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CHUYEN PE I: SO HUU Ti
I.ON LAI CAC TAP HQP
- S6 tu nhién: ' ' '

- S6 nguyén:

- 86 hitu ti:

v

-SH Vo ti:

- Sb thuc: 1+Q=R

I1. S6 hitu ti:

1. Kién thikc can nhé:

- S hitu ti c6 dang % trong 6 b#0; % la s6 hitu ti dwong néu a,b cling dau, 1a s hitu ti am néu a,b trai
dau. S5 0 khdng phai 12 sb hitu ti dwong, khong phai 1a s6 hiru ti am.

- C6 thé chia s6 hitu ti theo hai chach:

Céch 1:S6 thap phan vo han tuan hoan (Vi du: < = 0.3333 ) va 6 thap phan hiru han (Vi du: - = 0.5)

Cach 2: S hitu ti &m, sb hitu ti duong va s6 0

- Bé cong, trir, nhan, chia sé hitu ti, ta thuc hién nhu phén sé:

Céng trir s6 hiru ti Nhan, chia s6 hiru ti
1. Qui tic
- Pua vé cling mau, roi cong trir tir sb giir - Nhan tir voi ta, mau véi mau
nguyén mau. - Phép chia la phép nhan nghich dao.

- Nghich dao cua x la 1/x

Tinh chat

X.y=y.x ( t/c giao hoén)

a) Tinhchit giaohodn: x +y =y +x;X.y= (x.y)z= x.(y,2) (t/c két hop )
y. zZ X.1=1.x=x
b) Tinh chat két hop: (x+y) +z = x+(y +2) x. 0 =0
(x.y)z = x(y.2) X(y+z)=xy +xz (t/c phan phéi
¢) Tinh chét cong véi s 0: ctia phép nhan ddi véi phép cong
X+0=x;
B6 sung

Ta ciing co tinh chat phan phéi cua phép chia dbi voi phép cong va phép trir, nghia la:
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x+y X y. X-y X y
— =4 2y _Z2_ 2
z Z Z z Z Z

; X.y=0 suy ra x=0 hoac y=0
-(xy) = (-x).y = x.(-y)

- Cac ki hiéu: e:thuoc, ¢ : khéng thudc, c: latap con
2. Céac dang toan:
Dang 1: Thuc hién phép tinh
- Viét hai s6 hitu ti dudi dang phan sd.
- 4p dung qui tic cOng, trir, nhan, chia phan sé dé tinh.
- Rut gon két qua (néu co thé).
Chi duoc ap dung tinh chat:
a.b +a.c =a(b+c)
a:c+b:c=(ath):c
Khong dwoc ap dung:
a:b+a:c=a:(btc)

12, 15_102 5 _1
Vide s 2+2.2=2(3+2) =2
Bai 1:
3 26 30 5 34 4 17 24

Bai s6 2: Thuc hién phép tinh:

054
0 sl (33

Bai s6 3: Tinh hop li:

2) 11 L9 )11 ) 2 14)°7 21 7)°7 C)9'

Dang 2: Biéu dién sé hiru ti trén truc sé:

f)41:(—2ﬂ)
5 5

+6§:(—lj
9\ 7

-PP: Néu 5 la s6 hitu ti duong, ta chia khodng cé dé dai 1 don vi 1dm b phan bang nhau, réi ldy vé phia

Q

chiéu dwong truc Ox a phan , ta dwoc vi tri cua sé 0~

Vi du: biéu didn s6 > —: ta chia céc khoang co do dai 1 don vi thanh 4 phan bang nhau, iy 5 phan ta duoc

A~ L L=2R .x x5
phan so biéu dién so "
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Néu 5 1a sé hiru ti @m, ta chia khodng ¢é dé dai 1 don vi 1am b phan bang nhau, réi ldy vé phia chiéu am

Q

truc Ox a phdn , ta dwoc Vi tri cia sé 0
BAI TAP

Biéu dién cac sd hitu ti sau trén truc sé: a.

N |-
| w
PN
o)

Dang 3: So sanh sé hitu ti.

PP:

* Pura vé cac phan sé c6 cling mau sé diong réi so sanh tir so.

* S0 sénh vdi s¢ 0, so sanh vdi so 1, véi -1...

* Dyra vao phan bu cia 1.

* S0 sanh vdi phan sé trung gian( 1a phan sé ¢ tir sé cia phan sé6 ndy mau sé cua phan so kia)
BAI TAP

Bai 1. So sanh cac s6 hitu ti sau:

-25 444 1 110 17

a vaiy=——; b)x=-2—vay=—=¢) x=—va 0,75

) x=ggVays—oi D x=_29Vay=—or0) x="n vay=

Bai 2. So sanh cac sé hitu ti sau:

9L L. 3T, 37 o 297y 2345 1 wl
2010 19 4141 41 —-499 2341 3
2 .3 2000 , 2001 2001 . 2002 L4 31

e)— va— f)—va_—— 9) va )— — k)— —
5 4 2001 2002 2000 2001 9 90

Dang 4: Tim diéu kién dé mét s6 1a sé hiru ti dwong, am, 1a s6 0 (khong dwong khong am).
PP: Dya vao t/c % la s6 hitu t/ dirong néu a,b cling ddu, 1a sé hiru ti Am néu a,b trai ddu, bang 0 néu a=0.

Vi du: Cho sb hitu ti x :m_—zon. Vi gia tri nao cua m thi :
2013
a) x la s6 dwong, b) x & s6 am. c) x khong la sé duong ciing khong 14 s6 am
HD:
a.DEx>0thi =22 > 0, suy ram-2011>0 (vi 2013>0), suy ra m>2011
b. Déx<0thi =222 < 0, suy ram-2011<0 ( vi 2013>0), suy ra m<2011
c. Bé x=0 thi m2_0210311 = 0, suy ram-2011=0 suy ra m=2011
BAI TAP:

Bai 1. Cho sb hitu ti x = % Véi gia tri nao caa m thi:

a) x 1a s6 duong. b) x 1a s6 am
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Bai 2. Hay viét 6 hitu ti ;_(7) dusi dang sau:

a) Tong cua hai sb hiru ti m.
b) Hiéu cua hai s6 hitu ti duong.

Bai 3. Viét s hitu ti _?1 duéi dang téng cua hai sb hiru ti am.

Bai 4. Hay viét s6 huu ti _8—111 duéi cac dang sau:
a) Tich cua hai s6 hitu ti. b) Thuong cua hai s hitu ti.
Bai 5. Hay viét s6 hitu ti % dudi cac dang sau:

a) Tich cua hai s6 hitu ti am. b) Thuong cua hai s6 hitu ti &m.

Dang 5: Tim céc sé hiru ti nam trong mét khoang:
PP:

- Pura vé CAcC S6 hitu ti ¢ cing tir s6 hogc mau so

Vi du: Tim a sao cho% < % < %;

2 <2 2 gyyra8<a<108, a={9,10.....107}
108 a 8

HD: Tur bai ra ta co:
BAI TAP
Bai 1: Tim nam phan s6 16n hon Slvél nhé hon %.

Bai 2: Tim s nguyén a sao cho:

a) __3<i E C)l<£<f
8 10 5 2 a 3
5

h) 2<li<l d2<2<q
12 5 4 5 5

Dang 6:Tim x dé biéu thirc nguyén.

PP:

- Néu tir s khdng chira x, ta dung dau hiéu chia hét.

- Néu ti# sé chira x, ta dung ddu hiéu chia hét hodc ding phirong phdp tach tir s6 theo mau sé.
- V6i C&c bai todn tim dong thoi X,y ta nhém x hodc y réi rat x hodc y dia vé dang phan thezc.
Vi du: Tim x dé A:% la s6 nguyén

Giai: Biéu kién: x-1 # 0 hay x# 1

Pé A nguyén thi 5 chia hét cho (x-1) hay (x-1) € U(5)={-5;-1;1;5}

x-1 -5 -1 1

X -4 0 2 6
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” N 2 2x+3 < X N
Vidu: Timx dé B:% la s nguyén
Céch 1:Dung phuwong phap tach tir s6 theo miu sé ( Khi hé sé caia x trén tir so 12 bdi hé s6 cia x dudi
mau sb):

- Tach tir s6 theo biéu thire dwéi miu sb, thém bét dé dwoc tir s6 ban dau.

=22 2RSS (didu kién: x# 1),

x—1 x—1
Dé B nguyén thi & la s6 nguyén hay 5 chia hét cho (x-1) hay (x-1) € U(5)={-5:-1:1;5}
x-1 -5 -1 1 5
X -4 0 2 6

Céch 2:Dung diu hiéu chia hét:
- Cac buéc lam:
- Tim diéu kién.
- { tfﬁ :T"é': , nhan thém h¢ s6 rdi dung tinh chat chia hét mt tong, hiéu

mau : mau

Diéu kién: x # 1.

Ta co:

X-1ix-1 nén 2(x-1) : x-1 hay 2x-2 : x-1 (1)

Dé B nguyén thi 2x+3 : x-1 (2)

Tu (1) va (2) suy ra 2x+3-(2x-2) : x-1 hay 5: x-1. Suyra (x-1) € U(5)={-5;-1;1;5}

X-1 -5 -1
X -4 0

. < A F T , n 3x+2
Vi du: Tim x nguyén dé biéu thic nguyén 2;1

L(3x+2 i 2x+1 2(3x+2) : 2x+1 {6x+4 P 2x+1
G'a"TaCO{ suyra {3(2x+ 1) i 2x+1 L6x+3) i 2x+1

2x+1: 2x+1
Hay (6x+4)-(6x+3) : 2x + 1 => 1: 2x+1=>2x+1 € U(1)={-1;1}
suy ra x=0, -1

Vi du: Tim x nguyén dé biéu thirc nguyeén:
X% +4x+7 x%+7

a. A=——— b. B=
x+4 x+4
HD:
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a. Taco : x+4 i x+4, suy ra x(x+4) : x + 4, hay x*+4x : x+4 (1)

Dé A nguyén thi x*+4x+7 : x+4 (2) . Tur (1) (2) suy ra7 : x+4 .

X+4 -1 1 -7 7
X -5 -3 -11 3

b. x+4 i x+4, suy ra x(x+4) : x + 4, hay x*+4x : x+4 (1)

Pé B nguyén thi x?+7 : x+4 (2)

Tir (1) (2) suy ra (x*+4x)- (X*+7) i x+4

AX-T i X+4 =>4(x+4)-23 i x+4 =>23 i x+4

X+4 -1 1 -23 23
X -5 -3 -27 19

Véi cé4c biéu thirc c6 dang ax+bxy+cy=d ta lam nhw sau:
- Nhom cac hang tir chwra xy véi x (hoac y).
- Pit nhan tir chung va phan tich hang tir con lai theo hang tir trong ngoic dé dwa vé dang tich.

Vidu: Tim X, y nguyén sao cho: xy+3y-3x=-1

Giai:

y(x+3)-3x+1=0 (Nhom hang tir chira Xy vai hang tir chira y va dat nhéan tir chung lay )
y(x+3)-3(x+3)+10=0 ( phén tich -3x+1=-3x-9+10=-3(x+3)+10 )

(x+3)(y-3)=-10

Lap bang:
X+3 1 10 -1 -10 5 2 -5 -2
y+3 10 1 -10 -1 2 5 -2 -5
X -2 7 -4 -13 2 -1 -8 -5
Y 7 -2 -13 -4 -1 2 -5 -8

Véi cac biéu thirc co dang: g + 5 = ¢ tanhan quy dong dwa vé dang Ax+By+Cxy+D=0

Vi du: = + = = = (nhan quy ddng véi miu sé chung 12 3xy)
X y 3

3373; :Txy = % < 3x+3y-xy=0 ( bai toan quay vé dang ax+by+cxy+d=0)
& X(3-y)-3(3-y)+9=0 < (x-3)(3-y)=-9

Lap bang:

x-3 1 9 3 3
3y -9 1 3 -3
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4 -6
12 2
BAI TAP
NP, £ ~ 2 A~ .o -101 ,. ny K A
Bai 1: Tim so nguyén a d¢ so hitu ti x = 5 la mot so nguyén.
a+
3x—-8

Bai 2: Tim cac s6 nguyén x dé sé hiru ti t = la mot s6 nguyén.

Xx—=5

N . 0 A 5 2m+9 R a ISV L. .
Bai 3: Chung to so hiru ti x =———— la phén so toi gian, vai moim €N
14m + 62
Bai 4: Tim x dé céc biéu thuc sau nguyén
A:2x—1 : B=3x+4; :4—3x; :x2—3x+7 : :x2+1
x—1 x+1 2x+5 x—3 x—1

Bai 5: Tim cac sb X,y nguyén thoéa man:
a, Xy+2x+y=11 b, 9xy-6x+3y=6 c, 2Xy+2x-y=8 d, Xy-2x+4y=9

Dang 7: C&c bai toan tim x.

PP

- Quy dong khir mdu sé

- Chuyén cac sé hang chiza x vé mét vé, cac s hang tur do vé mét vé ( chuyén vé déi dau) roi tim x

Cha y: Mét tich bang 0 khi mot trong céc thira sé bang khong.

- Chi y cac bai toan nang cao: dang lity thira, dang gia tri tuyét déi, dang tong cac binh phuong bang 0, cac
bai toan tim x cé quy luat.

BAI TAP
Bai 1. Tim x, biét
a) X. 3 =i; b) 1§.x=§; C) x: 2 :—E; d)_—4:x=—2
7 21 9 9 5 16 7 5
Bai 2. Tim x, biét:
92,3 3. b 3, L 3
3 7 10 4 2 7
Bai 3. Tim X, biét:
8) Lxi3x=23. o) [ Zx-2|[Li2 k|0 o XE3 X406 X474
2 5 25 3 9N\2 7 2005 2004 2003
.. x+1 x+3 x+5 x+7 x+29 x+27 x+17 x+15
Bai 4: a) + = 4 b) _ _ _
65 63 61 59 31 33 43 45
xX+6 x+8 x+10 x+12 1909—x 1907—-x 1905-x 1903-x
C) + = + d) + + + +4=0
1999 1997 1995 1993 91 93 95 91
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x—-29 x-27 x-25 x-23 x-21 x-19
+ + + + + =

e =
) 1970 1972 1974 1976 1978 1980
x—1970 x-1972 x-1974 x-1976 x-1978 x—-1980
= + + + + +
29 27 25 23 21 19

HD:
(x+5 n 1) n (X+6 n 1) n (x+7 n 1) —0=> x+2010 n x+2010 +x+2010 — 0 =>x=-2010
2005 2004 2003 2005 2004 2003

Bai 5:Giai cac phuong trinh sau: (Bién doi ddc biét)

x+1 x+3 x+5 x+7
- = +

a) (HD: Cgng thém 1 vao cac hang tir)
35 33 31 29
py 210, x=8 X6 x4 x72 (HD: Trir di I vo cdc hang tir)
1994 1996 1998 2000 2002
x—2002 x-2000 x-1998 x-1996 x-—1994
= + + + +
2 4 6 8 10
x—1991 x-1993 x-1995 x-1997 x-1999
C) + + + + =
9 7 5 3 1
:x—9+x—7+x—5+x—3+ adel (HD: Tree di 1 vao cac hang ti)
1991 1993 1995 1997 1999
gy X283, xoT8 X007 X264, (Chay: 10=1+2+3+4)
15 13 11 9
e) Xl 2x-13 x-S 4x-27 (HD: Thém hodc bét 1 vao cac hang tir)
13 15 27 29

Dang 8: C4c bai toan tim x trong bét phwong trinh:

PP:

- Néu a.b>0 thi {Zig hodc {ng -Néua.bZOthi{Zig hoac{gfg;

- Néu a.b<0 thi {Zzg hodc {Z;g; -Né'ua.bSOthi{Zig hoéc{ng
i a s (a>0 . (a<0 . 1 a a=0 . (a0 .

-Neu;>0th| {b>0 hoac{b<0 ,-Neu;zo{b>0 hoac{b<0 X
i a a>0 . (a<0 ia a=>0 . a<o

- = . - < = =
Neub<0{b<0 hoac{b>0, Neub_o{b<0 hoac{b>0

Chu y: Dang toan a.b<0 c6 cach gidgi nhanh bang viéc ddnh gid. Hay xem Vi du c.
Vi du:
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X+5

a. (2x+4)(x-3)>0 b. — < 0 c. (x-2)(x+5)<0
HD:

2x+4>0 < (2x+4<0
a. (2x+4)(x-3)>0 suy ra { X — 3> 0 hoac { X —3<0

- {Zx > —4 hoiic {ZX <-4 _ {X > =2 hoiic {X < -2 =>x>3 hoic X<-2

x>3 <3 x>3 <3
X+5 x+5>0 L (x+5<0 _ x>-5_ . (x<-=5 A AL
b. — < 0 suyra {X_ 1<0 hoac{x_1 >0 ->{ <1 hoac{ <> 1 (khéng ton tai x)
=> -B<x<1
. n (x+5>0__(x>-5 __

C. (X-2)(x+5)<0. Vi x+5>%-2 nén (x-2)(x+5)<0 khi {X Tl { L, = Bx<2
BAI TAP:
Tim x biét:

a. (x-1)(x+4)>0 b. (3x-1)(2x+4)>0 c. (3-x)(x+1)<0

xX—1 2x—-1
d. (X-7)(3x+4)<0 e. - > 0 f. s 0

Dang 9: cac bai toan tinh téng theo quy luat:
Tinh téng day sé c6 cac sé6 hang cach nhau mét s6 khong doi:
PP:

; , i ’ N ,\/._ ~N d‘f\
- Tinh so cac so hang: M

khoang cach

) Téng _ (s0 cubi+so di\u).s()’ s6 hang
Vi dy: 1+2+3+........ +99 (khoang céch bang 2)

L. X 99-1 X
SO Cac so hang: —+ 1 = 50 s0 hang

Téng :(99+21).5o

Chuay:

A =1.3+2.4+3.5+...+(n-1)(n+1) =n/6 [ (n-1) .(2n+1) ]
A=12+23+34+..+(M-1)n = 2n.(n-1).(n+1)

A =1+2+3+...+(n-1)+n =n (n+1):2

A =123+2.3.4+3.45+..+(n-2)(n-1)n =¥ .(n-2)(n-1)n(n+1)

A = 1% +2% +3%+..4992 +100° = n(n+1)(2n+1):6

Tinh tong day sé A cd cac s6 hang ma sb dirng sau gap s6 dirng trweéc mét s6 khong doi n:
PP:

- Tinh A.n

- Tinh A.n-A réi suy ra tong A

Vidu: A= 2+2%+2% ... +2'% (& day n=2: sé dung sau gap sé dung trude 2 don vi)
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Tacod: 2.A=22+2% +2* .. +2'% (nhan 2 vé véi n=2)
2A-A=2%+2% +24 . 42190 (2+2%+23....42'%) (chay: 2A-A=A)
A=2""2
Tinh téng cac phan sé c6 tir s6 khong d6i, miu s 1 tich caa 2 s6 ¢ hiéu khong doi.
PP: Phan tich tiz s thanh hiéu 2 sé duwéi mau

2 2 2 2 3—-1 5-3 7—-5 99—-97
Vidu A=—+—+—+ ... =
1.3 3.5 5.7 97.99 1.3 3.5 5.7 97.99
1. 1,1 1 i _1r_,_1_098
1 3 3 57" 197 99 99 99
BAI TAP:
- r v v v T
199 199.198 198.197 197.196 =~ 32 2.1
-2 2 2 2 2
35 57 79 7 61.63 63.65
. . 1 1 1 1 1
Tim X, biét: —_—

x(x+D)  (x+D(x+2)  (x+2)(x+3) x_ 2010
Tinh téng cac phan sé co tir s6 khong d6i, miu sé 1a tich caa 3 s6 ¢ hiéu sé cudi trir sé6 dau khong
doi:
PP: Phan tich tiz s¢ thanh hiéu cua hai sé (s6 cudi — sé dau ) ¢ dudi mau

2 2 2
SpE ——F——F it —————
123 234 98.99.100
3-1 4-2 100-98 3 1 100 98
=+ ——+..t = - Font -
123 234 98.99.100 1.23 1.23 98.99.100 98.99.100
111 11 1 1

+ — - _
12 23 23 98.99. 99.100 1.2 99.100

BAI TAP

Bai 1:

A =1.3+2.4+3.5+...+99.101

A = 1.4+2.5+3.6+..499.102 (Hudng dan: thay thira sb 4, 5, 6.....102 bing (2+2), (3+2), (4+2)....(100 +2)

A = 4+124+24+40+...+19404+19800 (Hudng dan: Chia 2 vé cho 2)

A =1+ 3+ 6 +10 +...+4851+4950 (Nhan 2 vé vi 2)

A = 6+16+30+48+...+19600+19998 (Huéng dan: Chia 2 vé cho 2)

Bai 2:Tim gia tri caa x trong day tinh sau:
(X+2)+(X+12)+(x+42)+(x+47) = 655

Bai 3:

a) Tim x biét : x + (x+1) + (x+2) + (x+3) + ...+ (x+2009) = 2009.2010

b) Tinh M = 1.2+2.3+3.4+ ...+ 2009. 2010
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Bai 4:Cho A=3+3? +3°+3%+
Bai 5:ChoM=3+3% +3%+3%+..3%

a. M ¢4 chia hét cho 4, cho 12 khéng ? vi sa0?
Bai 6: Cho biéu thirc: M = 1 +3 + 3%+ 33+, ..+ 3184+ 3119
a) Thu gon biéu thirc M.

