai:

* Néum =0 thi ta c |A|+|B|:O<:>{

A=0

B=0

* Néu m > 0 ta giai nhu sau:

[A+[B{=m (1)

Do |[A>0 nén tir (1) ta c6: 0<|B|<m tir d6 tim gia tri cia |B| va |Al tuong ung .
: Tim cip s6 nguyén ( X, y) thod mén:

a) [x—2007|+|x—2008 =0 b) [x—y-2/+]y+3=0 ) (x+y)*+2y-1=0

Bai 1.2} Tim cdp sd nguyén ( x, y) thoa man:
a) [x—-3y|" +|y+4=0 b) |x—y-5+(y-3)'=0 ¢) [x+3y-1+3y+2/=0

Bai 1.3: Tim cap sd nguyén (x, y ) thoa man:
a) |x+4+|y-2=3 b) [2x+1+|y-1=4c) BX+|y+5=5 d) [5x|+[2y+3=7

Bai 1.4: Tim cap sd nguyén ( x, y ) thoa man:
a) 3Ix—5+|y+4=5 b) [x+6/+42y-1=12 ) 2Bx+|y+3=10d) 34X +|y+3 =21

Bai 1.5 Tim céc cap s6 nguyén ( x, y ) thoa man:
a) y? =3-|2x-3 b) y? =5-|x-1 C) 2y’ =3—|x+4| d) 3y* =12—|x-2

2. Dang 2: |[A|+|B<m véim>0.
* Cach gidi: Danh gia
|A| + |B| <m (1)



A>0
:B:>O}:>|A|+|B|zo (2)

Tur (1) va (2) = 0<|A+|B|<m tir d6 giai bai toan |A +|B|=k nhu dang 1 v6i 0<k <m

Bai 2.1 Tim cac cdp sd nguyén ( x, y ) thoa man:
a) [X+|y|<3 b) [x+5+|y—2/<4 C) |2x+1+|y—4/<3d) [3x]+|y+5 <4

Bai 2.2: Tim cac cdp sO nguyén (x,y) thoa min:
a) 5x+1+|y-2/<7b) 42x+5+|y+3<5 C) 3x+5+2y-1<3 d) 32x+1+42y-1<7

3. Dang 3: Sir dung bat ding thiic: |a|+|o| > [a+b| xét khodng gi4 tri ciia 4n sb.

Bai 3.1]: Tim céc sb nguyén x thod man:
a) [x—=1+[4-x=3 D) [x+2+[x-3=5 C) [x+1]+|x—6=7 d)[2x+5+|2x-3 =

Bai 3.2} Tim cac cap s6 nguyén ( x, y) thoa min dong thoi cac diéu kién sau.

a)X+y=4va|x+2+|y =6 b) X +y =4 va [2x+1 +|y—x =
C)X-y=3va |+|y|=3 d)x—2y=5va |{+[2y-1=6

Tim céc cdp s6 nguyén ( X, y ) thoa méan dong thoi:

a)X+y=5va |x+]+|y-2/=4 b) Xx—y=3va |x—6/+|y-1=4
C)X—y=2va [2x+1+2y+1 =4 d)2x+y=3va [2x+3+|y+2 =

4. Dang 4: Két hop tinh chat khong am ciia gia tri tuyét d6i va ddu ciia mét tich:
* Cach gidi : A(X).B(x) =|A(y)|
Panh gia: |A(y)| >0= A(X).B(X) >0=n<x<m tim dugc gia tri cua x.

C) (3—2x)x+2)>0 d) (3x+1)5-2x)>0

Bai 4.2: Tim céc cdp s6 nguyén ( x, y ) thoa man:
a) 2-x)x+1)=]y+1 b) (x+3)1-x)=|y| €) (x-2)5-x)=|2y+1+2

3: Tim cac cap sd nguyén ( x, y ) thoa man:
a) (x+1)(3-x)=2y]+1  b) (x-2)5-x)-|y+]=1 c) (x—=3)x-5)+|y—-2/=0

5. Dang 5: Sir dung phwong phap d6i 1ap hai vé ciia diang thirc:
* Cach gidi: Tim x, y thoa man dang thirc: A =B

Panh gia: A>m (1)

Panh gia: B<m (2)