Website: tailieumontoan.com

Tim s tu nhién n biét raing 2A + 3 =3"
b.Tim sé ty nhién n biét ring 2M+3 = 3"

b) Biéu thac M c6 chia hét cho 5, cho 13 khdng? Vi sao?

Bai 7:
SUN SR S S=1+2+2% +...... + 21
10.11 11.12 12.13 99.100
1 1 1 4 4 4
S= —+—+—+........ + = —t— =
12 23 34 99.100 57 79 59.61
A= > + > + > +.nee S M—i0+il+i2 ..... %
11.16 16.21 21.26 61.66 3 3 3 3
1 1 1 2 2 2
ShE——+t——+....F Sp=——+ +o
1.23. 234 n(in+1)(n+2) 123 234 98.99.100
1 1 1
Sh= + + vt
1234 2345 n(in+21)(n+2)(n+3)
Bai 8:
a) A:i+ 3 + 3 +..+ 3 b) B = L + ! + L +..+ !
58 811 11.14 2006.2009 6.10 10.14 14.18 402.406
c)C= 10 + 10 + 10 +.t 10 d) D= 4 + 4 + 4 .ot 4
712 1217 17.22 502.507 8.13 13.18 18.23 253.258
Bai 9:
a)A=i+i L+...+ L b) B= ! + ! + ! +.o.t !
29 9.7 7.19 252.509 109 18.13 26.17 802.405
2 3 2 3 2 3
c)C=—-—— - +.ot -
47 59 710 9.13 301.304 401.405
d) (i+ 1 L 1 )1—3—5—7—...—49
49 914 14.19 44.49 89
Bai 10: Tim x
g X 1 1.1 1.5 i 4,4, 4 4 2
2008 10 15 21 120 8 x 59 913 13.17 4145 45
1 1 1 1 15
C) —+——+——+..+ =—
35 57 79 (2x+D(2x+3) 93
Bai 11: Chirng minh
1 1 1 1 n
Q) —+—+——+..+ =
25 58 811 (Bn-Y(Bn+2) 6n+4
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5 5 5 5 5n

b) + + +..+ =
3.7 711 11.15 (4n-1(@n+3) 4n+3
3 3 3 3 1
C) + + +..+ <=
9.14 14.19 19.24 (5n-1)(Bn+4) 15
Bai 12:Cho A= 4 + 4 .ot Chang minh: E<A<E
15.19 19.23 399.403 81 80

Bai 13: Cho S=— + — + — ..... + = Chirng minh S<4
Cme 2 3 1992 _ 1992 11 1
HD: 25=2 + 2—0 + ; . 51990 Suy ra 25-S=2 — 1991 + (2—0 + 2—1 vt W)

Bai 14: Cén bao nhiéu s6 hang cta tong S = 142+3+... & dugc mot s6 co ba chir s6 giéng nhau .

n(n+1)

HD: =111a =23.37.a (Vi aaa=111.a) nén n=37 hodc n+1=37 ta tim dwoc n=36.

CHUYEN DE I1: GIA TRI TUYET DOI

Kién thirc can nhé

Néu a>0=|a|=a

Néu a<0=laj=-a

Néu x-a > 0=>|x-a| = x-a

Néu x-a < 0=>[x-a| = a-x
Cha y: Gia tri tuyét déi caa moi sé déu khong &m  [a| >0 véi moia e R
* Hai s6 bang nhau hozc dbi nhau thi c¢d gia tri tuyét ddi bang nhau, va nguoc lai hai sé cd gia tri tuyét ddi
bang nhau thi ching 12 hai s bang nhau hoic déi nhau.

a=>b
=l |
a=-b
* Moi s6 déu 16n hon hodc bang d6i cua gia tri tuyét dbi cua né va ddéng thoi nho hon hodc bang gia tri
tuyét ddi cua no.
~laj<a<|a va -|a|=a<a<0a=lal<a>0
* Trong hai s6 am s4 nao nhé hon thi c6 gia tri tuyét déi Ion hon. a <b < 0= [a| > |b|
* Trong hai s6 duong s nao nhé hon thi c6 gié trj tuyét déi nhé hon 0 <a <b = |a| < b)
* Gid tri tuyét dbi cua mot tich bang tich c4c gia tri tuyét ddi. [ab| =|al|b|
Sy e 2k n 3 ., N A K a

* Gia tri tuyét doi cua mét thuong bang thuong hai gia tri tuyét doi. ‘%‘ = H
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* Binh phuong cua gié tri tuyét doi caa mot s6 bang binh phuwong sé do. |a|2 =a’
* Tong hai gia tri tuyét ddi caa hai sé ludn Ién hon hodc bang gia tri tuyét déi caa hai s6, diu bang xay ra
khi va chi khi hai sb cung dau.
la|+|b| > |a+b| va [a|+|o| =|a+b| < ab>0
CAC DANG TOAN
Dang 1: Tinh gia tri biéu thirc va rut gen biéu thirc
Bai 1: Tinh | x|, biét:

a)x:i. b)x:_—13. c) x =-15,08
17 161
Bai2.T|'nh:a)_—6+—i—i. b)g—_§+i+§
25 50 |25 9 5 |19 |5

Bai 3: Tinh gi4 tri caa biéu thuc:

) M=a+2b-bvoi [a =15 =075 b)N =32 vii la| 156 =075

Bai 4: Tinh gi4 tri caa biéu thuc:

d) A=2x+2xy—y Véi [x| =25y =" b) B=3a-3ab—b vi[a] = i =025

0 C=2-3 ysifa|=Z:b|=0,25 d) D=3x —2x+1 voi |[x ==
3 Db 3 2

Bai 5: Tinh gi4 tri cua c4c biéu thuc:

8) A=6x"—3x +2x|+4 Vi x=?2 b) B =2}~ 3y véi x:%;y:—3

1

X2 —7x+1 ..
AR AR V7 'T |x|:—
2

¢) C=2x-2-31-x voix=4 d)D=>

3x-1
Bai 6: Rut gon biéu thirc sau véi 35< x < 41
a) A=|x—35+[41-x| b) B=|-x+35+|x—4]
Bai 7: Rat gon biéu thuc sau khi x < - 1,3:
a) A=|x+13—|x-25 b) B=|-x-13+|x—-25]
Bai 8: Rut gon biéu thuc:

1 2
a) A=|x—25/+|x-17 b) B =[x+~ c) C=|x+1+|x-3
A o 2 . —3 1
Bai 9: Rat gon biéu thirc khi — < x < -
a)A:x—l—x+§+ﬂ b)B:—x+l+—x—§—E
7 5 5 7 5/ 6
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Bai 10: Rat gon biéu thic:

a) A=[x+08—[x—25+19 véix<-08 b) B=|x-41+

2
X——{—9 véi g3xs4,1
3 3

1

1
+x—2|+8= vsi T<x<2l  4)D=
5 "5 5

C) Cz‘Zl—x
5

1
X__
5

x+3E +|x|—3l Véi x>0
2 2

Dang 2:|A(x)| =k ( Trong @6 A(x) Ia biéu thitc chira x, k 1a mdt sb cho truéc)

PP:

- Néu k < 0 thi khdng c6 gia tri ndo cua x thod mdan dang thirc( Vi gia tri tuyér doi cua moi sé déu khdng
am)

-Néuk =0thitaco |A(X)|=0= A(x) =0

. o A(x) =k
- Neu k > 0 thi ta co: |A(X)| =k =
A(x) = -k
BAI TAP
Bai 1: Tim X, biét;
115 1 1 1 1 3 7
2x -5/ =4 b) =—1>-2X== S—x+3== d)S—2x+1=—
) [2x-5 )3 ‘4 i 93773 D Rty
Bai 2: Tim X, biét;
4
a) 22x-3 =% b) 75-35-2X =-4,5 c) X +E‘ ~|-3,75 =]~ 215
Bai 3: Tim X, biét;
2 1 .1
a) 03x-1+1=5  b)~-1-3 0 - x++==35 d) [x—3 =22
2 5 3
Bai 4: Tim x, biét;
a) X+£—§:5% b)z_éx_iz__s )§+EX—§ :Z d) 4,5—§£X+§ :E
4/ 4 2 4] |4 2 5| 4| 4 412 3| 6
Bai 5: Tim X, biét;
a) 6,5—g:x+3=2 b)E+§:4x—£:Z c)E—2,5:§x+1=3 d)£+3:5—2=6
4 3 4 2 5 2 4 4 2 5 4 3
Dang 3: |A(x)| = [B(x)|( Trong dé A(x) va B(x) Ia hai biéu thitc chira x )
PP:

A(x) = B(x)

) ] Lol a=b L B
Vén dung tinh chat: |a| = o] < L‘ __p e |A()| = [B(¥)| = {A(x) _ _B(x)

BAI TAP
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Bai 1: Tim X, biét:
a) px—4=[x+2  b) [2x-3-3x+2|=0 ¢)[2+3x =[4x—3 d) [7x+1-[5x+6/=0
Bai 2: Tim x, biét:

5 .3

2| 4. 1

3 1 5 7 7
Cx+2=ax-1 b) Ex——-=x+2=0¢) |=X+=|==x-={d
R LA )‘4 2‘ ‘8 5‘ 915" 373 4‘)

Dang 4:|A(x)| = B(x) ( Trong d6 A(x) vi B(x) 14 hai biéu thirc chira x )

a) - =0

7 5
8 6

ix+5
2

Céch 1: Diéu kién: B(x) >0 (*)
A(X) = B(x)

( tim x rdi ddi chiéu gia tri x tim dwoc véi diéu kién (*)
A(x) =-B(x)

(1) Tro thanh |A(x)| = |B(X)| = [
sau d6 két luan.
* C4ch 2: Chia khoang xét diéu kién bo dau gia tri tuyét doi:
|A(X)| = B(x) (1)
e NéuA(x) =0 thi (1) tro thanh: A(x) = B(x) ( Di chiéu gia tri x tim dwoc véi diéu kién )
e Néu A (x) <0 thi (1) tro thanh: - A(x) = B(x) ( Ddi chiéu gia trj x tim duoc véi diéu kién )
BAI TAP
Bai 1: Tim x, biét:

a) %X:3—2X b) [x-1=3x+2  ¢) [5X=x-12 d) [7—x/=5x+1
Bai 2: Tim x, biét:
a) |9+ X| = 2x b) [pX|—3x =2 o) [x+6-9=2x  d)[2x-3+x=21

Bai 3: Tim X, biét:
a) |4+ 2x = —4x b) Bx—1+2=x ¢ [x+15+1=3x d) [2x—-5+x=2
Bai 4: Tim X, biét:

a) 2x—-5=x+1  b)Bx-2/-1=x  ¢) Bx-7|=2x+1 d) [2x-1+1=x
Bai 5: Tim x, biét:

a) [x-5+5=x  b)[x+7

-x=7  ¢)Bx-4+4=3x d)|7-2x+7=2x

Dang 5: Pang thirc chira nhiéu diu gia tri tuyét doi:

* PP: Lap bang xét diéu kién bo dau gia trj tuyét doi:

|A(X)| +[B(x)| + [C(x)| = m Can ctr bang trén xét ting khoang giai bai toan ( Ddi chiéu diéu kién twong tng )
BAI TAP

Bai 1: Tim x, biét:

a) 43x—1+|x|-2x -5+ 7|x—3 =12 b) 3|x+4|—[2x +1-5x+3 +[x-9 =5
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x+3l
2

+x—1+8£:1,2 d) 2
5/ 5

c)
Bai 2: Tim x, biét:
a) [2x—6)+|x+3 =8

Zl—x
5

+|x|—3£=‘21—x
2 5

0 x5+ -3=9 o) =2+ [x-g+x—4=2
o) [X+1+[x-2+[x+3 =6 f) 2x+2/+[4—x =11

Bai 3: Tim x, biét:

2) |x—2|+|x—3|+|2x—8|=9 b) 3x|x+]1—2x|x+2|=12
&) [x-1+3x—3-2x—2/ =4 d) |[x+5/—[1-2x = x

e) [x|—[2x+3 =x-1 f) [ +1—x =x+|x—-3

Bai 4: Tim x, biét:

a) [x—2/+[x-5/=3 b) [x -3+ |x+5/=8

c) [2x-1+[2x-5/=4 d) [x -3+ [3x +4| = [2x+1

Dang 6:: Xét diéu kién bé dau gia tri tuyét déi hang loat:
[AX)|+ BX)|+|C(x)|=D(x) (1)

Piéu kién: D(x) = 0 kéo theo A(x) = 0;B(x) = 0;C(x) =0
Do vay (1) trd thanh: A(x) + B(x) + C(x) = D(x)

Vidu: [X+1+[x+2|+[x+3 = 4x

Diéu kién: 4x>0, suy ra x>0.

Vo1 x>0 thi x+1>0; x+2>0; x+3>0

Nen |X+1/+ [x+ 2+ |x+3 = 4x khi (x+1)+(x+2)+(x+3)=4x, suy ra x=6 (thoa man dk) .Vay x=6.

BAI TAP
Bai 1: Tim x, biét:
a) [X+1+|x+2|+|x+3 = 4x b) [x+1 +[x+ 2+ |x + 3 +[x + 4 =5x-1
c) [x+2+ x+§ + x+% = 4x d) [x+11+ |x + 1,2+ |x + 1,3 +|x +1,4| = 5x
Bai 2: Tim x, biét:
a) X+ L +{X+ 2|+ X+ |+...+ x+@=101x

101 101] 101] 101
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b) x+i+x+i+x+i+...+ X+ ‘leOx
1.2 2.3 3.4 99.100
C) x+i+x+i+x+i +..+ x+i‘:50x
1.3 3.5 5.7 97.99
! | L
d) [X+—|+X+—+ X+ +o X+ =101x
15 5.9] 9.13| 397.401
Dang 7: Dang hdn hop:
Bai 1: Tim x, biét:
1 4 ) 1
2x =1+ == X“+2X——=X"+2 2Ix + = = x?
a) [2x ]4+2‘ . b) 2” c) [x3[x + ‘ X
Bai 2: Tim x, biét:
1 1 1 3| 2 3
2x-1->|== V| 2 3l
a)|x 1| 2‘ c b) 2x+1 4‘ c C) [X|X +4H X
Bai 3: Tim x, biét:
a) xx2—§H:x b) (x+1]2x—§H:2x—§ c) X—EZX—EHZZX—E
4 2 4 2 4 4
Bai 4: Tim x, biét:
8) |2x-3-x+1=4x-1 b) |x-1-1=2 c) [3x+1/ -5 =2
Dang 8: |A|+|B|=0
PP: Céch giai chung: |A|+|B|=0
BI: ddnh gid: A4/ 0 = |A+|B|=0
B|>0
B2: Kheng dinh: |Al+[B|=0 < {BAfg
BAI TAP
Bai 1: Tim X, y thoa man:
2 Bx—d+By+5=0  b) |x—y|+y+%‘:0 & B—2x+l4y+5/=0
Bai 2: Tim X, y thoa man:
3 2 2 1 3 11 23
5- x+1Zy-3=0 5o+ 22y =0 _ 2008/ =0
2) B XY ‘ b)‘3 2+4x+‘ 17+13y‘ c) [x—2007|+|y |

* Chu y1: Bai toan c6 thé cho dwéi dang |A| + |B| <0 nhung két qua khong thay doi
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* Cach giai: |A|+|B|<0 (1)
|Al>0
B|[>0 (2
ool = elElz0 @
T (1) va (2) = |A+[B[=0 @{BAfg
Bai 3: Tim X, y thoa man:
a) px+1+[6y-8<0 b) [x+2y|+[4y -3[<0 c) [x-y+2+2y+1<0
Bai 4: Tim x, y thoa man:
a) 12x+8+[1ly-5<0  b) Bx+2y|+[dy-1<0 c) [x+y—7|+|xy-10/<0
* Cha y 2: Do tinh chat khdng am cia gia tri tuyét ddi twong tw nhw tinh chit khong m cia luy thira
bac chin nén cd thé két hop hai kién thire ta ciing ¢ cac bai twong tu.
Bai 5: Tim X, y thoa man ding thic:

a) |X—y—2|+|y+3|=0 b) |X_3Y|2007+|y+4|2008=0
c) (x+y)™ +2007)y-1=0 d) |x -y —5/+2007(y -3/ =0
Bai 6: Tim X, y thoa man :
a) (x=1)° +(y+3) =0 b) 2(x-5)" +52y -7 =0
2004 1 1 2000
c) 3(x-2y) +4y+5:0 d) |x+3y—]4+[2y—§J =0
Bai 7: Tim x, y thoa man:
7
a) |x —2007| +|y — 2008 < 0 b) 3|x—y|5+10y+§ <0
2006
0) E(E —ij 220074 8 d) 2007[2x -y +2008)y -4 <0
2\4” 2 2008|5° 25

Dang 9:|A|+|B| =|A+ B|

* PP: Sir dung tinh chit: |a+ |b| >[a+b| Tir dé ta ¢6: [a|+|b|=|a+b| < ab>0

Bai 1: Tim X, biét:

a) [x+5/+3—x =8 b) [x—2|+|x—5/=3 c) [3x—5/+[3x+1 =6

d) 2x—3+[2x+5 =11 e) [x+{+[2x-3=[3x-2  f) [x-3+[5-x+2x -4 =2
Bai 2: Tim x, biét:

a) [x—4|+[x—6/=2 b) [x+1|+|x+5 =4 c) Bx+7]+32-x/=13
d) px+1+[3-2X=[4+3x e) [x+2+[3x-1+[x-1=3 f) [x—2/+|x-7|=4
Lién hé file word todn zalo: 039.373.2038



Phwong phdp gidi todn Pai so 7 Website: tailieumontoan.com
Bai 3: Tim x, y thoa man :
a) (x—=1+(y+3)*=0
Bai 4: Tim X, y thoa man:
a) [x-2007|+|y-2008|<0
b) |x+5[+|3-x|=8
Dang 10: [f(x)]>a (1)
PP:
- Néua<0: (1) luén ding véi moi x
- Néu a>0: (1) suy ra f(x)>a hogc f(x)<-a.
- Néu a=0(1) suy ra f(x)=0
Vi du:
BAI TAP:
Tim X nguyén sao cho
X-2>6 ; [3x+1>5 ; [x+1>-6
Dang 11: Tim x sao cho [f(x)|<a
PP :
- Néu a<0: khdng ton tai x
- Néu a>0 thi [f(x)]<a khi-a<f(x)<a. Tir &6 tim dioC X.
- Néua=0 suy ra f(x)=0
BAI TAP:
Tim X nguyén sao cho:
[X-2|<6 ; [3x+1|<5 5 [x+1]<-6 ; 3<|x+2|<5
Dang 12: Tim ciip gid tri ( X; y ) nguyén thoa man ding thirc chira dau gia tri tuyét ddi:
Néu: [A/+|B|=m véi m>0
* Cach giai:
*Néum =0thitaco |A+[B[=0 @{gig

* Néu m > 0 ta giai nhu sau:

|A+[B[=m (1)

Do |A >0 nén tir (1) taco: 0<|B|<m tir d6 tim gié tri cua |B| va |Al twong tng .
Bai 1: Tim cap sé nguyén ( x, y) thoa man:

a) [x—2007|+|x—2008 =0 b) [x-y—-2/+|y+3=0  c¢) (x+y)+2y-1=0
Bai 2: Tim cap s6 nguyén ( X, y) thoa man:

a) [x—3y[" +|y+4/=0 b) [x—y-5+(y-3)'=0 c¢) |[x+3y-1+3y+2/=0
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Bai 3: Tim cap sé nguyén (x, y ) thoa man:

a) [x+4+|y-2/=3 b) [2x+1+|y-1=4¢) Bx|+|y+5=5 d) px+[2y+3=

Bai 4: Tim cap sé nguyén (X, y ) thoa man:

a) 3x—5/+|y+4=5 b)[x+6[+42y-1=12 c) 2Bx|+|y+3=10 d) 34ax+|y+3=21

Bai 5: Tim cac cap sé nguyén (x, y ) thoa man:

a) y> =3-|2x-3 b) y? =5-|x-1 c) 2y? =3-|x+4 d) 3y? =12-[x -2

Dang 13: |A|+[B|<m véim>0.

* Cach giai: Banh gia

|A+[B|<m (1)

}:|A|+|B|20 2)

Tir (1) va (2) = 0 <|A/+|B| < m tir do giai bai toan |A|+|B|=k nhu dang 1 vsi 0<k <m

|A|=0
B|>0

Bai 1: Tim cac cap sé nguyén (x, y ) thoa man:
a) [X|+|y|<3 b) [x+5]+|y—-2/<4 c) 2x+1+|y—4/<3d) [3x+|y+5 <4
Bai 2: Tim cac cap sé nguyén (x, y) thoa man:

a) 5x+1+|y—2/<7 b) 42x+5/+|y+3<5 c) Ix+5+2y-1<

Dang 14:Sir dung bt ding thic: [a + [o| >|a+b| xét khodng gia tri ciia 4n sb.
Bai 1: Tim cac s6 nguyén x thoa man:
a) [x-1+[4-X=3 b) [x+2/+[x=3=5 c) [x+1+|x-6=7 d) [2x+5+[2x-3 =

Bai 2: Tim cac cap sé nguyén ( x, y) thoa mén ddng thoi cac diéu kién sau.