Tir (1) va (2) ta co: A:B<:>{

A=m
B=m

12
ly+1+3

a) |x+2|+|x—]4:3—(y+2) b) |x—5|+|1—x|:



10 6
J+5=— d) [x—1+[3-x =
O ly+3 (2x-6)* +2 ) =33 ly+3+3
Bai 5.2: Tim cac cdp sé nguyén ( x, y ) thoa man:
8 16
a) [2x+3+[2x-l|=——>— b) [x+3+[x-1=——"—"——
) [regexy 2(y-5)° +2 ) berdey ly-2/+|y+2
12 10
c) I3 -5 = “< d) [x—2y-1+5=
)|X+1|+| X | (y+3)2+2 )| y 1| |y_4|+2
20
b x+22+4:—
ly-1+|y-3 ) (x+2) 3y+2+5
C) 2|x—2007|+3:L d) |x+y+2|+5:L
|y—2008|+2 3|y+5|+6

111 — Riit gon biéu thirc chira diu gia tri tuyét ddi:
e (Cach giai chung' Xet dicu kién bo dau gia tri tuyét doi roi thu gon:

B Acposho1n b skl x—%‘ ¢) C=|x+1+/x-3
‘_ _E‘_E
5 6
a) A:|x+0,8|—|x—2,5|+1,9 voix <-0,8 b) B=|x-41+ x—%‘—9 vOoi %S Xx<41
C) C:‘Zl—xjt x— 248t voi Lax<2l d) D= x+3% +|x|—3l voix >0
5 5 5 5 5 2 2
—====——========&=&=&==============

-----------------

Bai 1: Tinh gia trj ctia biéu thuc:
a) M =a+ 2ab—b voi |[d =15b=-0,75 b) N = %—% voi [a| =15,b =-0,75




a) A=2x+2xy-y véi |x|=2,5;y=_T3 b) B=3a—3ab—b vdi |a|=%;|b|=0,25

c) C_%a—g Vol |a| = ;|b|=0,25 d) D=3x*-2x+1 Voi |[{==

a) A=6x>-3x’ +2|x|+4 voi x:?z b) B=2x-3y| véi x—% y=-3

5x2 —7x +1

C) C=2x-2-31-x vé6ix=4 d) D=
3x-1

VOl Y ==

V — Tim gi4 trj 16n nhit — nhé nhét ciia mét biéu thirc chira diu gia tri tuyét dbi:

1. Dang 1:Sw dung tinh chat khong am cua gia trj tuyét déi: , , ’
* Cach giai chu yéu la tu tinh chat khong am cia gia tri tuyét déi van dung tinh chat cia bat
dang thu’c dé danh gia gla tri ciia biéu thu’c

3x+2 2 +3
A=05—|x— B=-{14—x-2 = D=
a) 0,5-|x 3,5| b) 14— X c)C P d) -1
e) E=55-[2x—15 f) F=-102-3x-14 0) G=4—[px—-2—[3y+12
h) H -8 i) 1 =—25-x-58 K) K=10—-4x-2
25-x+58
1 12

) L=5-2x— M=—«-— N=2+—"—"7-—

) L=5-2x—4 MM = N =2 v

Bai 1.2: Tim gia tri nho nhat cua biéu thirc:

a) A=17+[34- b) B=|x+28-35 C) C=37+/43-X

d) D=[3x+84/-14,2 e) E=[4x-3+[5y+75+175 f) F=|25-x+58

0) G=[49+x-28 h) H=x—§+§ i) 1 =15+[19-x

K) K=2]3x-1-4 ) L=23x-2/+1 m) M =51—-4x-1
a|13 Tim gia tri 16n nhat cta biéu thirc:

a) A:5+L )B— -1 L C)C:ﬂ+ 20

43x +7|+3 8|15x 21+7 5 [3x+5+[4y+5+8
24 2 21
d) D=-6 e) E=Z
) +2|x—2y|+3|2x+]4+6 ) 3+(x+3y)2+5|x+5|+14

: Tim gia tri 16n nhat cta biéu thic:
2[7x+5/+11 2y +7|+13
e 5 5 2T

_ 15 +1+32
7x+5[+4 22y +7|+6

B 6x+1+8

Bai 1.5: Tim gié tri nho nhat cua biéu thic:
a) A=54— O yp=b___ ¥ bl 28
45X+ 7]+ 24 5 56y —8+35 12 3x—3y|+[2x+1+35




Bai 1.6: Tim gi tri nho nhat cua biéu thic:

214x + 6|+ 33 6|y + 5| +14

a) A=————— b) B=/——
34x+6|+5 2y +5/+14

—15/x+7|—-68
Ix+7|+12

c) C=

2. Dang 2: Xét diéu kién bé dflu giz’l tri tuyét d6i xac dinh khoéng gia tri ciia biéu thirc:

a) A= |x+5|+2 X b) B= |2x ]j+2x+6 C) C=3x+5/+8-3x
d) D=[4x+3+4x-5 e) E =[5x—6+3+5x f) F=|2x+7]+5-2x

C) C=4x+5+4x-1
C) C=-3x—1+7-3x

C) C=-55-X+5x+7

a) A= |x+]] |x 5| b) B= |x 2|+|x 6|+5 C) C=[2x—4+[2x+1
3. Dang 3: Sir dung bat diing thirc [a +|b| >|a +b|

: Tim gia tri nho nhét ctia biéu thic:
a) A=|x+2+|x-3 b) B=[2x—4 +|2x+5| C) C=3x-2/+[3x+1

Bai 3.2: Tim gia tri nho nhat cta biéu thirc:
a) A=|x+5[+[x+1+4  b) B=[3x—7|+[3x+2/+8 C) C=4x+3+[4x—5+12

Bai 3.3: Tim gia tri nho nhét cua biéu thirc:
a) A=|x+3+[2x—5+|x—7| b) B=|x+1+[3x—4 +|x-1+5
C) C=|x+2+42x-5+|x-3 d) D=|x+3+56x+1+|x—1+3

Bai 3.4} Cho x + y =5 tim gi4 tri nho nhat cta biéu thic:
A=|x+1+]y-2

Bai 3.5: Cho x —y = 3, tim gi4 tri cta biéu thic:
=|x—6+|y+1

Bai 3.6 Cho x — y =2 tim gi4 tri nho nhat cua biéu thic:
=[2x+1 +|2y +1

Bai 3.7} Cho 2x+y = 3 tim gia tri nho nhét ciia biéu thuc:
=[2x+3+|y+2/+2




DAY SO TU NHIEN VIET THEO QUY LUAT,
DAY CAC PHAN SO VIET THEO QUY LUAT( tiép)
Bai 1: Tinh tong:
2+4-6-8+10+12-14-16+18+20-22-24 ...-2008
Huong din:

Bai 2: Cho A=1-2+3-4+...+99-100.

a) Tinh A.

b) A c6 chia hét cho 2, cho 3, cho 5 khong ?

¢) A c0 bao nhiéu udc tu nhién. Bao nhiéu udc nguyén ?
Huong din:

Bai 3: Cho A=1-7+13-19+25-31+...
a) Biét A = 181. Hoi A ¢6 bao nhiéu s6 hang ?
b) Biét A ¢6 n s6 hang. Tinh gié tri cia A theo n ?
Huong din:
Bai4: Cho A=1-7+13-19+25-31+....
a) Biét A c6 40 s6 hang. Tinh gi4 tri cta A.
b) Tim s hang thit 2004 ciia A.
Huwéng din:

Bai 5: Tim gia tri cla x trong day tinh sau:
(X+2)+(X+7)+(X+12) +...+ (X +42) + (x + 47) = 655

Huong dén:



Bai 6: a)Tim x biét: x + (x+1) + (x+2) + (x+3) + ... + (x+2009) = 2009.2010
b) ~T|'nh M =1.2+2.3+3.4+ ... + 2009. 2010
Huong dan:

Bai 7: Tinh té)ng: S$=9.11+99.101+999.1001+9999.10001+99999.100001
Huong dan:

Bai 8: Cho A=3+3%+3%+...+3%
Tim s0 tu nhién n biét rang 2A + 3 = 3"
Huong dan:

Bai 9: Cho A=3+3*+3%+...+3*"

a) Tinh tong A.

b) Chting minh rang A:130.