Q)X +y=4va|x+2+|y|=6 b) X +y =4 va [2x+1+|y - X| =
c)x-y=3va|x+|y|=3 d)x-2y=5va |[x+2y-1=6

Bai 3: Tim cac cap sé nguyén (X, y) thoa man ddng thoi:
a)x+y=5va|x+l+|y-2/=4 b)x-y=3va|x—6/+|y-1=4
C)x-y=2va[2x+1+[2y +1 =4 d)2x +y=3va [2x+3+|y+2| =

Bai 4[] Tim cac sé nguyén x thoa man:

a) (x+2)x-3)<0 b) (2x-1)2x-5)<0¢c) (3-2x)x+2)>0 d) (3x+1)5-2x)>0
Bai 5: Tim cac cap sé nguyén (x, y) thoa man:

a) (2-x)x+1)=]y+1 b) (x+3)1-x)=|y] ©) (x—=2)5-x)=|2y+1+2

Bai 6: Tim céc cap s6 nguyén ( X, y ) thoa man:
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a) (x+1)3-x)=2y|+1

b) (x—2)5-x)-

Website: tailieumontoan.com

y+1=1 ¢) (x-3)x-5)+]y-2/=0

Dang 15:Sir dung phwong phap déi lap hai vé cia dang thic:

* Cach giai: Tim x, y thoa mén dang thic: A = B

banh gia: A>m (1)
banh gia: B<m 2
A=m
Tr(l)va(2)tacdé: A=B <:>{
B=m
Bai 1: Tim cac cap s6 nguyén ( x, y ) thoa man:

a) [x+2+|x-1=3-(y+2)

10
(2x-6) +2
Bai 2: Tim cac cap sé nguyén (x, y) thoa man:
8
2(y-5)*+2
12
c) |3x+1]+[3x —5| =m
Bai 3: Tim cac cap sé nguyén (x, y ) thoa man:
14
y=4+y-3
6
|y —2008] + 2
Dang 16: Tim GTLN-GTNN caa biéu thirc
PP:

c) [y+3+5=

a) [2x+3+[2x -1 =

a) (x+y-2)7+7=

c) 2x—2007|+3=

12
b)|X—5|+|1—X|:W
6
d)|X—1|+|3—X|:m
16
b)|X+3|+|X—1|:m
10
d)|X_2y—l|+5:m
. 20
b) (x+2) +4_—3|y+2|+5
30
d)|X+y+2|+5=m

- Tim gia tri nhé nhit a+b. |f(x)|+c. g%(x) ( Chi c6 GTNN)
Vi |f(x)]>0; g%(x) = 0 nén a+b. |f(x)|+c. g?(x) =a. Vay GTNN la a khi f(x)=0 va g(x)=0 suy ra x

d (
a-b.|f(x)|-cg?(x)"

- Tim gia tri nhé nhét

Vi |f(x)|>0; g%(x) = 0 nén a-b. |f(x)|-c. g*(x) <a.,suy ra d >

f(x)=0va g(x)=0suy rax.

Chi c6 GTNN)

d
a-b.|f(x)|-cg?(x) ~ a

- Vay GTNN [a . khi

- Tim gia tri I6n nhat a-b. | f(x)|-c. g%(x)( Chi c6 GTLN)
Vi |f(x)]>0; g%(x) = 0 nén a-b.|f(x)|-c. g*(x) <a.Vay GTLN la akhi f(x)=0 va g(x)=0 suy ra x.

d (
a+b.|f(0)|+c.g?(x)"

- Tim gié tri I6n nhat
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N . A2 A 2 d E n \ g .
Vi |f(x)]>0; g“(x) = 0nén a+b.|f(x)|+c. g (x) =a., suy ra YT TRy <. Vay GTLN la—. khi

f(x)=0va g(x)=0suy rax.

BAI TAP
Bai 1: Tim gia tri I6n nhit caa cac biéu thirc:
a) A=05-|x-35 b) B=—1,4-x-2 c)C:§MiE- d)D:EMiE
4x| -5 3x|-1
e) E=55-[2x-15) f) F=-102-3x-14 9) G=4-px-2-By+12
L L — i) 1 =—-25-x-58 k) K=10-4[x -2
25— X +58
1 12
) L=5-|2x-1 m)l\/l..-|;j2—|:g n)r\|_2+§|;:€|:z
Bai 2: Tim gi4 tri nhé nhat caa biéu thic:
a) A=17+[34-X b) B=|x+28-35 c) C=37+[43-X
d) D =[3x+8,4|-14,2 e) E=|4x-3+[py+75+175  f) F=|25-X+58
9) G=[49+x-28 h)H:x—§+% i) 1 =15+[19-x
k) K =23x-1-4 ) L=23x—-2+1 m) M =51-4x/-1
Bai 3: Tim gi4 tri 16n nhat caa biéu thic:
15 -1 21 4 20
=5+ B=——4+_ =& =
3 A 5+4px+ﬂ+3 R +&wx—2q+7 KA 5+Bx+ﬂ+My+ﬂ+8
24 2 21
d) D=-6 E==
) +2|x—2y|+3|2x+]4+6 ? 3+(x+3y)2+5|x+5|+14
Bai 4: Tim gia tri I6n nhat caa biéu thirc:
ay o A7x+9+1l by g2y +7+13 o ¢ Box+1+32
|7x+5+4 22y +7|+6 6)x+1+8

Bai 5: Tim gia tri nhé nhat ciaa biéu thirc:
8 6 14 15 28

a) A=5+————— pB=—-—" () C=—nr
45X + 7| + 24 5 56y-8+35 12 3x—3y|+[2x+1+35
Bai 6: Tim gia tri nhé nhat ciaa biéu thirc:
a)A:2ﬂ4x+6|+33 b) B:6|y+5|+14 C)C=—15|x+7|—68
34x+6|+5 2y +5|+14 3x+7|+12
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Sir dung bat dang thirc

a+b| >

a+h|
Bai 1: Tim gia tri nho nhat caa biéu thic:
a) A=|x+2+[x-3 b) B=[2x—4|+[2x+5 c) C=3x-2+[3x+]
Bai 2: Tim gi4 tri nho nhat caa biéu thuc:
a) A=|x+5+[x+1+4 b) B=[3x—7|+[3x+2+8 c¢) C=4x+3+[4x—5+12
Bai 3: Tim gia tri nho nhat caa biéu thic:
a) A=|x+3+[2x—5/+|x—7| b) B=|x+1+3x—4|+|x-1+5
c) C =|x+2/+4[2x—5/+|x-3| d) D =|x+3+56x+1+|x-1+3
Bai 4: Cho x +y = 5 tim gia trj nho nhét cua biéu thic:
A=|x+1+]y-2
Bai 5: Cho x — y = 3, tim gid tri caa biéu thac:
B=|x—6]+|y+]
Bai 6: Cho x — y = 2 tim gié tri nho nhat cua biéu thuc:
C=[2x+1+|2y +]
Bai 7: Cho 2x+y = 3 tim gi4 tri nho nhét cua biéu thac: D =[2x+3/+|y +2|+2
CHUYEN PE III: LUY THUA
Céc codng thuc:

1. a"= a.a..a 7 (3p _a"
n thua so b _bn
2.a"=1va=0 8 (a™"=(")"=a™"
a1 B
3 a“=;; 9. ¥a" =Wa)" =a"
4. am.a" =a™" 10. Y¥/a ="¥a
Q™ _ _m
5.—n=amn 1la H:Lmz 1
a m  nom
an
n_ _npn
6. (a.b) =a".b — |a, voi n=2k+1
12. va'© =
la| voi n=2k

CAC DANG TOAN:

Dang 1: Tinh gi4 tri biéu thirc

BAI TAP:
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Bai 1: Tinh gia tri cac biéu thirc sau

o =TT vl et

Bai 2: Viét cac biéu thirc sau dudi dang liy thira

a) 9.32.i.27 d) 4.32 (23.ij
81 16
1 2°4.32
c) 3'3°: — d) ———
27 (-2)°.2°
Bai 3: Tinh hop ly
2) (0,25)" .32 b) (-0,125)" 80°
82.4° g1+.3"
T Py
1 1 6 2 A4
3. — .81~ 4° 256°.2
R TR K
 4°.9°+6°120 42257 +32.125

g)A= h)B =

8".3” —6" 23.5°

Dang 2: C4c bai toan tim x

PP: Cdn duwa vé cung s6 mii hodc ciing co s6. Chii ¥ liy thira mii chdn ta phdi chia 2 trieong hop, mii Ié chi
cd mét truong hop.

Chuy:

a’"=b*" thi a=b hogc a=-b

a”"=a’" thi a=0, 1,-1

Vidu: a, x® =-27=(-3)° b, (2x-1)*=8=2° c, (2x-3)2=9=3

BAI TAP:

Bai 1: Tim x biét

a) (x-1)}=27:b) X* +x =0; c) (2x + 1)* = 25; c) (2x - 3)> = 36; e) 5**? = 625;
d) (x -1)**2 = (x -1y &) (2x - 1)° = -8. 2345 303

46 81012 62 64
Bai 2: Tim s6 nguyén duong n biét:
a) 32 < 2"< 128; b) 2.16 >2"> 4; ) 9.27 < 3" < 243.

d) %.3“.3“+l =9" g %.2” +4.2"=9.2° f) 5°.25"=5%"
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Bai 3: Tim x biét

HES I R B CH

a)| = | .Xx=|= )| —— | X=— )| X——=| =—

5 7 3 81 2 27
1) 16 . .

d) (x+2J =51 e) X 27 f) 2x-1)°=8

g) (x —2)> =16 h) (2x-3)*=9

Bai 4: Tim s6 hiu ti biét : (3y- 1) =3y-1)®

Bai5:Timx,y: (3x - 5) + 2y + 1)< 0

Bai 6 :

a. 9.27" =3 b. (2°:4).2"=4

c. 32343 =3 d 2t.2"+4.2"=9.2°

e. 1255 > 5"> 5.25 f. (") =n

g. 243 > 3"> 927 h. 2™3.2" =32

Bai 7: Tim s6 tu nhién n biét
Q) 254=128  b)2%15=17 ) 3+25=26.2°+2.3°  d)27.3*=243
e) 49.7%=2401 ¢) 3*.3*=3’
Bai 8.Timx, y a. 2.3 =12  ph 10°:% =20
Bai 9. Timn
a. 4. 25M< 2" 5"< 20'? 51
b. 4° +4° +4° +4° .65 +6°+6°+6°+6° +6° _on
P+3°+3° 2°+2°
Dang 3: Cé&c bai toan so sanh:

PP: Ta duwa vé cing co s6 roi so sanh s6 mil, hodc dira vé CUNg S6 mii roi so sanh co sé. Cha'y, véi cac so

nam tir 0 dén 1, liy thira cang lon thi gid tri cang nhd. Vi du: (%)5 < (%)3

Cung co s6 Cung sé mii
Vii m>n>0 Viin eN”
NOu x> 1 thx x™ > x" NOu x>y > 0 thx x" >y"
x =1thx x"=x" X>Y e X2 syt
O0<x<1 thx x"<x" X > |y < x>y
(=X)2" = X"
(—x)2ML = —x2

BAI TAP
Bai 1: So sanh cac Ity thura sau
a) 321 va 231 b) 2300 va 3200
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9.5 1013 133 8 (N7 5\5 08 (2)7
c)32°va 18 (2) va (2) (4) va (4)
Bai 2: So sanh
a) 99 va 9999'° b) 3t va 2% c) 2% + 3% + 4% y3 3.24%

Bai 3: a, 333'"va 333%°
b, 2007° va 2008*
¢, (2008-2007)%°%° va (1998 - 1997)*%

Bai 4:
a, 23003 3200 e, 99%%a 9999%°
b 3500Va 7300 f 111979Va 371320
c, 8°va3.4’ g, 10'%a 48.50°
d, 202%%ya 303%2 h, 1990% + 1990 °va 1991%°

Bai 5: a) Tinh tdng S,=1+a+a’+a’.....+a
b) Ap dung tinh céc tong sau:

A=1+3+3*+..4+3
B=1+2+2%+...42"%
C=T+T"+T+. . +7"+7"
Bai 6: Chung to rang cac tong sau dugc viét dudi dang mot s6 chinh phuong
M =1*+2°
N=1+2°+3
P=1+2°+3"+4°
Q=+2°+3+4+5°
Bai 7: Viét téng sau dudi dang mot ldy thira cua 2
T=2+2%+2%+...42%%
Bai 8: So sanh
A)A=1+2+2"+..+2"%vaB =2"" -1
b)P =1+3+3% +...+3**vaz*™
C)E =1+ X+ X +...+ X" VaF = x*(x e N¥)
Bai 9: Tim s6 du khi chia A cho 7 biét ring
T=2+22+2%4..42%00 4 2%
Bai 10: Tim
a) S6 ty nhién n biét
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2.P+3=3"

P=3+3*+..4+3%

b) Chirsé tan cung coa A biét A=1+2+22 +...+ 2%

Dang 4: Céc bai toan ching minh chia hét:
PP: - Ta nhdm cac hang tir dé xudt hién thira sé chia hét hodc ding cdc phwong phdp tinh tong va xét chi
s6 tdn cing roi chi ra chia hét.
- Chay khi nhém céc sé hang, ta thuwong nhom 2 hay 3 sé hang lién ké, hogc nhém cach quéang.
- Surdung tinh chat 8" -b" : (a-b); a” +b" i (a+b)

BAI TAP:
Bai 1: : Chitng minh ring

a) 2010 + 2010% chia hét cho 2011

b) 399+ 31998 _ 31992 chjg hét cho 11

c) 42 +32°-8°chiahétcho5
Bai 2:
ChoM=3+3% +32+3%+ .30
M c6 chia hét cho 4, cho 12 khdng ? vi sa0?
N =1+3+ 3%+ 3%+, .+ 31184 3119
N c6 chia hét cho 5, cho 13 khong? Vi sao?
Bai 3: Ching minh

a, A=10"% +125 : 45

b, B = 52008 + 52007 + 520065 31

¢, M=8° +2%: 17

d, H=2313°.299-313%.36: 7
Bai4:Cho A=2+22+2%+.. .. .+2%

Chang minh:  A:3, A:7, A5

Bai 5:
a, D=3+32+3%+3"+...... +3%97: 13
b, E=7" + 72+ 7% + 7" +...+ 7" + 7% 400
Bai 6: Chirng minh rang cac tong (hiéu) sau chia hét cho 10
a) 481n+19991999 b) 162001_82000 C) 192005+112004
d) g102_o102 e)l75 +244.13% f) 192004_51000
Bai 7: Chang minh rang sé sau 1a mot sb tu nhién:

1 2005 94
A = — (72004 — 3927
10
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3
B = 75 (20032 — 19971%7)

1
C = — (1997200
10 (

4_2 006 4_1998

— 199319941777

Bai 8: Céc tong sau c6 1a sé chinh phuong khong?
a) 10°+8 b) 100!+7 c) 10'%+10°°+1
Bai 9: chung to rang

a) A=3+3%+3%+....3%2%7: 13

b) B= 7+7°+7%+...7"" : 400

Bai 10: Ching to rang:

a)
b)
c)
d)
e)

g8'-218 14
122™1+11™2: 133
817-27°-913: 405
10°-57: 59
10%+8: 72

Dang 5: Tim chir s6 tin cung ciia mét gia tri lity thira

* Phwong phap : can nam dugc mot s6 nhan xét sau :

+) Tat ca cac s6 co chir s6 tan ciing 1a: 0; 1; 5; 6 nang Ién liiy thira nao ( khac 0) ciing c¢6 chit s6 tan

cung 1a chinh nhiing s6 d6 .

+) B¢ tim chit s tdn cung ctia mot so ta thuong dua vé dang cac so ¢o chir so tan cung la mot trong Cac

chir s0 do .

+) Luu ¥ : nhitng s6 co chir sd tan cing 1a 4 nang 1én lity thira bac chin s& c¢6 chit s6 tan cung 13 6 va

nang 1én lity thira bac 1é s& c6 chir s6 tan cung 1 4 .

nhiing s0 c6 chir s tan cung 1a 9 nang 1én iy thtra bac chan s€ c6 chir s6 tan cung 1a 1 va

nang 1én lity thira bac 1é s& c6 chit s6 tin cung 13 9
+) Chiy: 2°=16 7*=2401 3'=81

Website: tailieumontoan.com

Vidu: Tim chif s tan cing cua cac sb : 2000%°% | 1111%°% 98765 | 20461912 .

Dua vao nhirng nhan xét trén hoc sinh c6 thé dé dang tim dugc dap an :

20007 ¢4 chir s6 tan cung 1a chit s6 0
11117%% ¢4 chir s6 tan cing 1a chir s6 1
98765%%! ¢¢ chir sb tan cung 1a chir s6 5

2046%1%2 ¢6 chir s6 tan cung la chir s6 6.

BAI TAP :

Bail:

Tim chir s0 tdn cung cua cac so sau :
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20072008 1358208 93956 5o3 90208 932005 999, 4567 9% gl975 907207 10231024,
Huréng dan : Pua céc lity thira trén vé dang cac lily thira ctia s6 ¢6 chir sé tin cing 1a: 0;1;5;6
Bai 2: Tim chir sb tan cung cua tong
a)A=5+5"+5>+..+5%
b)B=3"+3"+3"+...+3%
C)C=2+2"+2+..+2'°

CHUYEN PE IV: Ti LE THUC

Kién thirc can nhé: T@ 10 thac lu ®Yang thac cfia hai t@ sé b»ng nhau. % :ghoﬁEc a:b=c:d(ab,cde

Q; b,d=0)
C,csé adlungotitd.
b,c Iy ngoti t@ .

Tu ty 1€ thuc %z% suyraa.d=bh.c

Tur ding thic a.d = b.c véi a, b, ¢, d # 0 cho ta cac ty I¢ thuec:

acabdcdb
b d'c d b a ¢ a
Tl‘xt}”zléthl’xcgzﬁsuyracact}”zléthﬁ:c:3:2,9:3,9:R
b d c d b a c a
Tinh chit caa day ty Ié thirc bang nhau:
a ¢ a a+c a-c
Tu ty 1€ thic —=— suyracacty léthicsau: —=——=—— , (b#=+d
y 1€ 5 =g W y 1€ A b_d(;é)
2_C_1 suyracacty I¢ thuc sau:
b d |
a c+c+i a—-c+i .
—= = ,(b,d,j#0
b b+d+] b—d+j( 170)

CAC DANG BAI TAP

Dang 1: L4p ti 1§ thitc tir cac s6 da cho:
PP: Sir dung tinh chdt: Tar dang thirc a.d = b.c cho ta cac ty 16 thirc:
a_c a_b d cd_b

b dc d b a c a
BAI TAP:
Bai 1:
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a.Tim céc s6 bang nhau trong cac ti sé sau roi lap ti 18 thic
28:14, 21 125 84 l:g; 3:10; 2,1:7; 3:03.
2 2 3
b.Cac s6 sau cd lap duoc ti Ié thirc hay khong?

a) 3,5:5,25va14:21: D) 39%:52% va2,1: 3,5;

) 6,51:15,19va 3:7; d)-7: 4% va 0,9: (-0,5).
Dang 2: Tim x tir ti I€ thc:

PP: Dung tinh chat %:ﬁ suy raa.d=bh.c

BAI TAP
Bai 1: Tim x:
ayx:15 =8:24 b) 36 : x =54:3 e)156:288=26:x )25:4x=05:0,2
¢ 3L:04=x:11 d)Lly3=2.005 f 23l x#l 05042
2 7 5 3 Sx+7 Sx+1 2x+1 x+3
Bai 2: Tim x:
A 2x6= 5:3; b 1+2y — 5+4y — 3+5y;
10 30 2Xx
1 3 1 4
C. 5 (2x-1)
x_-2 f.-052:x=-9,36: 16,38
27 3,6
X -60 -2 =X
— = h. —=—
-15 X x 8
25
i 3,8:2x:1:2g K. 0,25x:3:§:0,125
4 3 6

Dang 3: Chéng minh ti 1€ thirc
PP:

a ¢C A N . A, 2 , A , . N At i A
- Dat E:E:k' suy ra a=b.k; c=d.k roi thay vao tung vé cua dang thiec can ching minh ta dwoc cung mot biéu
thuee. suy ra dpcm
. 2 s . 4o s+ a C 2 , .
- CA the dung tinh chat neu el suy ra a.d = b.c dé chizng minh;

- DUng tinh chdt day t7 s bang nhau.
- C6 thé diing cdch dat thira sé chung trén tiz va mdu dé ching minh:
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5a 5c
.5a+3b _ b(7+3)  (7+3)  s5c+3d
. - 5a - 5c -
5a-3b b(7—3) (7—3) 5¢—-3d

BAI TAP:

Vidu

Bai 1: Néu 2=S thi:
b d

N 5a+3b=50+3d b 7a’+3ab  7c¢®+3cd
'5a-3b 5c-3d ' 11a®-8b> 11c?-8d?
a+b c+a

Bai 2: CMR: Néu a2 =bcthi —— =="2
a-b c-a

2 2
Bai3: Cho 2=Scmp B _2 +C
b d bd b’+d’

4 4 4

Bai 4:CMR: Néu 2= thi [a_bj _ab
b d c—d c'+d
Bai 5: Cho a, b, ¢, d la 4 sé khéc nhau, khac khong thoa man diéu kién:
3 3 3
b?=ac;c’ =bd va b®+c*+d® %0 cm:; &b +c _a
b*+c®+d® d
Dang 4: Cho day ti sé6 bang nhau va mét tong, tim x,y
y Z

A .A AN A s AL X
PP: - Dau tién ta dwa vé cung mot ti So: —=L=c

. \- 3 5 X X N s 5. AN At 47 A TN
Vi du: bai cho £ = = hay 4x=3y ta phai dua vé = = Z; néu bai cho = = 2 va £ = Zta phai dua vé cling mot i sb 1a
y 4 y y 3 2 5 3 4
lezi,néubéich02x=4y=7ztaduzav“ei=2=£,)
6 15 20 14 7 4

- Sau d@6 ding: + tinh chat day ti sé bang nhau dé tinh
+Phwong phdp thé( rit x hodc y tir mgt biéu thirc thé vao biéu thic con lai

+Pgt 1 Z=X=2=k
a b c

BAI TAP:
Bai 1:
a)izl,l=£ V32X+3y_2:186 b) y+Z+1:X+Z+2:x+y_3: 1
So4s T X y Z X+Yy+2
C) i = 1 = i va 5X+y-22228 d) 3)(:2y’ 7x=5z, X'y+Z:32
10 6 21
X_Y.y_z ., _ 2x 3y 4z _
€) —=——=— vaz2x -3y +z =6. T =2 — = yax+v+z=49.
) 374375 Y Q) 5=, =g vaxy
h) x1_y-z_z-4 va 2x+3y-z = 50
2 3 4
Bai 2:Tim x,y
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a)5=§v32x+5y:10 b)gz—1v32x+3y:7 €)21x=19yva x-y=4
y 4 3y 3

d) 2= vaxi-y?=4(x,y>0).

5 3

Bai 3:Timx,y, z

X Yy z — Ay = —

Q) —==,T=—,X+y+2=92 b) 2x = 3y = 5z, x+y-z = 95.

) ,=3 57ty ) y y

C) x __ Y =X+Yy+12

y+z+1_ X+z+1 X+y-2
d\1+3y __ 145y _ 1+7y

7 12 5x 4x
143y  1+5y 147y 1+7y—-1-5y 2y 1+5y-1-3y 2y
12 5x 4x 4x —5x —X S5x—12 S5x—12
. X r_y_z
Chu y: ddy chinh la bai todan chia mét so M thanh 3 phan t/ ¢ véi a, b, c: Tac(){ a b ¢
xt+y+z=M

Bai 1:

a) Chia 3 gdc cua tam gi4c thanh 3 phan ti 1 véi 2, 3, 4

b) Tam gidc ABC c6 3 canh ti & véi 4, 5, 7 va chu vi bang 32cm. Tim 3 canh tam giéc.

Bai 2: S6 hoc sinh bén khéi 6, 7, 8, 9 ti 18 vai cac s6 9; 8; 7; 6. Biét rang sé hoc sinh khéi 9 it hon sb hoc
sinh khéi 7 1a 70 hoc sinh. Tinh s hoc sinh cia mdi khéi.

Bai 3: Theo hop dong, hai to san xuét chia 13i v&i nhau theo ty 18 3 : 5 .Hoi mdi to dugc chia bao nhiéu néu
téng sb 13i 1a 12 800 000 dong.

Bai 4: Tinh do dai cac canh cua mot tam giac biét chu vi 12 22 cm va céc canh ti 16 véi céc sb 2; 4; 5.

Bai 5: S6 A duoc chia thanh 3 s ti 1¢ theo 2 : 3 : 1 . Biét rang tong cac binh phwong cua ba s6 d6

‘ , 54°6
bang 24309. Tim so A.

Dang 5: Cho day ti s6, Tinh gia tri mdt biéu thirc
PP:
y z

Céch 1: Bdtg =2 =-= k; suy rax=ak; y=b.k; z=ck réi thay vao biéu thic.

Céch 2: Dung tinh chit ti ¢ thic:

x z 3x—-y+5z x+y+3z . , L, 3x—y+5z
I Yz _2AymeE T , tir 36 tinh dugc A= Y
2 3 5 6—3—-25 2+3+15 x+y+3z
BAI TAP:
\- x z . 3x—y+5z
Bai 1: Cho 2 =2 =2 Tinh A==
2 3 5 x+y+3z

Lién hé file word todn zalo: 039.373.2038



Phwong phdp gidi todn Pai so 7 Website: tailieumontoan.com

2x+y-z

Bai2: 2=2=Z TinhB=
4 7 5

x+6y—5z
a+b b+c c+a
c a b

Bai 3: Cho a, b ,c d6i mot khac nhau va thoa méan

Tinh gié tri caa biéu thuc P = (1+%](1+9)(1+ Ej
c a

Bai 4: Cho day ti s6 bang nhau
a b ¢ d
b+rc+d a+c+d a+b+d b+c+a

Tinh gié tri cua biéu thirc

a+b b+c c+d d+a
= + + +
c+d a+d a+b b+c

2 2 2
. A . " ] +bc” +
Bai 5: Cho cac so a;b;c khac 0 thoa man _bC _ @ igp P:ab3 b03 (;a
a+b b+c c+a a’+b’+c
HD - ab bc ca :>a+b_b+c_c+a:>1+i_£+£_l+l
" a+b b+c c+a ~ ab bc ca a ¢c b ac
1:1:3:>a:b:c:>P:1
a c
Bai 6: Cho —a+b+c _ a—b+c _ a+b—c Tinh (a+b)(b+c)(c+a)
a b c abc
BAi 7: Cho 207C = Z2403¢ _ 3095¢ i p=(342), (3+2). (3+5)
c a b c a
2 2
Bai 8: Cho 2= <. Ching minh ring: 215 -2
c b b*+c® b

Dang 6: Cho day ti sé bang nhau va mégt tich, tim x.y

PP: -Puavécingtisd: Z=2="1
a b c
Céch 1: Pat E = % = f = k; suy ra x=a.k; y=b.k; z=c.k réi thay vao biéu thizc dé tim k. Sau khi tim dwoc K ta thay

vao x=a.k; y=b.k; z=c.k dé tim x, Y,z

Céach 2: Nhan vao 2 vé x hogc y (Vi duy: g = %va x.y=12;ta c6 xg—x = % = 14—2 =3)

cha y:

- Dang toan trén 1a dgng todn chia sé M thanh tich 3 sé ti 18 véi a, b, ¢

- Déi véi bai toan cho ti 1. Tim ti s6 § ta chi nhdn quy dong, chuyén cac gia tri x vé mét vé, cac gia tri
y Vé mét vé, dwa vé dgng a.x=b.y roi suy rai = % hodec ddt nhan ti chung y ¢ trén ti va dudéi méu dwa vé

X

n

[

BAI TAP:
Bai 1.Timx,y, z
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_Y = X_Y_Z \p =
=7 va x.y =84 b)g—z—6 va Xyz=288

% = % vaxyz=-528;  d) “Ty = u va X.y=250
Bai 2: Chia s6 960 thanh tich cua hai s6 ti 1& véi 5 va 3
Bai 3:

a) Cho

R E
y

4
2 X

b) Cho "*‘W =2 TimZ
5x—y y

3

Dang 7: Ung dung TLT chi¢ng minh bat ding thirc

Tinh chét 1:Cho 2 sb hitu ty % va %véi b>0:d>0. CM:

HD:
a ¢
+Cob d %<C—E:>ad<bc
b>0;d>0
6 ~ad <bc ad bc a c
> —<K—= —<—
"b>0:;d>0 bd db b d
Tinh chat2: Néub>0;d>0thity 2< &2 8%¢ ¢
b b b+d d
HD:
a_c
+b d = ad <bc(l) thém vao 2 vé cua (1) véi ab ta c6:
b>0;d>0

—ad +ab<bc+ab

a a+cC
b+d)<b — 2
a(b+d)< (c+a):>b<b+d()

+ Thém vao hai vé caa (1) dc ta co:
(1)=ad +dc<bc+dc
=d(a+c)<c(b+d)
=37 L3
b+d d
+ Tt (2) va (3) ta co:
T1‘13<E E<a+c<—(dpcm)
b d b b+d d
Tinh chét 3: a; b; ¢ 1a cac s6 duong nén
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a+c

b+c
a+c

A a ~ a
a. Néu ;<1th| ;<

b. Néu %> 1thi 2>

b b+c
BAI TAP:
Bai 1. Choa; b;c;d>0.
CMR: 1< a b + c + d <2
a+b+c b+c+d c+d+a d+a+b
Giai:
+ T — 2 <1 theo tinh chét (3) ta c6:
a+b+c
atd .3 (1)(dod>0)
a+b+c+d a+b+c
a a

Mait khac:

(2)

+Tur (1) va (2) ta c6: a . a . axd (3)
a+b+c+d a+b+c a+b+c+d

>
a+b+c a+b+c+d

Tuong tu ta co:
b b b+a
< <
a+b+c+d b+c+d a+b+c+d
C C c+b
< <
a+b+c+d c+d+a c+d+a+b
d - d - d+c (6)
d+at+b+c d+a+b a+b+c+d
Cong bat dang thic kép (3); (4); (5); (6) theo ting Vé thi duoc:
a b c d
+ + +
a+b+c b+c+d c+d+a d+a+b

(4)
(5)

1< <2

Bai 2.Cho 2 < Sva b;d >0CMR: 2 3+Cd ¢
b d b b7+d’ d
Gii:

Taco E<£vé\ b;d > 0nén a—'b<ﬂ:>a—?<%
b d dd b* d

Theo tinh chét (2) ta co: a_k2)<_ak2)+cczi <%:>3<_a?+cil <L
b b +d d b b°+d d

CHUYEN PE VI : CAN BAC 2
Kién thirc can nhé:
Va:(véi a>0) doc 1a cin bac hai cua a
- Mot s6 a>0 ludn ton lai hai can bac hai 1a va va — va. Vi a=0 ¢ mot can bac 2 1av/0 = 0
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- Néu s6 tw nhién a khong 1a sé chinh phwong thi va 12 s6 vo ti
x = Va =>x*=a (véi x>0)

Diéu kién dé can thic bac hai c6 nghia: va c6 nghia 1aa>0

Cac cdng thic bién dbi.

Va? = |a|; Va.b = Va.Vb (a,b>0)

Dang 1: Tinh gi4 tri biéu thic va viét cian bac hai ciia mat sb:

Bai 1: Tinh
A =9 ++V16 — /100
B=\/§— /0,04

C= f%—1+x/ﬁ

D =—/9++16 — 64

Bai 2: Viét can bac hai cua cac sd sau: 3, 6, 9, 25, -16. 0
Dang 2: So sanh hai cin bac hai:
PP: Dya vao tinh chét: néu a>b>0 thi va > Vb

Bai 1: So sanh:
V22va+/27 ; 11vav121 ; 7vaVs0 ;
6va+v33 ;

a) 2\[27 va~[147 b)-3\[5va-53 )21, /7,153, -/123
d) 24/15 va/59 e)2n/2-1va 2 f)6vafal

g)lzéval h)-@va-zx/é i)\/6-1va3

) 2\/5-52 va1 k)lgva% I)6\/1,4 %,-\/132,2\/5,\/2—5

m)-22/6va-23  n)2/6-2va3  0)28\/2,/14, 2/147, 36\/4
Q) \9va\25-1/16  r)\/111-7va4d p)-27,4/3, 165, 212

Dang 3: Tim x biét \/f(x) = a

PP: Néu a<0: thi khong ton tai x

Néu a>0 thi \/f(x) = a suy raf(x)=a’. Tir d6 tim x
BAI TAP:

Bai 1: Tim x
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Jax—1)=2;/32x+1) =3 ;/(1—-x)=-1;, x-2/x=0; x=-2/x ; x=Vx

Bai 2:

a) \3x-1=4 g \-3x+4 =12 D2xX-9=-x N @x-Nx+7)=2

b) \}2-8x+16 =4 h) Af9(x-1) =21  m) 12X3+5=2 ) %-Za:IB

c) \/2-3x =10 i) \[4x =[5 0) \/5x+3=1/3-4/2 t) /- 4Z+25=x
d) \4-5x=12 ) \AL-x)? -A/3=0 p) /16x =8 u)\\/5-/3x = /8 + /15

e)«/z'fx=2 k) A/3x*-5=2 q) \/(x-3)?=3 v)«/l'fx=5

w) A[4x - 20 - 3 %5:\/1« XPAX +8 + 2fx+2-4/9x+ 18 =1
a') \X-6x+9+x=11 V)3 -4x+3=1-2x  zn/16(x + 1) -A[9(x + 1) = 4

b') \/9X+9+/4x +4=1/x+1

Dang 3: f(x)*=a

PP: Néu a<0: khong ton tai x

Néu Néu a>0 thi f(x)=va hoic f(x)= -va

BAI TAP: Tim x

x?=9; 3.x%-2=4; x°=-18

V3x2—2=4 ;Vx2+1=2

Dang 4: Tim SU XAC PINH ciia c4c biéu thikc chira ciin .
Phuwong phap tim didu kign:  nJA xéac dinh khi A >0

Can leu A e dinh khi B#0

B
BAI TAP:
Bai 1: Tim diéu kién xac dinh

-3 -24/6 +4/23
a) \/6x + 1 D\ /73 % m) \V\/5-13x  9) JXLJFSE
b) /- 8x h)A/(x + 5) n) \J/6x - 4x t) 4/2011-m

. 6-4 21/15 -4/59
¢) \[4-5x DA\ [ 0) V- Nx+7) ) >
., 16x-1

d) (V3 - D= p) \/0x - 6)° V) 4z + 4z + 1
e) YX°+2x +1 k)4/2x +5 q)\-12x+5 W)4/49x° - 24x + 4
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[1 i 3 ) [12x +5
f) 7 2a 1) ﬁm r) 2 - 41/5x +8 y) \/é

Dang V: Chitng minh mat sé 1a s vo ti:

PP: Dung phwong phap phan ching

Vidul: CM /2 1a mét sé vo ti

Gia sir rang V2 12 mot s6 hitu ti. Diéu d6 co nghia 1a ton tai hai s6 nguyén a vabsao choa/b=+72.

Nhu vay V2 c¢6 thé dugc viét duéi dang motphan sé ti gian (phan sé khdng thé rut gonduoc
nita): a/ b vai a, b 1a hai s6 nguyén té ciing nhau va (a / b)* = 2.

T (2)suyraa’/b*=2vaa?=2b°

Khi d6 a* 1a s6 chén vi né bang 2 b? (hién nhién 1a s chin)

Tir d6 suy ra a phai 12 s6 chin vi a* 13 s6 chinh phuong chin (s6 chinh phuong 1é ¢6 can bac hai la sb 1&, s6
chinh phuwong chén c6 cin bac hai 1a s6 chin).

Vi a 14 s6 chén, nén ton tai mot sb k thoa man: a = 2k.

Thay (6) vao (3) ta c6: (2k)? = 2b? <> 4k? = 2b® <> 2k* = b,

Vi 2k% = b? ma 2k? 1a s6 chdn nén b? 1a sé chén, didu nay suy ra b ciing 1a sé chén (If luan twong tu nhu (5).
Tir (5) va (8) ta co: ava b déu 1a cac sé chan, diéu nady mau thuin véi gia thiét a/ b l1a phan sb téi gian ¢

).

Vi du2: Chiang minh v/3 1as6 v ti

Gia sir v/3 12 56 hitu ti => tn tai m, n 1a hai s6 nguyén té cting nhau
sao cho v/3= m/n

=> 3 = m2/n2 => n2 = m?/3 (la s6 nguyén)

=> m?2 chia hét cho 3 ma 3 1a s6 nguyén té

=>m chia hét cho 3 (*)

dat m = 3p => m2 = 9p?, thay vao trén ta co:

n2 =m?3 = 9p?/3 = 3p?

=> p2 = n#3 1a s6 nguyén => n? chia hét cho 3

va vi 3 nguyén té => n chia hét cho 3 (**)

tir (*) va (**) thay m va n déu chia hét cho 3 => mau thuan véi gt m, n nguyén té ciing nhau
Vay V3 1asé vo ti

POI SO THAP PHAN VO HAN TUAN HOAN
RA PHAN SO TOI GIAN

—_—k—

I. Li thuyét:
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1 1 1
520,(1) ; Ezo,(on ; @: 0,(001)
Nhu vay ta thdy s chit s6 0 ¢ phan chu ké ding bang vai s chit s6 9 ctia mau phan phan s6 trir di 1 nén
tong quat ta s& co:
1

I1. Ap dung:

=0,(00...01) v6i n chir sb chit s6 9 va n-1 chit s6 0

a) Viét s6 0,(7);0,(3) dudi dang mot phan sb t6i gian?

Tacé: 0,(7)= 7.0,(1)=7%=g

o,(3)=3.o,(1)=§ =%

b) Viét s6 0,(31);0,(71) du6i dang mot phan sé tdi gian?

] 1 1 1 1 3 3 1 310 31
Taco: 0,(31)=0,(30)+0,(01)=3.1,(01). —+—=3.[1+0,(01)] =+ —=—+(—+])—=——=—
(31)=0,(30)+0,(01) ()1099 [ ()]109910(10 )99 990 99

71

Tuong tu 0,(71)=—

g tu 0,(71) %

¢) Viét s6 0,2(31) dudi dang mot phén sb t6i gian?
Tac6 : 0,2(31) =0,2+0,0(31)= 0,240,(31), — =2 4 Sr - 299+31 _ 229

10 10 990 990 990
d)Viét s6 0,24(31) duéi dang mot phan s tdi gian?
1_24 31 _2499+31 2407
100 100 9900 9900 9900
e)Viét s6 1,23(507) dudi dang mot phan sb tbi gian?

Taco : 1,23(507)=1+0,23+0,(507). -~ =1+ 25 , 207 1 123384 10262
100 = 100 999 100 99900 8325

Ta c6 : 0,24(31) =0,24+0,00(31)= 0,24+0,(31).

*Nhan xét:

-Néu trude chu ki khong cé chit s6 thap phan nao thi 1ay chu ki 1am tir con mau thay bang céc chir s6 9
bang dung sb chit s6 & chu ki

-Néu trudc chu ki con chir s6 thap phan thi tich thanh tong ctia s6 than phan hitu han va s6 thap phéan vo
han tudn hoan rdi bién d6i nhu truong hop trén.

-Néu phan nguyén khéc 0 thi tich thanh tong cta phan nguyén va mot sb thap phan VHTH

I11. Trinh tw chuyén doi:

Budc 1:

Viét sb thap phan VHTH dudi dang tong cta cac phan nguyén, sb thap phan hitu han va s6 thap phan
VHTH ma trude chu ki khong c6 chir sé thap phan nao

Budce 2:
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Doi cac sd thap phan hiru han va VHTH vira tach duoc ra phan s roi cong cac phan sd vira tim duoc.
SO THAP PHAN HUU HAN - SO THAP PHAN VO HAN TUAN HOAN.
1) S6 thap phan hiru han — sé thap phan vé han tuan hoan
1) Vi du: Viét cac phan sb sau duéi dang s6 thap phan

3 -37
Q) — b) —
20 25
17 5
¢) — d) —
-11 12
2) Quy udc Viét sé thap phan vo han tuan hoan dudi dang thu gon
Vidu —1,5454....=—1,(54) 0,416666..... = 0,41(6)

I1) Nhan xét:

* Néu mot phan sé c6 mau dwong va khong c6 cic wéc 12 so
nguyén t6 khac 2 va 5 déu duoc viét dudi dang sé thap phan hitu han.
* Néu mot phan sé c6 mau dwong va c6 cac wéc nguyén to
khac 2 va 5 thi duoc viét dudi dang sé thap phan vé han tuan hoan.

Dang I: Nhan biét
mot phan sé 1a s6

thap phan hiru han hay vé han tuan hoan
Bai 1: Trong hai phan s sau phan sb nao 1a sé thap phan hiru han, vo han tuan hoan?
55 . 63

va
-300 -360
Bai 2: Trong céc phan sb sau phan sb nao 1 s6 thap phan hitu han, vé han tuan hoan? Viét dang thap phan
cac phan sé do ( viét gon chu ki trong dau ngoic)
5 3 4 15 14

Bai 3: Cho s6 A = 3 . Hay dién vao 6 vuéng mot sb nguyén té ¢6 1 chit s6 sao cho A la sé thap phan
2.[]

hitu han? C6 may cach?