¢) A c6 phai 14 s6 chinh phuong khong ? Vi sao ?
Hugng din:

Bai 10:
a) Cho A=1-3+3% —3°+...—3%0%% 4 320
Chting minh rang: 4A -1 13 luy thira cia 3.
b) Ching minh rang A 1a mét luy thira cua 2 véi
A=4+2°+2% +2° +...+ 2700 4 220
Huwdng din:

Bai 11:
a) Cho A=2+22+2°+..+2%
Chtng minh rang A chia hét cho 3, 7 va 15.
b) Chting minh rang tong 2 + 2% + 23 + ... + 22003 + 22004 ¢hig hét cho 42

Huong din:

Bai 12:
Cho A=2+22+23+ ... +299 4 2100
Chimg t6 A chia hét cho 31

Huong dan:

Bai 13: ChoS=5+5%2+53+ ... +5%
a, Chimg minh: S : 126
b, Tim chir s0 tan cung cua S

Huong din:

Bai 14: Cho A=1.23.....29.30
B=313233....... 59.60 )
a) Chirng minh: B chia hét cho 2%



b) Ching minh: B - A chia hét cho 61.
Huong din:

Bai 15: Cho A=3+22 +2% +2% +... 422001, 22002 3 g = 02003

So sanh A va B.
Huong dan:

Bai 16: Cho M = 3+3* +3° +...+3% +3'°,
a. M c6 chia hét cho 4, cho 12 khong ? vi sao?
b.Tim s6 ty nhién n biét rang 2M+3 = 3",
Huong din:

Bai 17: Cho biéu thuc:M = 1 +3 + 32+ 33 +. .+ 31184 3119

a) Thu gon biéu thic M.

b) Biéu thirc M ¢6 chia hét cho 5, cho 13 khong? Vi sao?

Huong dén:

1 1 1 2

2003

Bai 18: Tim sb tu nhién n biét: 3 + R +—+

ot =
10 n(n+1) 2004

Huong dén:
Bai 19:
2 2

a)Tinh:i+i+—+ ..... —
13 35 57 99.101

b) Cho g= 3,3, 3 ;.3 neN”
14 47 7.10 n(n+3)

_ Ching minh: S<1
Huong din:

Bai20:Sosanh: A = 2 42 2 2

——+———+..+ -
60.63 63.66 117.120 2003
N 5 5 5 5}
vaB = —+——+. 4t —+——
40.44 4448 76.80 2003

Hudng dén:

Bai 21:
1 1 1 1 1

a) Tinh Aottt 1,
10 40 88 154 238 340

b) Tinh: M O
3 6 10 15 2004.2005

c) Tinhténg: S=i+i+m+;
123 234 98.99.100

Huong din:



Bai 22 So sanh: A=1+%+2i2+ L.+t vaB=2

? aes 2100

+

Hudng dén:

Bai 23: So sanh:

2 2 2 2 5 5 )
vad =

= + + .t + B= + +ot——+—
60.63 63.66 117.120 2006 40.44 44.48 76.80 2006

Huong dén:

Bai 24.Tinh
aA—— £+£+2+ 2
15 35 63 99 143
b B =3+ 3 3 3 3

+ + +..+ )
1+2 1+2+3 1+2+3+4 1+2+...+100
Huong dan:

Bai 25: Tinh gi4 tri cac biéu thic:

1 1 1 1
1+3+5+ +a %
a) A= 1 1 1 1 1
+ + +..+ +

1.99 397 5.95 97.3 99.1

1 1 1 1

273 2" 100
VB % w o 1

1 2 3 99

Huong dén:

Bai 26: Ching minh rang:
100 (1+1+1+ +LJZE+Z+§+”'+ 9
2 3 100) 2 3 4

Huong dén:

Bai 27: Tinh = biét:
1 l 1 1 _ 1 2 3 198 199
A= -+>+-+.+— va B= ot —— ot —
2 3 4 200 199 198 197 2 1

Huong din:

Bai 28: Tim tich ctia 98 s6 dau tién cta day:
1l 1l 1i 1i 11— L.
378715724"35"

Huong dén:

Bai 29: Tinh tong 100 sd hang dau tién cua diy sau:

5



1

176336
Huong dan:

1
61

D
o

Bai 30: Tinh g biét:
11 1 11

e e e T e E
12 34 56 17.18 19.20
101 1 1 1
Tttt —
11 12 13 19 20

Huong dén:

Bai 31: Tim x, biét:
( 1 1 1 j 1 1 1
+ +... veee

— 4.+ X = + +
1.101 2.102 10.110 1.11 2.12 100.110
Huong dén:

Bai 32: Tinh :
a) S=1+a+a’+a’+..+a" ,védi(a=2,neN)
b) S,=1+a*+a*+a’+..+a”", voi(a=2,neN)
C) S,=a+a’+a’+..+a’" ,voi(a=2,neN’)

Huong dén:

Bai 33: Cho A=1+4+4%+4%+..+4%, B=4%. Ching minh rang: A<%.
Huong din:

Bai 34: Tinh gia tri cua biéu thic:
a) A=9+99+999+...+999...9
50 ch+se
b) B=9+99+999+...+999...9
%/_J

200 ch+se

Huong dén:



Chuyén de 1:
giai toan chira ddu gi tri tuyét doi.

1-Kién thirc co ban:

X< x20
|X|: -X&< x<0

X2 05[] > xi|x| =|-X
[yl <[x+]y]
[x=y|=[x/=[y
2- Cac dang toan co ban:
* Dang todn 1: Tinh |x| biét

1)x:—11 Z)X:—2§:i 3) x+25% =0
5 5 13 2
4) R I S 5) S S S
1.3 35 4749 X 14 47 97.100 2
6) Lt 44 _2X*D 7o B PO FIED FONEA N U I P L
15 5.9 97.101 101 2 3 4 100 5
8) 1.2+2.3+3.4+....+99.100:Z%X—l 9) (°+2%+...+49%)(2-x) :—lé

* Dang 2: Tim x biét

3 25 5 1 1
=32 ~22=0 BlX|— — =0 2x|}- = =|-1=
1) =3¢ 2) (-2 S-5=0 43|



5) 175-[25-x =125  6) [2x-5/=13  7) 3%—‘2x—$‘:—§
8) 217 =1L 9) 2x-52=9  10) x*=4  11) 3-7x? =1
5 10 ] 4
* Dang 3: Tim x, y, 7 biet
1) |X|+|y|+|z| =0 2) [3x—5/+|2y-7|=0
B PN YV B e )yt a2ty =
3) [x 12+2y 2+33 2l =0 4) (x=1)° +(y 2) +(z 3) 0
5) [1-2X+[2—-3y|+[3-4y|=0 6) [x—1+|(x-1)(x+1)| =0

“Dang 4: Tinh gid tri ciia cdc biéu thirc sau.
1) A:‘x2—2x+5‘ voi x:—%
2) B=|xy-2| +5(x—3)‘x2 —2Xy+ yz‘ voi x=y=2

3)C= —22x+1 voi |X :%

1
X2 —X+=
4

4) D=[3x’-6x+3 v6i [x =1
5) E=2x-5y+7xyvoi [X+|y-2/=0
6) G =2x*—3y”+6xy voi [x—1+|y-2 =0
* Dang 5: Rut gon cdc biéu thirc sau
1) M =|x—5/+|2x—9+[3x—13 véi x 265
2) N=|x+1 +|x+2 +|x-3 véi —2<x<-1
3) P=|2x—5+[3x—7|—[5x—15 v&i x >3
*)Dang 6: Tim gid tri I6n nhét , gid tri nhé nhit.
1, Tim gia tri nho nhat cua: C =4,52x—-0,5-0,25
2, Timgia trj 16n nhat cta : D = —{3x+4,5/+0,75
3, Tim gié tri nho nhét cta : E = |x — 20085 +|x — 2004
3- Cac bai toan tw hoc:
Bai 1: Tinh gia tri biéu thirc: A= 2x+2xy-y véi | x| =2,5vay=-3/4
Bai 2: Tim x , y biét:
a) 2.| 2x-3|=1/2
b) 7,5 -3 |5-2x|=-4,5
c) | 3x-4|+ [3y+5] = 0
Bai 3: Tim gia tri nho nhat:
a) | 3x- 8,4|-14,2
b) [4x-3|+|5y+7,5| +17,5
Bia 4: Tim gi4 tri 16n nhat:
F=4- |5x-2|- | 3y+12]