Dang 2: Viét mét phan sé hoic mét ti sé6 dwéi dang sb thap phan

Bai 1: Dung dau ngodc dé chi rd chu ki trong céc thuong sau day

2)85:3 b) 18,7 : 6 c)58: 11 d) 14,2 : 3,33
Dang 3: Viét s6 thap phan hitu han dwéi dang phan so téi gian
Bai 1: Viét cac s thap phan sau duéi dang phan sé téi gian
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a) 0,32 b) — 0,124 c) 1,28 d) - 3,12
Dang 4: Viét s6 thap phan vo han tuin hoan dwéi dang phan so tdi gian
1) Can nh¢ céc sé thap phan vo han tuan hoan dic biét:

0(1)—5 0(01)—i- 0(001)—i
’ 9’ ’ 99’ ’ 999

2) Déi voi sb thap phan vo han tuan hoan don
+ S thap phan vo han tuan hoan goi 1a don néu chu ki bat ¢au ngay sau dau phay. Vi du: 0,(32)
] 1 32
+ Vi du: 0,32)=0,(01).32= —.32= —<.
99 99
1 1 1 .1
1,3)=1+0,(3)=1+0,(1).3=1+=.3=1+=.3=1+ ==1=
9 9 3 3
3) Pbi véi s6 thap phan vo han tuan hoan tap
+ S0 thap phan vo han tuan hoan duoc goi la tap néu chu ki khong bat dau ngay sau dau phay.Vi du:
2,3(41).
1 1 41 41 169
FVidu 2,3(41) = 2,3 +0,0(41) =23 + —.0,(41) = 2,34 —.—==2 34 —= =~
10 10 99 990 495
Bai 1: Céc sd sau c6 bang nhau khdng? 0,(31) va 0,3(13)
Bai 2: Thuc hién phép tinh

2) 0,(3) + 3%—0,4(2) b) [12,(1)—2,3(6)]:4, (21)
4 1 4
—+1,2(31)-0,(13 d) 2—-3,4(12) ——
c) ot (31)-0,(13) ) 25 12) 3
Bai 3: Chung to rang
a)0,(27)+0,(72) =1 b) 0,(317) + 0,(682) = 1
c) 0,(22) . %:1 d) [0, (11).9]2011 =1

Bai 4: Tim x biét
a)x:0,7)=0,32):2,(4) b)o,(17):2,3)=x:0,3)
5 018)+0.(3)

¢) x : 0,(3) = 0,(12) 0.9:116) (2)

Bai 5:
| 0,(12) 1,(17) 1,3(4) 0,(31)
) 116 121 31 4
N&i hang 1 vai hang 11 I 99 90 99 33 | choding
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. , 21In+4 . .
Bai 6: Chirng t6 rang so 7— khong thé viet duoc dudi dang so thap phan hiu han.
n

CHUYEN PE V: Ti LE THUAN-TI LE NGHICH
Kién théc can nhé:

TI LE THUAN TI LE NGHICH

y ti 1é thuan véi x <=>y =kx (2 0) y ti 1& nghich voi x <=>y = ﬁ(yx =
X

chay : Néu y ti Ié thuan véi x theo hé sé ti Ié k o _
a)Chuy: Néu y ti I¢ nghich véi x theo

, | R e A o o et A e g
Pinh nghia thi x ti 1é thuan véi ytheohésdtiléla —. h¢ so ti I€ a thi x ti I¢ nghich véi y
theo hé s ti lé a.

*h:ﬁ:&: =k *YiIX1 = YoXo = Y3X3 = ... = @;
R h « X _ Y2 X5 _ Vs
S XV X Vs X, ¥ X, Ys
X, Yo X5 0 Ys Néu x, y, z ti 1€ nghich véi a, b, ¢ thi
Tinh chét Néu x, y, z ti 1& thuan véi a, b, ¢ thi ta co: ta.05: o = by = cz = x_y_z
X_y_ z 111
a b c a b ¢

Ti 1€ thuan:
- Néu x va y lién hé theo cong thirc y=k.x hodc x=k.y ta noi x va y 1a hai dai luong TLT
- Néu viét y=k.x thi k 1a hé s ti I& thuan cua y so véi x
- Néu viét x=k.y thi k & hé s ti I& thuan caa x so véi y
Ti 1€ nghich:
Néu x va y lién hé theo cong thic yzs hoac x:§ hoac x.y=k ta néi x va y la hai dai lugng TLN va k duogc
goi chung 1a hé sé ti 1& nghich.
CAC DANG TOAN:
Dang 1: Tinh hé sé ti I¢, biéu dién x theo y, tinh x (hogc y) khi biét y (hoic x),
PP:
- Hé s6 ti 1¢ thudn cua y véi x la: k:% ; sau khi tinh dwoc K ta thay vao biéu thize y=k.x dé dwoc méi quan
hé giira y theo x.
- Hé s6 ti 1é thudn cua x véi y 1a kzg ; sau khi tinh dwoc K ta thay vao biéu thize x=k.y dé dwoc méi quan
hé giira x theo y.
- Hé sé ti 1é nghich la k=x.y; sau khi tinh dwoc K ta thay vao biéu thixc yzg hogc x=k7d‘é dwoc méi quan hé
giraxvay.
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- Sau khi biéu dién méi quan hé giza y va x, ta dua vdo dé dé tinh y khi biét x va ngueoc lai. Viéc 1am nay
ciing givip hoc sinh dién dirgc cac sé liéu vao bang chia day dii.(xem bai tdp 3)
Vidul: Chox,y TLT va x=2, y=6
a) Tim hé sé ti 18 thuan cua y vai x
b) Biéu dién y theo x
c) Tinh x khiy =18, tinh y khi x=5
Giai:
a) He s tiIé thuan cia y véi x lak=2 = g =3
b) Vi k=3 nén y=3x
c) Vaiy=18 suy ra 3.x=18, x=6
Voi x=5 suy ra y=3.5=15
BAI TAP
Bai 1: Cho biét 2 dai luong x va y ti 1é thuan véi nhau va khi x =5 vay = 20
a, Tim hé sb ti 1& k cua y dbi vai x.
b, Hay biéu dién y theo x.
¢, Tinh gid tri cia y khi x = -5; x = 10
Bai 2: Cho hai dai luvgng x va y ti 1€ nghich vai nhau va khi x =2 thiy = 4.
b) Hay biéu dién x theo y;
c) Tinh gidtricaax khiy=-1;y=2,
Bai 3: Cho biét x va y 1a hai dai lwong ty 18 thuan va khi x =5, y = 20.
a) Tim hé sé ty 1& kcua yddi voi xva hdy biéu dién y theo x
b) Tinh gid tri caa x khiy =-1000.

Dang 2 : Cho x vay TLT hoiic TLN, hoan thanh bang sé liéu.

PP :
- Tinh k va biéu dién x theo y(hodc y theo x)
- Thay cac gia tri frong irng d@é hoan thanh bdng
Bai 1:
a) Cho x, y ti I¢ thuan. Em hdy hoan thanh bang sau
X 2 -1 7 10
Y 6
b) Cho x, y ti 1€ nghich. Em hdy hoan thanh bang sau
X 2 -1 7 10
Y 6
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Bai 2:

a) Cho biét x va y 12 hai dai luong ty & thuan. Hay hoan thanh bang sau:

b) Cho biét x va y 1a hai dai luong ty I& nghich. Hay hoan thanh bang sau:

Website: tailieumontoan.com

X

2

5

-1,5

y

6

12

-8

X

3

9

-1,5

Y

6

1,8

-0,6

Dang 3 : Nhan biét hai dai hwong c6 TLT hay TLN.

PP :

- Dya vao bdng gid tri dé nhdn biér 2 dai heong c6 ti 1é thudn véi nhau khéng ta tinh céc t7 sé % néu cho

cling mét két cua thi X, y t7 16 thudn va nguoc lai.(xem bai tdp 4)

- Dira vao bang gid tri dé nhdn biét 2 dai lwong c6 ti 1é nghich véi nhau khdng ta tinh c&c ti s x.y néu cho

cuing mét két cua thi x, y ti 16 nghich va ngieoc lai

Bai 1: x va y co 1a hai dai luong TLT khdng biét:

2 -1 5 3 11 7
y 4 -2 10 6 22 14
2 -1 5 3 11 7
4 2 10 6 22 14
Bai 2: X va y co 1a hai dai luong TLN khdng biét:
X 2 -1 5 10 8 40
Y 20 -40 8 4 5 1
X 6 -1 5 3 12 1
Y 4 -24 10 8 2 24

Dang 4:Cho x TLT(TLN) véiy, y TLT(TLN) véi z . Héi mdi quan hé ciia x va z va tinh hé sé ti I¢
PP:
- Dua vao dé bai biéu dién x theo y, y theo z roi thay y vao biéu thie rén dé tim méi quan hé x-z, sau
ds két lugn.,
Bai 1: Cho x ti 18 thuan véi y theo ti s6 k=4, y ti Ié thuan vai z theo ti s6 k=3. Hoi x ti I& thuan hay ti I¢
nghich véi z va ti s bang bao nhiéu?
Bai 2: cho x TLN vai y theo k=2, y TLN véi z theo k=6. Hoi x va z TLT hay TLN k=?
Bai 3. Cho x TLT véi y theo k=10, y TLN vai z theo k=2. Hoi x va z TLT hay TLN k=?
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Dang 5: Cac bai toan dé:

PP:

- Véi nhitng bai todn 6 hai dai lwong ta co thé ldp ti sé lubn. Néu 2 dai lwong ti 16 thudn thi
x1 x1 E

1 =z . . P . <
L =X néu hai dai lwong ti Ié¢ nghich thi — ==—.
x2  y2 x2 vl

-V4i c&c bai toan chia so phdn, ta goi cac gia tri can tim 14 x,y,z roi dwa vé ddy ti s bang nhau dé gidi, chu
y:

Néu cac dn sé X, y z ti Ié thudn véi a,b,c thi g = % = f
Néu céc dn sé x, y z ti 1¢ nghich véi a,b,c thi a.x=b.y=c.z .

Vi du: Ctr 4kg day dién dai 15m. Hoi 3m day dién nang bao nhiéu kg.

Céach 1: Goi khdi lugng day dién 1a x va chiéu dai day dién 12 y thi x va y 13 hai dai luong TLT voi HSTL
ciaxvaiylak = §:4/15. Suy ra x=4/15y. Véi y=3m suy ra X.

Céch 2: Goi khdi luong twong tng véi 3m day dién 12 x.
Ta c6 so do:

Vi khéi lwong va chiéu dai 1a hai dai luong TLT nén 14—5 = g suy ra x

BAI TAP
Bai 1:
a) Tim hai s6 x; y biét x; y ti & thuan véi 3; 4 va x +y = 14.
b) Tim hai sb a; b biét a; b ti 18 thuan véi 7; 9 va 3a — 2b = 30.
¢) Timbasd x;y; z biét x; y; z ti 16 thuan véi 3; 4; 5vax —y + z = 20.
d) Tim basb a; b; ¢ biét a; b; c ti 1& thuan véi 4; 7; 10 va 2a + 3b + 4c = 69.
Bai 2:
a) Chia sé 99 thanh ba phan ti I¢ thuan vai 2; 3; 4.
b) Chia sé 494 thanh bén phan ti & thuan vai 7; 11; 13; 25.
Bai 3:
a) Chia 180 thanh ba phan ti I& nghich véi 6; 10; 15.
b) Cho tam gidc cé ba canh ti I¢ thuan vai 5; 13; 12 va chu vi 1a 156 mét. Tim do dai ba canh ctaa tam
giac do.
¢) Tim do dai ba canh caa mot tam giac biét chu vi cia né bang 52 cm va ba canh ti 1¢ nghich véi 8; 9;
12.
Bai 4:
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a)

b)

Bai 5:

d)

Bai 6:

d)

Bai 7:

Cho tam gidc ABC c6 sé do ba goc 4, B, € ti 18 thuan véi 3; 11; 16. Tim sb do cac goc ciia tam giac
ABC.

Cho tam giac ABC c6 sé do ba goc 4, B, € ti 1& nghich voi 15; 16; 48. Tim s6 do cac goc cua tam
giac ABC.

Ba don vi gop vén kinh doanh theo ti 1& 3; 5; 7. Hoi m&i don vi gop bao nhiéu tién, biét tong s6 vén
gop duoc 1a 12 ti ddng?

Ba nha san xuat gop vén theo ti 18 7; 8; 9. Hoi mdi ngudi nhan dugc bao nhiéu tién 14i, biét rang
téng s6 tién 14i 1a 720 triéu ddng va chia theo ti 1 gop von?

Tim ba sb a; b; ¢ biét raing a + b + ¢ = 100; a va b ti 1& nghich v&i 3 va 2; b va c ti 1é thuan véi 4 va
3.

Tim ba sé a; b; ¢ biét rang 2a + 3b - 4c = 100; a va b ti 18 nghich véi 3 va 2; b va c ti & nghich véi 3
va 2.

Cho hinh chit nhat c6 dién tich 1a 33,75 cm?. Biét chiéu dai va chidu rong cua hinh chix nhat do ti 1é
vai 5 va 3. Tinh chu vi hinh chir nhat.

Cho biét 12 cdng nhan xay mot can nha trong 96 ngay thi xong. Hoi néu c6 18 cdng nhan thi xay
cin nha d6 hét bao nhiéu ngay? (Biét rang ning suit 1am viéc cua cic cong nhan 1 nhu nhau).

Tinh sé hoc sinh 16p 7A va 7B biét 16p 7A nhiéu hon 16p 7B 1a 7 hoc sinh va ti s6 hoc sinh cua lop
7TAva7Bla7:6.

S6 hoc sinh khéi 6; 7; 8; 9 ti 1& nghich véi 6; 8; 9; 12. Tinh sb hoc sinh mdi khdi biét tong sé hoc
sinh bén khéi 1a 700.

Mot & to chay tir A dén B véi van téc 50 km/h thi mat 6 gio. Hoi néu 6 t6 d6 chay tir A dén B véi
van téc 30 km/h thi mat bao nhiéu thoi gian?

Mot 6 t chay tir A dén B véi van toc 72 km/h thi mat 5 gio. Hoi néu 6 t6 d6 chay tir A dén B véi
van téc 60 km/h thi mat bao nhiéu thoi gian?

Mot doi cong nhan lam duong luc dau du dinh 1am xong mét con dudng trong 30 ngay. Nhung sau
d6 doi bj giam di 10 cong nhan nén da hoan thanh con duong trong 40 ngay. Hoi luc dau doi cd bao
nhiéu cong nhan? (biét ring nang suat mdi cong nhan 1 nhu nhau).

d) Mot doi cong nhan xay dung luc dau du dinh xay xong mot can nha trong 20 ngdy. Nhung sau d6 doi
bi giam di 20 ngudi nén di hoan thanh tré hon dy dinh 10 ngay. Hoi lac dau doi ¢d bao nhiéu cong

nhan? (biét ring nang suit mdi cong nhan 1 nhu nhau).

Bai 8:

a)
b)

Biét 5 lit nudce bién chira 160g mudi, Hoi muén cé 16 tAin mudi can bao nhiéu m® nudc bién?
Cho biét 5 it nudc bién chira 1759 mudi, hoi 3m® nuée bién chira bao nhiéu kg mudi?

Lién hé file word todn zalo: 039.373.2038



Phwong phdp gidi todn Pai so 7 Website: tailieumontoan.com

c) Hai thanh ddng c6 thé tich 13 cm® va 17 cm®. Hoi mdi thanh ddng ning bao nhiéu gam? Biét khéi
lwong ca hai thanh la 192g.

d) Hoc sinh cta ba Iép 7 can trong va chiam soc 24 cdy xanh. Lép 7A ¢d 32 hoc sinh, 16p 7B ¢6 28 hoc
sinh, 16p 7C ¢6 36 hoc sinh. Hoi mdi 16p phai trong va chiam soc bao nhiéu cay xanh? Biét sé cay
xanh mdi 16p trong ti 1& véi sb hoc sinh 16p do.

Bai 9:
Cudi hoc ké 1, téng s6 hoc sinh khéi 7 dat loai gioi va kha nhiéu hon sb hoc sinh dat trung binh 1a 45
em. Biét riang sé hoc sinh dat loai gioi, kha, trung binh ti 18 véi 2; 5; 6.

a) Tinh s hoc sinh gioi, kh4, trung binh caa khéi 7.

b) Tinh s6 hoc sinh toan bo khéi 7, biét rang trong khéi 7 ¢6 15 hoc sinh xép loai yéu va khdng cé hoc
sinh kém.

¢) Tinh xem ti 18 phan tram tirng loai hoc sinh gioi, kha, trung binh, yéu so véi toan bo hoc sinh khdi
7.

Bai 10:
Cho tam gi4c c6 s6 do ba goc ti 18 véi 2; 3; 4. Mot hoc sinh nhan xét: “Tam giac trén 1a tam giac
nhon”. Theo em nhan xét d6 dtng hay sai? Vi sao?

CHUYEN DE VII: HAM SO VA PO THI

+ Néu dai luong y phu thude vao dai luong thay ddi x sao cho v&i mdi gia tri cia x ta ludon xac dinh duoc
chi mot gia trj trong tmg cua y thi y dugc goi 12 ham sb ctia x va x goi 13 bién s (goi tit 1a bién).

+ Néu x thay d6i ma y khong thay doi thi y duoc goi 1a ham sé hang (ham hang).

+ V&i moi x1; X2 € R VA X1 < X, ma f(X1) < f(X2) thi ham sé y = f(x) duoc goi 1a ham dong bién.

+ Vi moi x1; X2 € R v X; < Xp ma f(Xq) > f(X2) thi ham sb y = f(x) duogc goi 1a ham nghich bién.

+ Ham sd y = ax (a # 0) duoc goi 1a dong bién trén R néu a > 0 va nghich bién trén R néu a < 0.

+ Tap hop tit ca cac diém (x, y) thoa man hé thirc y = f(x) thi duoc goi 1a d6 thi ctia ham sb y = f(x).

+ Do thi ham sb y = f(x) = ax (a # 0) 1a mot duong thing di qua gde toa d6 va diém (1; a).

DANG 1: Xdc dinh xem dai lwgng y c6 phai 1a ham sé ciia dai lwong x khong:

PP:

Kiém tra diéu kién: Méi gia tri cia x dwoc twong 1ng véi 1 va chi mét gi tri cua y
BAI TAP:

Kiém tra y cd phai la ham sb cua dai luong x trong céc bang sau khong:

X -2 -1 0 1
Y 6 4 2 0
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X 2 4 6 7 8

Y 1 4 5 7 9

X -2 -1 0 1 2 3

Y 6 4 2 0 0

( KHONG)

X -2 -1

Y 6 4 2 0 0 8
(CO)

Dang 2:Tinh gia tri cia ham sé tai gié tri cia mét bién cho truwéc:

PP:

- Néu ham s¢ cho bang bdng thi cap gid tri firong #ng ciia X va y nam cling mét cét.

- Néu ham s cho bang cong thirc ta thay gia tri cia bién dé cho vao cong thire dé tinh gia tri twong
ung Cua dai lwong kia.

Vi du: Cho y=F(x)=3x+2 Tinh f(2): f(-1)

Giai: Ta c6 f(2)=3.2+1=7; f(-1)=3.(-1)+1=-2

Dang 3: Tim toa d6 mét diém va vé mot diém da biét toa d9, tim cac diém trén mét dé thi ham s,
Biéu dién cac diém Ién hinh va tinh dién tich.

PP:

- Mudn tim toa dé mét diém ta vé 2 dwong thang vudng goc véi hai truc toa dé .

- Pé tim mér diém trén mgt do thi ham sé ta cho bat ki 1 gid tri cuia x roi tinh gia tri y fuwong ing.

- C6 thé tinh di¢n tich tryec tiép hodc tinh gian tiép qua hinh chi nhdt.

- Cha y: Mgt diém thuge Ox thi tung dé bang 0, thugc truc Oy thi hoanh dé bang 0.

Vi du: Cho A(4;0); B(0:2); C(2:4) Biéu dién A,B,C trén Oxy va tinh dién tich tam giac ABC.

Giai: Ta cO Sagc =

Dang 4: Tim hé sb a ciia dd thi ham sé y=a.x+b khi biét mét diém di qua. Qua hai diém, cit hai
truc....

PP: Ta thay toa dé diém di qua vao do thi dé tim a.

Vi du: cho y=a.x Tim a biét db thi ham s di qua A(1;3)

Giai: Thay x=1; y=3 vao d0 thj ta duoc 3=a.1 =>a=3.Vay y=3x.

Vidu: Timavab biét dothj y=a.x+b di qua A(1,3) va B(2;5)

Giai: Vi A(1;3) va B(2;5) thudc db thi nén thay toa do cia A va B vao db thi ta duoc:

{2 by cll i Z = {2?a++bb =35:> {5 - i
Dang 5: Kiém tra mgt diém c6 thuge do thi ham sé hay khong

PP: Thay gia tri ciia x va y vao do thi ham sé, néu duwoc dang thire diing thi diém dé thude do thi ham

. Vay y=2x+1

So va nguoc lai.
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Vi du: cho y=2x+1 cac diém sau c6 thudc do thi ham sé khong: A(1:3) ; B(3:2)
Giai: Thay toa do diém A(1;3) vao db thi ta duoc: 3=2.1+1 (ludn dung). Vay diém A(1;3) thudc db thi.
Thay toa do diém B(3;2) vao do thi ta dugc: 2=2.3+1 (v0 Ii) . Vay B(3;2) khdng thudc d6 thi.
Dang 6: Céach ldy 1 diém thudc dé thi va vé dé thi ham sé y=ax, y=ax+b, dé thi ham tri tuyét doi
PP:
- Pé lay 1 d@iém thuge do thj ta cho 1 gid tri bat ki cia x roi tinh 'y hodc nguot lai.
-Dé vé do thi Ta ldy 2 diém ma do thi ham sé di qua( Bang cach cho bat ki gia trj ciia x dé tim y) roi néi
2 diém dé sé la d@6 thi ham so.
- Vi do thi ham sé y=ax, ta chi ldy I diém roi néi véi goc toa do.
Chay: o thi ham sé y=a la dwong thang song song Ox cat Oy tai a. Do thi ham sé x=b la dwong
thang song song Oy cat Ox tai b.
Dang 7: Tim giao diém caa 2 dé thi y=Ff(x) va y=g(x), Chitng minh va tim diéu kién dé 3 dwong
thing dong quy
PP: Cho f{x)=g(x) dé tim X réi suy ra y va giao diém
Vi du: Tim giao diém cua y=2x vdi y=3x+2
Giai: Xét hoanh d6 giao diém thoa man: 2x=3x+2 suy ra x=-2 => y=-4. Vay 2 db thi giao nhau tai A(-
2;-4).
Dang 8: chitng minh 3 diém thang hang.
PP:- Pé chitng minh 3 diém thang hang, ta ldp ti sé X/y va suy ra 3 diém dé cung thugc maot dé thi hogc
viét do thi di qua mét diém roi thay tao do 2 diém con lai vao. Nguot lai mét trong cac ti sé x/y khdng
bang nhau thi 3 diém khong thang hang.
Vi du: Chimg minh 3 diém thang hang: A( 1;2) ; B(2;4) ; C(3;6)

1

Giai: Ta co: g == % = Z nén 3 diém A,B,C thang hang (cing nam trén do thi ham sé y=2x)

Vi du: Cho A( 1;2) ; B(2;4); C(2a; a+1). Tim a dé A,B,C thiang hang.
Giai:
1

Cach 1: A,B,C thang hang khi: 2=2=2=2% gyyrat=2% =>a+1=2.2ahaya ==
y 4 a+1 2 a+1 3

Céach 2: Ta co: % = % = % nén A va B nim trén dudng thang y=2x. Bé A,B,C thiang hang thi C(2a;a+1)

€y = 2xsuyraatl=2.2ahay a =

wlkr

Dang 9: cho bang s6 liéu, héi ham sé xac dinh béi cong thic ndo, ham sé 1a dong bién hay nghich

bién.

PP: Ta dung badi todn TLT,TLN dé tinh k réi biéu dién y theo x. Pé xem ham sé dang bién hay nghich

bién ta dua vao hé so a hodc chizng minh néu x;> X, thi f(x.) > f(x,)

Vi du: Cho bang sé liéu sau, xac dinh ham sb y theo x va cho biét ham sé ddng bién hay nghich bién:
X 1 2 4 6
y 3 6 12 18
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- ., x 1 2 4 6 A ‘ e 2 an g
Giai: Tacd: = = = = = = — = — nén y=3X. Vi a>0 nén ham so dong bien
y 3 6 12 18

Dang 10: Tim diéu kién dé hai dwdng thang cat nhau. Song song, triing nhau, vudng goc.

N 2 y=aix+b
Hai duong thang {y — a,x + b,

i a =a a =a
Cat nhau: a1 # a» Song song: {bzl " bz Trung nhau: {bzl _ bz

Vi du: Cho y=(a+1)x -2 va y=2x. Tim a dé hai duong thang cat nhau, song song, triing nhau.
Giai:
- Hai dudng thang cit nhau khi: a; # a;=> a+1 # 2, hay a#1.
- Hai duodng thang song song khi: a; = a, (Vi bi#by) =>a+1 = 2, hay a=1.
- Vi by#b, nén hai dudng thang khéng tring nhau.
BAI TAP:
Bai 1: Cho ham sé y = f(x) = 4x* — 9

a. Tinh £(-2): f(—%)

b. Tim x dé f(x) = -1
¢. Chang t6 rang véi x e R thi f(x) = f(-x)

\ - = A A J 5 x A = A M 5 1A A r: A mA 4o 1A 1
Bai 2: Viét cong thirc cia ham so y = f(x) biét rang y ty 1€ thuan véi x theo hé so ty 1€ "

a. Tim x dé f(x) = -5 b. Chung to raing néu x1> X, thi f(x1) > f(x,)
Bai 3: Viét cong thire ciia ham sb y = f(x) biét rang y ti 1& nghich vai x theo hé sb a =12.
aTimx déf(x) =4 :f(x)=0 b.Chiing t6 ring f(-x) = -f(X)
Bai 4: Cho ham sé y = f(x) = kx (k 1 hing s6, k = 0). Ching minh rang:
al f(10x) = 10(x) b/ (X1 + X5) = F(x1) + F(X2) ¢/ (X1 - X5) = F(x1) - ()
Bai 5 : D6 thi ham sé y = ax di qua diém A (4; 2)
a. Xéac dinh hé sb a va vé db thi caa ham sé do.
b. Cho B (-2, -1); C ( 5; 3). Khong can biéu dién B va C trén mit phang toa do, hiy cho biét ba diém A, B,
C c6 thang hang khong?
Bai 6 : Cho cac ham sby = f(x) = 2x va y =g(X) = 8 Khéng vé& db thi caa ching em hay tinh toa do
X
giao diém cua hai do thi.
Bai 7. Cho ham sé: y = —%x a. V& db thi caa ham sé.

b. Trong cac diém M (-3; 1); N (6; 2); P (9; -3) diém nao thudc dd thi (khong v& cac diém do)
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Bai 8 :: V& d6 thi ciaham s6 y = %(ZX +[X)

Bai 9 : Ham s6 f(x) duoc cho bdi bang sau:
X |4 |-3 |-2

a) Tinh f(-4) va f(-2)

b) Ham sb f duoc cho béi cong thic nao?
Bai 10 : Cho ham sb y = f(x) = 2x? + 5x — 3. Tinh f(1); f(0); f(1,5).
Bai 11: Cho d6 thi ham s6 y = 2x c6 d6 thi 1a (d).

a) Hay veé (d).

b) Céc diém nao sau ddy thudc (d): M(-2;1); N(2;4); P(-3,5; 7); Q(1; 3)?
Bai 12: Cho ham sb y = x.

a) V& do thi (d) cua ham sb .

b) Goi M la diém c6 toa d6 1a (3;3). Piém M c6 thudc (d) khong? Vi sao?

¢) Qua M ké dudng thiang vudng goc véi (d) cit Ox tai A va Oy tai B. Tam giac OAB 1a tam giac

gi? Vi sao?

Bai 13: Xét ham sb y = ax duoc cho boi bang sau:
X |1 5) -2
Y |3 15 | -6

a) Viét rd cong thirc ciia ham s di cho.

b) Ham s6 di cho 12 ham s ddng bién hay nghich bién? Vi sao?

CHUYEN BE VIII: THONG KE
Dang 1: Khai thac théng tin tir bang théng ké: Ta can xem xét
- DAu hiéu cua bang thdng ké: La noi dung théng ké( dugc ghi bén trén bang théng ké)
- S cac gia tri cua dau hiéu: Bang s hang x sb cot.
- S cac gia tri khac nhau cua dau hiéu: La céc gia tri khac nhau trong bang théng ké.
- Tan sé cua cac gia tri khac nhau
Dang 2: Lap bang tan s6 va rat ra nhan xét
- V& khung HCN hai dong hoac hai cot (bang doc hoac ngang)
- Dong trén ghi céc gia tri khac nhau cua dau hiéu theo chiéu tang dan
- Dong dudi ghi tan s6 twong tng cta chung. Bén dudi ghi them gié tri N
Bang ngang:

Giatri x
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Tan s6 N=

Bang doc:

Gia tri x Tansén

+ Nhan xét:

- S céc gié tri cuia ddu hiéu: (s6 hang x s6 cot)

- S cac gia tri khac nhau cua dau hiéu

- Gi4 tri 16n nhat, nho nhat, gia trj c6 tan sb 16n nhat.
- Céc gié tri thuoc khoang nao 1a cha yéu

Vi du: Cho diém kiém tra lop 7A:

5 8 5 9 10 6 10 5 8
5 7 6 7 10 6 9 6 9
6 5 5 6 7 5 8 8 5
8 6 8 9 10 6 9 10 10 6
5 7 5 8 8 9 5 6 7 8
a. Néu dau hiéu théng ké?
b. Lap bang tan sb va rat ra NX
Giai:
a. Dau hiéu thng ké: La diém kiém tra Iop 7A
b. Bang tan so:
Gia tri x Tanson
5 12
10

6
7
8
9
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10 6
N=50

Nhan xét:

- S cac gia tri cua dau hiéu: 50 gia tri.

- S cac gia tri khac nhau cua dau hiéu: 6 gia tri.

- Gia trj 16n nhat 14 10, gia tri nho nhat 12 5, gid tri c6 tan sb 16n nhat 13 6.

- Céc gid tri chi yéu thudc tir 5 dén 6.

Dang 3: Dung biéu dé doan thang hoic biéu dé6 HCN

- Lap bang tan sé

- Dung hé truc Oxy, truc Ox la céc gid tri x, Truc Oy la tin s6 .

- V& cac diém ¢ng véi gid tri va tan sb trong bang ta dwoc biéu dd doan thang.
- Néu thay cac doan thang bang HCN ta duoc biéu 6 HCN. (Cha y ti 18)
Dang 4: V& biéu d6 hinh quat

- Lap bang tan sb va tan sut f ( Vai f=n/N) va tinh géc ¢ tim a=360°f rdi v& hinh tron chia thanh cac
hinh quat vé6i goc & tAm tuong tng voi tan suat

Giatri x

Tanson

Tan suat f
f=nIN (%)

Géc ¢ tam
0=360°.f

Dang 5: Tinh Sé trung binh céng , Tim Mét caa diu hiéu.
- Sb trung binh cong

%= XaM XN, X054 XNy
- Tim Mét: Mo 12 gid tri x c6 tan sb 16n nhét, c6 thé co vaiNgia tri Mo,
- Nén ké bang tan sé két hop vai tinh sé trung binh cong va Mét:

Gia tri x Tansdn X.n X Mo
X1 Ny X1. N1
_ Tén
X = g M0=
Xn Nn Xn. Np N
N= Tong:

Lién hé file word todn zalo: 039.373.2038



Phwong phdp gidi todn Pai so 7 Website: tailieumontoan.com

Chu y: vgi nhiing bai todn cét gia tri cia x thugc mgt khodng, ta ké thém cgt tinh gia tri trung binh
bang= (sé dau + sé cuéi):2 ( cot nay déng vai tro nhw cét gia tri x théng thwong) réi thuc hign phép
tinh nhw binh thuong.

Vi du: cho bang tan sé sau:

Gia tri x Tanson
5 12
6 10
7 7
8 9
9 6
10 6
N=50

Tinh gia tri trung binh va Mét?
Giai: Bang tinh gié tri trung binh va Mét:

Gia trj x Tan s n X.n X Mo
5 12 60
6 10 60
7 7 49
8 9 72 X=2=71 Mo=5
9 6 54
10 6 60
N=50 Tong: 355

Vi du: Khéi luwong mdi hoc sinh 16p 7C duoc ghi & bang sau (don vi la kg). Tinh sé trung binh cong.

Khéi lwong (x) Tan s6 (n)
Trén 24 — 28 2
Trén 28 — 32 8
Trén 32 — 36 12
Trén 36 — 40 9
Trén 40 - 44 5
Trén 44 — 48 3
Trén 48 — 52 1
Giai:
Khéi lwong (x) Khéi luong TB Tan s6 (n) X.N X
Trén 24 — 28 26 2 52 ﬂ _ag
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Trén 28 — 32 30 8 240

Trén 32— 36 34 12 408

Trén 36 — 40 38 9 342

Trén 40 — 44 42 5 210

Trén 44 — 48 46 3 138

Trén 48 — 52 50 1 50
BAI TAP:

Bai 1: Mot ban hoc sinh da ghi lai mét s6 viéc tot (don vi: 1an ) ma minh dat duoc trong mdi ngay hoc, sau
day 1a s liéu cua 10 ngay.
Ngay thu 112 |3 (4|56 |7]8]|9]10

Soviectét | 2 | 1| 3| 3|4 |5 |2 |3]3]1

a) Dau hiéu ma ban hoc sinh quan tam 1a gi ?
b) Hay cho biét diu hiéu d6 c6 bao nhiéu gia trj ?
¢) CO6 bao nhiéu sb cac gia tri khac nhau ? D6 13 nhiing gia tri nao ?
d) Hay lap bang “tan s6”.
Bai 2: Nam hoc vira qua, ban Minh ghi lai s6 1an dat diém tét ( tir 8 tro 18n ) trong tirng thang caa minh nhur
sau:

Thang 9 |10 | 11 | 12 1 (2|3 4 5

Solan dat diémtét | 4 | 5 | 7 5 2 11|64 5

a) Dau hiéu ma ban Minh quan tam 1a gi ? S6 cac gia trj 1a bao nhiéu ?

b) Lap bang “tan s6” va rat ra mot s nhan xét.

c) Hay v& biéu dd doan thang.
Bai 3: Mot ctra hang ban Vat liéu xay dung théng ké sé bao xi ming ban duoc hang ngay ( trong 30 ngay )
duoc ghi lai ¢ bang sau.
20 40 30 15 20 35
35 25 20 30 28 40
15 20 35 25 30 25
20 30 28 25 35 40
25 35 30 28 20 30

a) DAau hiéu ma cira hang quan tdm la gi ? S6 céc gia tri 1a bao nhiéu ?

b) Lap bang “tan sb”.

¢) Hay vé& biéu do doan thang, roi tir d6 rat ra mot s6 nhan xét.

d) Hoi trung binh mdi ngay cira hang ban dugc bao nhiéu bao xi ming ? Tim mét caa diu hiéu.
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Bai 4: Biém kiém tra Toan ( 1 tiét ) cua hoc sinh 16p 7B duoc 16p truong ghi lai & bang sau:
Piémsé(x) | 3 4 5 6 7 8 9 10

Tan s (n) 1 2 6 13 8 10 2 3 N =45

a) Dau hiéu ¢ day la gi ? C6 bao nhiéu hoc sinh 1am bai kiém tra ?
b) Hay v& biéu d doan thing va rat ra mot s6 nhan xét.
¢) Tinh diém trung binh dat dwoc caa hoc sinh 16p 7B. Tim mét cua dau hiéu.
d) Néu mdi gié tri dau hiéu tang 10 1an thi trung binh cong thay dbi thé nao?
Bai 5: Biém trung binh mdn Toén ca nim cua cac hoc sinh I6p 7A dugc b gido chu nhiém ghi lai nhu sau:

6,5 8,1 5,5 8,6 5,8 5,8 7,3 8,1 5,8 8,0
7,3 5,8 6,5 6,7 5,5 8,6 6,5 6,5 7,3 7,9
5,5 7,3 7,3 9,0 6,5 6,7 8,6 6,7 6,5 7,3
4,9 6,5 9,5 8,1 7,3 6,7 8,1 7,3 9,0 5,5

a) Dau hiéu ma cd gi4o chu nhiém quan tdm la gi ? C6 bao nhiéu ban trong l6p 7A ?

b) Lap bang “tan s6”. C6 bao nhiéu ban dat loai kha va bao nhiéu ban dat loai gioi ?

¢) Tinh diém trung binh mén Toén ca nam cua hoc sinh 16p 7A . Tim mét cua dau hiéu.

d) Néu mdi gi tri dau hiéu giam 20 lan thi trung binh cong thay d6i nhu thé nao?
Bai 6: Mot trai chan nudi da thong ké sd trimg ga thu duoc hang ngay cua 100 con ga trong 20 ngay dugc
ghi lai ¢ bang sau :

Séluwong(x) | 70 | 75 | 80 | 8 | 88 | 90 | 95

Tan s (n) 1 1 2 4 6 5 1 N =20

a) Dau hiéu ¢ day la gi ? C6 bao nhiéu gia tri khac nhau, d6 1a nhirng gié tri nao ?

b) Hay v& biéu db hinh quat va rdt ra mot s nhan xét.

¢) Hoi trung binh mdi ngay trai thu duoc bao nhiéu tring ga ? Tim mét cua dau hiéu.
Bai 7: Biéu dd hinh chir nhat biéu di&n sé tré em duoc sinh ra trong cic nam tir 1998 dén 2002 & mot
huyén. 290

200
150 150
] I I
1998 1999 2000 2001 2002

a) Hay cho biét nam 2002 c6 bao nhiéu tré em dugc sinh ra ? Nam nao sb tré em sinh ra duoc nhiéu
nhat ? it nhat ?

b) Sao bao nhiéu nam thi sb tré em dugc ting thém 150 em ?
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¢) Trong 5 nam do, trung binh s tré em dugc sinh ra 1a bao nhiéu ?

Bai 8: C6 10 doi bong tham gia mot giai bong da. Mdi doi phai da lugt di va luot vé voi timg doi khac.
a) M&i doi phai da bao nhiéu tran trong sudt giai ?
b) Sé ban thiang qua cac tran dau caa mot doi trong sudt mua giai dugc ghi lai duéi day :

S ban thing () 1 2 3 4 5
Tan s6 (n) 6 5 3 1 1 N =16
Hay V& biéu d6 doan thang.
c) Co bao nhiéu tran d6i bong d6 khong ghi duoc ban thang ? C6 thé néi d6i bong nay da thang 16 tran
khéng ?
Bai 9: C6 10 doi bong tham gia mot giai bong da. Mdi doi phai da luot di va luot vé véi timg doi khéc.
a) CO tat ca bao nhiéu tran trong toan giai ?
b) S ban thing trong cac tran diu cua toan giai dugc ghi lai ¢ bang sau :

Sébanthang (x) | 1 2 3 4 5 6 7 8

Tan s6 (n) 12 | 16 | 20 12 8 6 4 2 N =80

Hay V& biéu d6 doan thiang va nhan xét.
c) Co bao nhiéu tran khong c6 ban thing ?
d) Tinh sé ban thiang trung binh trong mat tran cua ca giai .
e) Tim mét cua dau hiéu.
Bai 10: Khéi luong mdi hoc sinh 16p 7C duoc ghi & bang sau (don vi 1a kg). Tinh sé trung binh cong.

Khéi luong (x) Tan s6 (n)
Trén 24 - 28 2
Trén 28 — 32 8
Trén 32 — 36 12
Trén 36 — 40 9
Trén 40 - 44 5
Trén 44 — 48 3
Trén 48 — 52 1

Bai 11: Dién tich nha ¢ cua cac ho gia dinh trong mot khu dan cu duoc thong ké trong bang sau (don vi :
m?) . Tinh sé trung binh cong.
Dién tich (x) Tan s (n)
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Trén 25 -30 6

Trén 30 - 35 8

Trén 35-40 11

Trén 40 — 45 20

Trén 45 - 50 15

Trén 50 — 55 12

Trén 55 - 60 12

Trén 60 — 65 10

Trén 65-70 6

Bai 12: S6 hoc sinh nita cua 1 truong duoc ghi lai nhu sau:

20 20 21 20 19
20 20 23 21 20
23 22 19 22 22
21 A b C 23

a. Hay néu céc gié tri khac nhau caa dau hiéu, tim tan s cua ting gid tri do, cho biét a,b,c 1a ba sb tu
nhién chan lién tiép tang dan vaa + b + ¢ = 66.
b. Hay néu cac gia tri khac nhau cua dau hiéu, 1ap bang tan sb ,tinh trung binh cong va vé biéu d6 doan
thang, cho biét a,b,c 1a ba sb tu nhién 1¢ lién tiép ting dan vaa + b + ¢ = 63.
Bai 13: Trong mét ky thi hoc sinh gioi 16p 7, diém sb duoc ghi nhu sau: (thang diém 100)

17 40 33 97 73 89 45 44 43 73
58 60 10 99 56 96 45 56 10 60
39 89 56 68 55 88 75 59 37 10
43 96 25 56 31 49 88 23 39 34
38 66 96 10 37 49 56 56 56 55

a/ Hay cho biét diém cao nhat, diém thap nhat.
b/ S6 hoc sinh dat tir 80 tro Ién.
¢/ Sé hoc sinh khoang 65 dén 80 diém
d/ Cac hoc sinh dat tir 88 diém tr& 1én dugc chon vao doi tuyén hoc sinh gioi. C6 bao nhiéu ban dugc cap
hoc bong trong dot nay.
e/ Lap bang tan sb.
f/ Tinh diém trung binh.
g/ Tim Mét.
Bai 14:
a. Hay hoan thanh bang sb liéu sau.
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Gia tri x Tan so n X.n
5 7 35
7 *
3 * *
9 6 54
N=22 Tong: 157
b. Hoan thanh bang s liéu:
Gia tri x Tan so n X.n
6 7 42
7 * *
10 * *
12 6 72
N=22 Tong: 195

Bai 15 :

a. Trung binh cong cta sau s6 1a 7. Néu bé mot s thi trung binh cong ciia nam sb con lai 1a 3. Tim s6 da
bo.

b. Cho bang tan sd sau:

Giatri (x) Tan s6 (n)
5 2
6 5
9 N X =638
10 1

Tim gié tri n.
c. Trung binh cong ciia 4 s6 1a 10. Néu bé mot sd thi trung binh cong ctia ba s6 con lai 1a 12. Tim s6 da
bé.
d. Tudi trung binh 11 cau thi 14 20 tudi, néu bo thu mon thi tudi trung binh 14 19,7 tudi. Tinh tudi tha

mon?
e. Cho bang tan s sau:
Gia tri (x) Tan sé (n)
4 4
7 5
10 4 X=1,75
11 N
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Tim gia tri n.

Bai 16: Cho bang théng keé:

Website: tailieumontoan.com

50 23 56 X 34 98
60 X 66 70 44 78
100 44 78 y y 66
80 40 98 60 70 55
Hoan thanh bang sé liéu trén biét y 16n hon x 1 10 va tong caa X va y 1a 80.
Bai 17: Cho s6 lweng nit hoc sinh tirng 16p trong trwdomg THCS nhw sau:
20 23 y 24 21
X 25 X 25 24
27 19 23 20 23

Tim x va y biét gia tri 25 c6 tan so la 3 va x+y=48
Bai 18: Trong ki thi Toan ciaa mdt I6p c6 3 té A,B,C. Piém trung binh céc té théng ké nhw sau:

To A B C AvaB BvaC
biém TB 9 8,8 7.8 8,9 8,2
Biét to A cd 10 hoc sinh. Tinh sb hoc sinh ting t6 va diém trung binh ca 16p.
HD: Piém trung binh cia 2 té tinh theo CT: % V6i X, y 14 s6 hoc sinh, A va B la diém TB
Bai 19: Cho bang tan sb:
Giatri x 110 115 120 125 2012
Tanso n 5 2 4 3 2 N=16

a. Lap bang thong ké ban dau?

b. C6 thé dung sé trung binh cong dé dai dién cho diu hiéu dugc khong? Vi sao?
Bai 20: Mot bang théng ké cho biét ti 1& nir va nam 1a 11:10. Tudi trung binh cua nit 1a 34, cua nam la 32.
Tinh tudi trung binh cua nhimg nguoi duoc thong ké?

CHUYEN PE IX: BIEU THUC PAI SO

Dang 1: Poc va viét biéu thire dai s6 theo yéu cau bai toan:
Phuong phap: Ta doc phép toan trude (nhan chia doc trudc, cong trir sau), doc cac thira s sau.
Chd y: X% Poc 1a binh phuong cia x, X° : Lap phwong cua X
Vi du: x-4: Hiéu ciax va4;  3.(x+5): Tich cua 3 véi tong cta x va 5.
BAI TAP:
Bai 1: Viét biéu thirc dai s6:

a. Tong céc lap phuong ciaa vab

b. Binh phuong ciia tong 3 s6 a,b,c

c. Tich cua tong hai s6 x va 4 véi hiéu hai sb x va 4
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Viét biéu thtc tinh dién tich hinh thang ¢ hai day a,b chiéu cao h
Viét biéu thic biéu didn tong cac binh phuong 2 s6 1¢ lién tiép.
Viét biéu thirc biéu dién tich 4 sb nguyén lién tiép.
Tich hai sé I¢ lién tiép.
Téng hai sé chin lién tiép.
i. Tich cua tong hai s6 x,y va hiéu cac binh phuong cua hai sé do.
j.  Tong caa tich hai s6 X,y vé6i 5 lan binh phuong cua téng 2 s6 do.
HD:
a, a’+b® b, (a+b+c)® c, (x+4)(x-4) d, (a+b).h:2 e, (2n+1)°>+(2n+3)? f, n(n+1)(n+2)(n+3).
g, (2n+1)(2n+3)  h, 2n+(2n+2) i, xy(X*-yD)  xy+5(x+y)?
Bai 2: Poc céc biéu thirc sau:
a. 7X°  b.(x+5)° c. (x-4)(x+4)
Dang 2: Tinh gi4 tri biéu thirc dai s6 :
Phuong phap :
Budc 1: Thu gon cac biéu thie dai sb.
Budc 2: Thay gia tri cho trudc caa bién vao biéu thirc dai sé.
Budc 3: Tinh gia tri biéu thic sb.
Chay:
[a|] = |b| thi a=b hoac a=-b
[a| + |b| =0 khi a=b=0
la| + [b] < 0 khi a=b=0
la] + b*" < 0 khi a=b=0
la| = b (Pk: b> 0) suy ra a=b hoac a=-b
BAI TAP:
Bai 1 : Tinh gi4 tri biéu thirc

S@ o a

a) A=23x3y+6x% +3xy’ tai x=%;y=—% b) B=x?y?+xy+x®+y taix=-1;y=3

c)C =0,25xy” —3x’y— 5xy— xy’ + Xy + 0,5xy tai x=0,5vay = -1.
d)D= xy—%xzy3 +2xy—2x+%x2y3 +y+1 taix=01vay=-2.

Bai 2 : Cho da thuic
P(x) =x* + 2x* + 1;
Q) =x* + 4 + 2% — 4x + 1;

Tinh : P(-1); P(%); Q(-2); Q(L);

HD: P(-1) =(-1)+2(-1)+1=4; PQ)== ; Q(-2)=1; Q(1)=4

Bai 3: Tinh gia tri biéu thtc sau:
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A=x3-4xy+y? biét [x-1+2[2y+4|=0 B= 4xy-y* biét 3|x-1|+(y-2)?<0
2_n 42 i

c=% biét [x-y|=2016 D=x"-3x+2 Véi [x-5|=7

E=6X"+4X-7 Vi |x-5|=|3x+7| F=3x? +2x Vi |7-2x|= x-3

HD:

a, Vi [x-1|=0; |2y+4|> 0 nén |x-1|+2|2y+4|=0 khi x=1;y=-2. Thay vao A=13.
b, Twong ti Cau a,
t2016

¢, C= xy:g;x) = y;x Ta c6: [x-y|=2016 suy ra x-y=12016. Thay vao C=——— = 672

d, |x-5|=7 suy ra x-5=7 hogc x-5=-7 hay x=12 hodac x=-2.

e, |X-5]=|3x+7| suy ra x-5=3x+7 hodc x-5=-(3x+7), suy ra x=-6 hogc x= >

£, Piéu kién: x-3> 0 =>x> 3. Ta ¢6: |7-2X|=x-3 => 7-2x=x-3 hodc 7-2x=3-x, suy ra x=? hoac x=4
Bai 4: Cho da thirc: A =11x"y®z% + 20x’yz — (4xy22 —10x°yz + 3x*y®z? ) —~ (2008xyz2 + 8x4y322)

a) Xac dinh bac cua A.

b) Tinh gia tri cia A néu 15x—2y =1004z.
HD: A = 2xyz( 15x - 2y - 1004z )

x® —3x* +0,25xy* — 4

Bai 5: Cho: A= 5
X*+y

. Tinh gia tri cua A biét x = %; y la sb nguyén am 16n nhat.

HD: y=-1

Bai 6: Tinh gia tri biéu thirc:
A=x-2009x*+2009x°-2009x2+2009x-2010 vé&i x=2008
B=2x>+3y" vai (x-1)2°+(y-3)*’=0

HD: A=x*(x-2008)-x%(x-2008)+x*(x-2008)-x(x-2008) +x-2010
B=2x>+3y* vdi x=1; y=3

Bai 3: Tinh gia tri caa da thirc:

a) P(x)=x' —80x® +80x° —80x* +...+80x+15 voi x=79 PS: P(79) =94
b) O(x)=x"-10x" +10x'? —10x"" + ... +10x> = 10x + 10 V6i x=9  BS: 09)=1
) R(x)=x*—17x> +17x* =17x +20 V6i x =16 BS: R(16) =4

d) S(x0)=x"0-13x7 +13x3 = 13x7 +...+13x2 = 13x+10 Vi x=12  DS: S(12)=-2

HD: Véi cac bai toan cd quy ludr nhw trén, dé tinh P(Xo) ta thuong phdn tich dé xudt hién (x-xo)
P(x)=x" -80x° +80x° — 80x* +80x° -80x? +80x +15=x"-79x® —x® +79x° +X°.....-X*+79x+x+15
=X°(X-79) =X°(X-79)......-X(x-79) +x+15. Suy ra P(79)=79+15=94.

X|+]y|=10

Bai 4. Cho x va y 1a hai sb nguyén cing dau. Tinh x + y biét
HD: Xét x,y > 0 suy ra |x|=x, |[y|=y nén |x| + |y| =10 suy ra x+y=10. Twong tw voi x,y<0.
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Bai 5: . Tinh gia tri cua biéu thuc:

al ax +ay + bx + by biéta+b=-2, x +y =17 b/ ax - ay + bx - by biéta+b=-7, x-y=-1
HD: a, (x+y)(a+b) b, (x-y)(a+b)
Bai 6:

a. Cho x-y=0 Tinh : B=7x-7y+4ax-4ay+5 va C=x(x*+y?)-y(x*+y?)

b. Cho x*+y?=5. Tinh A=4x*+7x%y?*+3y"* +5y*

c. Cho x*+y?=2. Tinh B=3x*+5x%y*+2y*+2y*.

d. Cho x+y=2. Tinh A=x*+2xy-2x3+x2y?-2x%y-X (X +y)+2x+3
HD: a, B=7(x-y)+4a(x-y)+5; C=(x*+y?)(x-y)
b, A=4x*+4x3y?+3x%y%+3y* +5y*=4x* (x*+y?)+3y* (X*+y?)+5y?=20x*+20y*=100.
B=3x"+3x’y*+2x°y*+2y* +2y*=12.

Bai 7:
a. Tinh gié tri biéu thic cho x-y=3 (x#-1, y#5).
_x-8 _ ax-y
A= y-5 3x+3

b. Tinh gi4 tri biéu thirc biét: x-y=2015
_2x+2015 2y—-2015
- 3x-y 3y—x

C. Cho%z Z Tinh C=

2a—-5b
a-3b "’

d. Cho a-b=7. Tinh D= 3%zt 4 3b-a
2a+7 2b—7

x—8 4x—(x—-3 x—8 3x+3
HD: a. A= ey a8 3
(x=3)-5 3x+3 x—8  3x+3

b, x=y+2015 roi thay vao A

¢, a=3k; b=4k rsi thay vao C

d, a=b+7 roi thay vao D.

Bai 8: Hai doan tau cung lac tir hai ga A va B, di nguoc chiéu nhau, doan tau di tir A v6i van téc v (km/h),

1-1=0

doan tau di tir B v&i van tdc nho hon tau A 1a 3 (km/h), hai tau gap nhau sau 2h.

a, Quang duong AB=?

b, Tinh quing dudng biét v=60 km/h.

HD:

Van toc tau A la v (km/h) thi tau B la v-3 (km/h). Quéng dwong tau A di sau 2h la: 2v, quing dwong tau B
di la: 2(v-3). Vi hai tau di nguwoc chiéu nén AB=2v+2(v-3).

Bai 9: Cho A(X)=1+x+x?+x+....x*". va B=1-x+x*-x......+X
Tinh A(-1); A(2); B(1); B(-1)

HD: A(-1)=1; A(1)=2017; B(1)=1; B(-1)=2017.

Bai 10: Cho A= o+

x2—-2x+3

. Tim x dé A=1.
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Z4x+1
HD: A=1 suy ra: =—
x“—=2x+3

Dang 3: Tim GTLN, GTNN
Phwong phap:
Pua vé dang fA(x)+a hoac -fA(x)+a rdi danh gia.

=1 & X2+x+1=x%2x+3 & x2+x-x*+2x=3-1 hay x= %

FERT L b\2  4qc—b>
Néu biéu thuc c6 dang: ax® +bx +c = a. (x + Z) + aia

Vi du: Tim GTLN,GTNN caa A=(x-1)%-30; B=-|x-1|-(2y+1)?+300.
Giai: Vi (x-1)>> 0 nén (x-1)?-30 > -30. Vay GTNN A=-30 khi (x-1)>=0 hay x=1.
Vi-x-1]<0; -(2y+1)’<0nén -Jx-1]-(2y+1)*+300< 300. Vay GTLN B=300 khi x=1; y= —

1

-
30

(x—1)2+6"

Giai: Vi (x — 1)2 = 0 nén (x-1)+6 > 6. Suyra ——— <32 = 5. vay GTLN A=5 khi x=1.

(x-1)%2+6 6

Vi du: Tim GTNN: 2x? + 4x+20
Giai: Ta c6: 2x? + 4x+20= 2(x+1)? +18. Vi 2(x+1)* > 0 nén 2(x+1)* +18 >18. Vay GTNN la 18 khi (x+1)?
=0, suy ra x=-1.
Vi du: Tim GTLN : -x* + 4x-20.
Giai:
Ta c6: -x + 4x -20 = -(x-2)? -16. Vi -(x-2) < 0 nén -(x-2)% -16 < -16. Vay GTLN Ia -16 khi (x-2)* = 0 suy
ra x=2.
BAI TAP:
Bai 1: Tim GTLN,GTNN
(x-2)* +2016
(x-4)* +(y+1)*° -2018
(x+2014)" +(y-2015)*? +(z-2016)** +2017
—(30-x)* -3(y+2)?* +2020
—(x-2)% —(y-3)* =(z-3)* +1975
(x*+5)%+100.
x%+4
" x243

1
(x—1)2+3"

(x+1)2+|y-3|+7
(x+1)2+|y-3|+2 '
DS:

a, Min=2016 khi x=2; b, Min=-2018 khi x=4 vay=-1; ¢, Min=2017 khi x=-2014, y=2015, z=2016
d, Max=2020 khi x=30, y=-2; e, Max=1975 khi x=2, y=3, z=3

X244 x4341 14t

g’xz+3 T x2+3 x243

Vi du: Tim GTLN, GTNN néu c6 cua A=

- ® o0 o

f, Max=125 khi x=0; nén Max(g):g khi x=0.
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(x+1)2+|y—-3[+2+5 5
(x+1)2+|y-3|+2 (x+1)2+|y—3|+2

h, Max :§ khi x=1; i, nén Max:% khi x=-1, y=3

Bai 2: Tim céc sé nguyén sao cho:

a) Xxy+3x-7y=21

b) xy+3x-2y=11

Bai 3: Tim tat ca c4c sé nguyén a biét:

a) (6a+1): (3a-1),b) 3a+5:2a-1 c)a*-5a:a-2 d)6a-4:1-2a e)3-2a:3a+l

Dang 4: Bai tap don thirc

Nhdn biét don thirc, thu gon don thirc, tim bdc, hé so.

Phuong phap:

Nhan biét don thirc: trong biéu thire khéng c6 phép toan tong hoic hiéu.

Thu gon don thuc:

Budc 1: dung qui tic nhan don thuce dé thu gon: Nhan hé sb véi nhau, bién véi nhau

Budc 2: xac dinh hé sb, bac cua don thirc d4 thu gon: Bac 1a tong sé mii ciia phan bién.

Pon thire dong dang: La cdc don thirc ¢6 cung phan bién nhung khdc nhau hé sé.

Chii y: Pé chirng minh cdc don thirc cing dieong hodc cing m hogc khdng thé cing diong, ciing dm ta
lay tich cia ching roi danh gid két qua.

Vi du: Hay sip xép cac don thic theo nhom don thire ddng dang: 3xy; 3xy*; -12xy; %xy3; 2016xy

Giai: Cac nhom don thirc ddng dang 1a: 3xy; -12xy; 2016xy va 3xy>; %xy3

Vi du: Trong cac biéu thirc sau, dau 1a don thire, dau 1a da thuc: 3; 3x-2; x*(x-1); 3x%yz; 3x; -6xyz

Giai: Pon thic: 3; 3x; 3x°yz; -6xyz Pa thirc: 3x-2; X*(x-1)

Chu y: Pé kiém tra cdc don thirc c6 ciing dm, cing dwong, hay nhitng bai toan chitng minh don thirc
khéng cing dm, khong ciing dwong, chirng minh it nhédt mét don thiec ém.....Ta nhén cdc don thirc
véi nhau roi danh gid két qud thu dwoc:

Vi du: Cho cac don thirc: A=-5xy; B=11xy?*; C=x?y".

a. Tim hé sb va bac caa D=A.B.C.
b. Céc don thic trén c6 thé cung dwong hay khong?

Giai:

a. D=-55x%® Heésb:-55, Bac: 10

b. D=-55.x"y* < 0nén A, B,C khong thé cing duong.

Vi du: Cho A=3ab%c va B=-5a°bc®. Tim d4u cua a biét A va B trai dau.

Giai: Vi A va B trai dau nén A.B<O0 suy ra : 3a’b’c.(-5a°bc*)<0 hay -15a°bh*c*<0.

Vi b*c*> 0 nén a° <0. Vay a<O0.

Vi du: Nhan biét dau 1a don thuc, dau 1a da thuc:

3xy; x+2y; x3(x-3); %xyz; 5X%y?
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Giai: Pon thic la: 3xy; %xyz; 5x°y°. Pa thuc 1a: x+2y; x*(x-3);
Vi du: Trong céc biéu thirc sau, dau 1a da thirc, dau khong phai 1a da thic.
zy?-3xy 3x—4xyz

2_py2 52 . .
2Xy+3X°-4X°yz*, PR xy

Giai: Pa thuc 1a: 2xy+3x%-4x%yz?;

BAI TAP:
Bai 3: Thu gon don thurc, tim bac, hé sd.

2, 20" 23” © biéu thue con lai khong phai da thic.

1 2 3 2 3 2 3 1 2 3
A=——x"y.2 B=-2xy'z.—Xx"yz C=—xy .(——vz
3Xy Xy Yz Xy % ( 4y)
3 3.2 N3 1 5 2 1 3 2 2
D=(—x’yz E=(——x"y).(-2x F=—(xy).—x
( S XY ) ( 2 ¥).(=2xy7) 5(y) 3

— 3 5 2 2 3,/4 — 3 5.4 2 8 2.5
K= X .{—Zx yj.(gx y j L-(—Zx y ].(xy ). -5 XY j
bSs:

a, -2/3x%y* b, -312. %2 ¢ -1/4xy’z d,-27/125.xY°® e, 112x°%° £, 2/15.X°)°
k, -1/2.x8y° 1, 2/3.8%yM

Bai 4 : Thu gon cac don thiic sau, roi tim hé s, phan bién, bac caa ching:

a) 2x%yz.(-3xy’z) ;. b) (-12xyz).(-4/3x%yZd)y;

c)5ax’yz(-8xy° bz)? (a, b 13 hing s6 cho trugc);  d) 15xy°z(-4/3x%yz*)*. 2xy

bS:

a, -6x°y*z% b, 16.°y*z* ¢, 320ab®.x*y'Z® (hé s6: 320ab?, bdc 14) d, -320/9.x%y°7*°
Bai 5:

Cho cac don thuc : 2x%y° ; 5y>3 ; - —x3 v - 1y Y

a) Hiy xé4c dinh cac don thire ddng dang . b)Tlnh da thic F 12 tong cac don thic trén
c) Tim gia tri cua dathirc Ftaix=-3 ;y=2.

d) Nhan cac don thirc da cho roi tim bac, phén bién, hé s cua don thuc tich.
Bai 6: Tim n sao cho bac cia don thic sau bang 131 A(x)= 2x"?yz3 3x%y"z*
HD: n+2+1+3+2+n-1+4=13 < n=1

Bai 7: Tim m,n sao cho bac don thirc A(x) 1a 9 , bac don thirc B(X) la 10.
A(X): 3X2n+1ym+3 va B(X)=5Zn+2t3m+3

Bac A(x):9 _ 2n+1+m+3=9 _ n=2

Bac B(x):10 {n+2+3m+3 0= tmo1

Bai 8: Tim don thirc M va N biét

a. M.(xy))=5xy" b N: (xy?)=3x"y

Bai 9:

HD:{
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c. Trong 3 don thuc : -2x%y™ : 11x%° ; -4x’y*  C6 thé cung am dwoc khong?

d. Ching to: 3x%yz?; -xy®z%t; 6x°y*t* 6 it nhat mot don thuc am.

HD: Tinh tich 3 don thirc réi kiém tra xem két qua dm hay dwong.

Bai 10: Cho M=-5x%y. Tim c4c cp sé nguyén x, y dé M=-160

Bai 11: Cho a+b+c=0. CMR: ab+2bc+3ca < 0

HD: ab+2bc+3ac=a(b+c) +2c(b+a)=-a*-2c

Bai 12: Cho A=3m*x*y’z va B=12x%y’z.

a. Hai don thire trén c6 ddng dang khong néu m 1a bién? Néu m 1a hang s6?

b. Tim don thirc C=A-B véi m 1a hang sb.

. Xac dinh m dé C =0 véi moi gié tri x,y,z.

HD: a, dong dang: m 1a hang sé va nguoc lai ¢, C=3(m?-4)x%y*z, @é C=0 véi moi x,y,z thi m=2;-2.
Bai 13: Viét mdi don thirc sau dudi dang tich cua hai don thire, trong d6 c6 mot don thic 14 : — % x%y%z
a, 21x%v?2° b, (-4x%z)® ¢ 2(x%yz)®  d, 15x<"ykR

HD: a, -14xz* b, 1z—s.ac“yz2 c, —%.xzz d, -10x*ty*z?

Bai 14: Cho A=-2ah® va B=3a’h®. Tim d4u cua a biét hai don thirc trén cung ddu? (a,b # 0)

HD: Tinh A.B=-6.a’b®>0 ( vi hai don thirc cung ddu cé tich dwong). Suy ra a<o.

xy =2 x%yz = =2
Bai 15: Tim x,y,z biét a, {yz =6 b xy?*z=2
xz =3 xyzz = —4

HD: a, nhan theo Vé ta duoc:xy.yz.xz=2.6.3=36 hay x?y*z*=36, suy ra xyz=6 hodc xyz=-6.

xy =2 z=3

Vai xyz=6 ma {yz =6 =>{x =1,
xz =73 y=2
xy =2 z=-3

Véi xyz=-6 ma {yz =6=> {x =-1
xz =73 y=-2

Bai 16:

a. Cho A=2x%yz va B=xy’z. CMR néu 2x+y : m thi A+B i m (véi x,y nguyén).

b, Cho cac don thirc A = x?y va B = xy* .Ching 6 réng néu x,y nguyén va x +y chia
hét cho 13 thi A + B chia hét cho 13.

HD:a, A+B=xyz(2x+y). b, A+B=xy(x+y)

Bai 17: Tinh:

a. A= xy+23YP+3x3YP+. ... +100X°%Y?

b. B=x3y**- 23y +3x3y? +. .. +2009x°y**-2010x°y**

c. C=3xyz*+ 3%xyz*+3% xyz?+....3%% xyz?

_3 3,3 3 3
d. D_z.s xyz® + —XYZ7 et Xyz
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HD:

2_(1+100).100 yP=5050 xy?

a. A=(1+2+3+....100) X’y
b. B=(1-2+3-4......-2010) x*y**=-1005. x*y**

Bai 18: Cho biéu thuc :

P= 2a2n+1 _ 3a2n + 5a2n+1_ 7a2n + 3a2n+1 ( n nguyén)

Vi giatrinao caaathi P >0

HD: P=10a?"(a-1)>0 => a>1.

Bai 19: Cho biéu thirc: Q = 5x*™2 + 3x* + 2x*2 + 4x¥ + x"2 + x¥ (k nguyén)

Vaigiatrinaociax vakthiQ<0

Bai 20: Biét A=x%z,B=xy’z;C=xyz’vax+x+z=1

Chung t6 rang A + B + C = xyz.

Bai 21: Cho A = 8x°y*; B = - 2x%*; C = - 6x’y®.Chiing t6 rang : Ax*+ Bx + C =0

Bai 22: Rat gon:

a,10"-66.10" b, 2"+ 2"2-2""14 2" ¢ 90.10%- 10K%+ 10" ,

Dang 5: Bai tap Pa thic:Nhdn biér da thirc, thu gon da thuc, tim bdc, hé so cao nhat, nhdn chia da thirc

Phuong phap:

Nhan biét da thuc: trong biéu thurc chira phép toan tdng hoic hiéu.

Dé nhan da thic ta nhan ting hang tir cua da thic ndy véi tirng hang tir cua da thic kia. Dé chia da thuc ta
V€ cOt chia da thuec.

Thu gon da thtrc:

Budc 1: nhém cac hang tir dong dang, tinh cong, trir cac hang tir dong dang.

Budc 2: Bac cua da thirc 1a bac cao nhét cua don thic

BAI TAP:

Bai 6: Thu gon da thurc, tim bac.

2315

1 3
A=15x%y® + 7x? —8x%y? —12x% +11x°y? —12x%y? B:3x5y+§xy4+zx y _EX y+2xy* —x2y®

1 1 2 1 1
C=xXy——xy" +=—xXy+—xy +1 D=xy’z+3xyz’ ——xy’z——xyz’ -2
y ) y 3 y 3 y Y yZ 5 y 3 yZ
E:3xy5—x2y+7xy—3xy5+3x2y—%xy+1 K=5x"—4x+7x" - 6x> +4x+1

F=12xy" —gx“y2 +2xy" - X'y +x'y —xy’ =5

Bai 7 : Tinh tong va hiéu cua hai da thtrc va tim bac cua da thirc thu duoc .
a) A=4x’—5xy+3y° ; B =3x"+2xy -y’

b)C=x’ —2x2y+%xy2 -y'+1; D=-x —%x2y+ xy' —y'-2
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c) E=5xy—§x2y+ xyz-1; F =2x2y—xyzz—§xy+ x+%

d)M=25x%x> —O,1x2y+ y3; N = 4x2y—3,5x3 +7xy2 — y3.
Bai 8: Tim da thuc M, biét :
8) M + (5x° — 2xy) = 6x” + 9xy - y* b) M+(3x%y—2xy°) = 2x% y —4xy°

1
c) (Exy2+X2_XZY)_M:_XYZ+XZY+1 d) M—(x3y2—x2y+xy):2x3y2—%xy

Bai 9: Cho da thic A = —2xy2 +3xy +5xy2 +5xy +1 — 7x2 = 3y? — 2X% + y?
B = 5% + Xy — X* — 2y°
a) Thu gon da thirc A, B. Tim bac cua A, B.

b) Tinh gia tri cua A tai x = _?1; y=-1

c) TinhC=A+ B. Tinh gia tri cia da thac Ctaix=-1;y = 71
d) TimD=A-B.

Bai 10: Pa thurc sau ¢6 bac bao nhiéu?

A=(x*-2x+1)".(x-3+x°)°

B=(2+3x)"%.3x*

HD: (x*-2x+1)*? ¢6 liiy thira I6n nhdt 1a 4.12=48 con (x-3+x°)% ¢6 Liy thira 16n nhat la 3.5=15 nén liiy thira
I6n nhdt cua A 12 48+15=63. Vdy A bdc 1a 63.

Dang 6: Pa thirc mot bién:

Phuong phap:

Budc 1: thu gon cac don thire va sap xép theo lity thira giam dan cua bién.

Budc 2: viét cac da thirc sao cho céc hang tir dong dang thang cot vai nhau.

Budc 3: thuc hién phép tinh cong hoic trir cac hang tir dong dang cung cot.

BAI TAP:
Bai 10: tinh téng va hiéu cua hai da thirc sau:
a) A(x):3x4—%x3+2x2—3 ; B(x) = 8x* + %x3—9x+§

Tinh : A(X) + B(X); A(X) - B(x); B(X) - A(X);

b) C(x)=-2x"+x" —%x—9 : D(x)=2x’ - 3x* —§x+5
Tinh C(x) + D(X) ; C(X)-D(x) ; D(x) - C(x)

) P(x)=15x°-0,75x" +2x’ - x+8; Q(x) =X’ —3X4+%x3 -x’-5
Tinh P(x) + Q(x) ; P(X)-Q(X) ; Q(x) - P(x)
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d) M(x)=-0,25x" +3x* —x+2x> —8x2— x> +3; N(x)=0,75x> —2x* —2x> + x* + 2
Tinh M(x) + N(X) ; M(x) - N(X) ; N(x) - M(X)

Bai 11:Cho 2 da thirc : P(X) = - 2x* + 3x* + x> +x° - %x

Q(x)= 3x*+3x*- % - 4x3 - 2x2

a) Sap xép cac hang tir cia mdi da thuc theo luy thira giam dan caa bién. Tim bac, hé sé cao nhat, hé sé tu
do ctia mdi da thirc.
b) Tinh P(x) + Q(x); P(x) - Q(x); Q(X) — P(x).
c) bat M(x) = P(x) - Q(x). Tinh M(-2).
d) Chung to x =0 la nghiém cua da thirc P(x), nhung khong phai la nghiém cua da thac Q(X).
HD: d, P(0)=0va Q(0)= _Tl nén x=0 la nghiém P(x)
Bai 12:Cho 3 da thuc :
M(X) = 3 + X+ 4x* —x =3 +5x* +x* - 6
NX)=-x2=x* + 43 =x? -5x3+ 3x + 1 + X
P(x) =1 +2x° = 3x* + x° + 3x% - x* - 2x
a) Tinh : M(X) + N(X) + P(X) ;
b) Tinh M(x) — N(x) — P(x)
HD: Rat gon, sap xép lai theo liy thira giam dan réi tinh
Bai 13: Cho hai da thirc P(x) = x° — x* va Q(x) = x* - x.
Tim da thirc R(x) sao cho P(x) + Q(x) + R(x) 1a da thirc khodng.
HD: R(x)=-[ P(x)+Q(x)]
Bai 14: Cho da thuc P(x) = ax® — 2x* + x — 2(a 1a hing s cho truéc)
a) Tim bac, hé sb cao nhat, hé sb tu do cua P(x).
b) Tinh gia tri cta P(x) tai x = 0.
¢) Tim hing sé a thich hop dé P(x) c6 gia trj 12 5 tai x = 1.
HD: a, bdc: 3 hé sé cao nhdat: a hé sé tw do: -2
C, P(1)=5néna=8
Bai 15: Cho f(x) la da thirc c6 bac 4. Chung minh rang néu f(x)=Ff(-x) thi cac hé sé mii 1é déu bang 0.
HD: f(x)=a.x*+bx3+cx?+ dx+e, vi f(x)=f(-x) nén b=d=0
Bai 16: Cho f(x) 1a da thirc ¢6 bac 2, chang minh rang néu f(5)=F(-5) thi f(x)=Ff(-x).
HD: f(x)=a.x’+bx+c, vi f(5)=f(-5) nén b=0 => f(x)=a.x* +¢ =>f(-x)=f(x)

Bai 17: Cho 2 da thie P (x) =x? +2mx+m? va Q(x) =x? + (2m+1)x + m?

Tim mbiét P (1)=Q (-1).
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HD: m= —
4

Bai 18: Cho céac da thuc:
AX) =2 =4+ X° = 2x + 2
B(x) =x*-2x* +x* - 5x + 3

C(x) =x"+4x>+3x* - 8x + 4%

d. Tinh M(x) = A(x) — 2B(x) + C(X).

e. Tinh giatri caa M(x) khi x = —/0,25 .

f.  C6 gié tri nao cua x dé M(x) = 0 khéng ?

HD: M(X)=5x"*+2x? +%

Bai 19: Cho f(x)=ax’+bx+c=0 vé&i moi gié tri x. CMR: a=b=c=0

HD: vi f(x)=0 véi moi x =>f(0)=0 suy ra ¢=0; f(1)=0 suy ra a+b=0 (1) ; f(-1)=0 suy ra a-b=0(2). Tz (1) va (2) suy
ra a=b=c=0.

Bai 20: f(x)=ax’+bx+c véi a,b,c 1a s6 nguyén. Biét gié trj cua biéu thuc chia hét cho 3 voi moi gia tri nguyén cua x.
CMR: a.b.c déu chia hét cho 3.

HD: vi f(x) chia hét cho 3 véi moi x nén f(0):3 hay c:3, f(1) : 3va f(-1) : 3nén a+b : 3va a-b: 3, suy raa: 3 vab: 3.
Bai 21: Cho f(x)=ax*+bx+c ¢ f(1)=f(-1). CMR: f(x)=f(-x).

HD: lam nhu bai 16.

Bai 22: Cho f(x)=ax+b. Tim a,b biét f(1)=1; f(2)=4.

f)=11__(a+b=11 _
fQ)=4 { ==

{a =-7
2a+b=4
Bai 23: Cho ham s6 f(x) thoa man f(x) + 2f(2-x)=3x (1) v6i moi s6 thuc x. Tinh f(2)=?

HD: { b—18
HD: Ta c0:vdi x=2 thay vao (1) ta duoc: f(2) +2.f(0)=6 (3). Thay x=0 vao (1) ta duwoc: f(0)+2.f(2)=0(4)
Tu (3) va (4) =>f(2)=-2

Bai 24: Viét dudi dang da thurc cc biéu thuc sau:

mn+2m— 3n
(ab)? - ab
c. abc—bc+a

HD:
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a, mn + 2m — 3n=10m+n+2m-3n=12m-2n( ding cdu tgo so)
b, (10a+b)>-(10a+b)

¢, 100a+10b+c-(10b+c)+a=101a.

Bai 24: Chtng minh rang: P(x)= ax® + bx® + cx+d c6 gié tri nguyén v&i moi x nguyén khi va chi khi 6a, 2b, a + b
+ ¢ va d 1a sb nguyén..

HD :

f0)=d(@); fl)=a+b+c+d(2) ;f(-1)=-a+b-c+d (3); f(2)=8a+4b+2c+d (4)

-Néu f{x) cé gid tri nguyén véi moi x thi tir (1) => d nguyén.

Vi a+b+c+d nguyén va —a+b-c+d nguyén nén (a+b+c+d) +(-a+b-c+d) nguyén hay 2b+2d nguyén ma d nguyén suy
ra 2b nguyén.

Vi f(2) =8a+4b+2c+d=(a+b+c+d)+(a+b+c)+2b+6a nguyénma a+hb+c;a+b+c+d; 2bnguyén nén 6a
-Chiéu nguoc lai ching minh twong tu

Bai 25: Cho da thirc f(x) = ax*+bx*+cx-+d véi a,b,c,d 1a cac sb nguyén. Biét ring v6i moi gia tri nguyén cua x thi gia
tri cua da thirc déu chia hét cho 5. Chttng minh ré‘ing a,b,c,d déu chia hét cho 5

HD: Tinh f(0): 5=>d:5,f(1) : 5 néna+b+c:5; f(-1): 5nén-a+b-c:5=>b:5vaa+c:5 (1)

f(2) : 5=>4(2a+b):5nén2a+b:5 (2). Tw (1) (2) suyraais,c:5.

B{Bli 26: Da thirc f(x)=ax*+bx-+c cd a,b,c 1a cac s6 nguyén va a # 0 .Biét v&i moi gia tri nguyén thi f(x) chia
hét cho 7.chung minh a,b,c,cling chia hét cho 7

HD: Tinh f(0); f(1); f(-1)

Bai 27: Cho A(x)= ax’+bx+c. Tim a,b,c biét : 3a+2b+c=7; a+b=4; A(2)=10.

HD: A(2)=4a+2b+c=10(1); 3a+2b+c=7 (2); a+b=4 (3). Lay (1)-(2) theo vé ta dwoc: a=3 thay vaio (3) dwoc b=1,
thay a=3, b=1 vao (1) dwoc c=-4.

. 14 b N
Bai 28: Cho N(x) = ax*+bx+c. Tim a,b,c biét% =<= % va N(-2)=18.

HD: Vi <= b_c_ k nén a=3k; b=5k; c=7k.
3 5 7

N(-2)=18 nén 3k.(-2)?+5k(-2)+7k=18 <> 9k=19 hay k=2. Suy ra a=6; b=10; c=14.
Bai 29:
a. Timtdng cac hé s6 cua da thirc nhan dugc sau khi bé diu ngoic trong biéu thuc:

AX) = (3—4x+X2)™ . (3+4x+ x*)*®,
b. Tim tén% cac hé sb cua da thirc nhan duoc sau khi bo dau ngoac trong biéu
thire: (x*—2x+2)1%. (x*-3x+3)"0%,
HD: a, Tong hé sé ciia mét da thire chinh la gid tri ciia da thire d6 tai x=1: Thay x=1I vao A(x) ta dwoc tong cic hé
56 la (3-4.1+1)(3+4.1+1)°®=0.
b, Tuwong tw
Bai 30: Cho A(x)= ax*+bx*+cx+d. Tim a,b,c,d biét A(0)=1; A(1)=0; A(2)=5; A(3)=32
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HD:

A(0)=1 nén d=1; A(1)=0 nén a+b+c=-1; A(2)=5 nén 8a+4b+2c=4 ; A(3)=32 nén 27a+9b3c=31

Bai 31: Cho A(X)=ax’+2bx+c-1-7x; B(X)=8x?-5x+4+2x%6. Tim a,b,c & A(x)=B(x).

HD: A(x)=ax*+(2b-7)x+c-1 ; B(x)=10x>-5x-2. Pé A(x)=B(x) thi a=10; 2b-7=-5; ¢-1=-2 . Tir d6 tim a,b,c.

Bai 32: Tim da thirc c6 bic nhé hon 4 théa mén hé thire: ) 3.f(x)-f(1-x)=x*1 b) x.P(x-2)=(x-1).P(x)

HD: a, Vi da thirc ¢é bdc nhé hon 4 nén f(x)=ax>+bx*+cx+d. Két hop voi 3.f(x)-{(1-X)=x*-1 roi dong nhat thirc hai vé

5
suyra:  f(x) = %xz - %x+§

Bai 33: cho f(x)=ax3+bx2+cx+d véi a,b,c,d nguyén. CMR khéng cling ton tai f(7)=53 va f(3)=39

Dang 7 : Tim nghiém cia da thic 1 bién

1. Kiém tra 1 sé cho trwéc c6 1a nghiém ciia da thirc mgt bién khong
Phwong phap :
Budc 1: Tinh gié tri cua da thic tai gia tri caa bién cho trude do.
Budc 2: Néu gié trj cua da thuc bang 0 thi gia tri cua bién d6 12 nghiém cua da thic va nguoc lai.
Vi du: Kiém tra x=2 c6 phai 1a nghiém cua da thirc sau hay khong: P(x)=3x-6; Q(x) = x+2.
Giai:
Ta c0 P(2)=3.2-6=0 nén x=2 la nghiém cua P(x).
Q(2)=2+2=4 # 0 nén x=2 khong phai 1a nghiém ctiia Q(X).
2. Tim nghiém ciia da thirc mgt bién
Phuong phap :
Budc 1: Cho da thic bang 0.
Budc 2: Giai bai toan tim x.
Budc 3: Gia tri X vira tim duoc la nghiém cua da thirc.
Chay:
—Néu A(x).B(x) =0 => A(x) =0 hogc B(x) =0
— Néu da thirc P(X) = ax’ + bx + ¢ c6 a + b + ¢ = 0 thi ta tAch bx=ax+cx réi nhém hang ti chung dwa vé
dang tich. ket qua da thirc ¢6 2 nghiém 1a x = 1, nghiém con lai x, = c/a.
— Néu da thirc P(X) = ax’*+ bx + ¢ cd a—b + ¢ = 0 thi ta tAch bx=cx-ax réi nhém hang tir chung dica vé
dang tich. két qua da thirc ¢6 2 nghiém 1a  x = -1, nghiém con lai x, = -c/a.
- Néu da thirc P(x) = ax® + bx + ¢ khong c6 hai tinh chat trén, ta tinh tich a.c réi phan tich vé hai sé c6
tong la b.
Vi du: Tim nghiém cua cac da thirc sau:
3x-12; X2 -Tx+6; -3x% +2x+5; x* — Tx+12
Giai:
3x-12=0 suy ra x=4.
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X% -7x+6=0 . Vi a+b+c=0 nén x=1; x=6.

-3x% +2x+5=0. Vi a-b+c=-3-2+5=0 tach 2x=-3x+5x ta dugc: -3x* -3x+5x+5=0 ¢ -3x(x+1) +5(x+1)=0
@ (x+1)(-3x+5)=0 nén x=-1; x = 2,
x? — 7Tx+12=0. Ta c6 : a.c=1.12=12=(-3).(-4) (hai sb c6 téng bang -7)

X2 — Tx+12=0 => x* — 3x — 4x+12=0 => x(X-3) — 4(x-3)=0 => (x-3)(x-4)=0. Suy ra x=3;4
3. Tim a dé da thic P(x) c6 nghiém 1a Xg:

Phwong phap: Tinh P(xo) = 0 dé tim a.

Vi du: Tim a dé x=1 1a nghiém cua da thirc Q(x)=x* — 3x.a+a+2.
Giai: Pé x=1 la nghiém cua Q(x) thi Q(1)=0 suy ra 1% - 3.1.a+a+2=0 => -3a+a+3=0 hay a = %

4. Ching minh da thirc v0 nghiém.
Phwong phap: Ta bién doi da thirc dé vé mét biéu thire luén dwong, luén dm hodc Vo Ii.
A . i 2 by2 b*-4ac

Can chu y: [f(x)[>0 v&i moi x; ax“+bx+c =a (x + Z) S

Vi du: Chuing minh cac da sau vo nghiém:

A(X) = |x-1| +2; B(x)= (x-2)% +1026; C(x)= X* - 4x+40.

Giai:

Vi |x-1| = 0 véi V x nén |x-1| +2>0 vai V x. Suy ra A(x) vo nghiém.

Vi (x-2)? > 0 v&i V x nén (x-2)? +2016>0 véi V x. Suy ra B(x) vo nghiém.

Ta c6: X% - 4x+40= (x-2)? +36 >0 v&i V x nén C(x) vd nghiém.

BAI TAP:

Bai 15 : Cho da thic f(x) = x* + 2x3 - 2x° - 6x + 5
Trong céc sé sau : 1; —1; 2; =2 s6 nao 1a nghiém cua da thirc f(x).

HD: f(1)=0 => x=1 la nghiém,

f(-1)=8; f(2)=17; f(-2)=9 nén x=-1, x=2, x=-2 khéng phdi nghiém da thuc.

Bai 16 : Tim nghiém cua cac da thurc sau.
a. AX)= x5-5x+6; B(X)= x>+x?+x+1; C(X)=6x>-11x+3; D(X)= 4x*-4x-3; E(X)=2x*-3x-27
b. F(x) =3x-6; H(x) = -5x + 30 G(x)=(x-3)(16-4x) K(x)=x?-81
C. P(X)=x*+4x%-29x+24; Q(x)=3x%-8x+4; R(X)=x*2x+x-2; L(X)=(x+3)*+(x*-9)?
d. AX)=x-1]-3; BX)=[2x+1|-x+5[; C(X)=|x-2|+2x-3; D(X)=|x-1|+(x*1)?

Chay:
—Néu A(x).B(x) =0 => A(x) =0 hoic B(x) =0

Bai 17:Tim nghiém cua da thuc

a)4x +9 b) -5x+6 C) x2 -1 d) x2 -9 e) x2 - X.

f) X2 —2x. g) (x=4)0¢ + 1) h) 3x2 — 4x i) %2 +9 k) x%-3x
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) x*-4x+3 m) x*-8x*+7

HD: a,— b2 ¢ 1;-1  d,3-3 €071 f02 g4 h0;Z i Vonghiem
Bai 18: Tim x biét: 2x (3x + 1) +3x(4-2x) =7 HD: x=1/2

Bai 19: Chodathuc: P(x)=x*+3x*+3

a. Tinh P(2), P(-1).

b. Chiing t6 rang da thic trén khong c6 nghiém.

. 2 3% 3
HD: b, P(xX)=(x +E) + 7

Bai 20: Cho f(x) = ax’ +bx+c¢ véia, b, ¢ 1a cac sb hitu ti.
a. Chung to rang: f(-2).f(3) <0.Biétring 13a+b+2c =0 .

b. (2).f(-1)< 0. Biét 5a+b+2c=0 .
HD: b. f(2)=-f(-1) nén —f*(-1) <0
Bai 21: chirng t6 cac da thirc sau v6 nghiém
A(X)=x%-2x+5; B(X)= -X*+4x-20; C(X)=x"+x?+2016 ; D(X)= 3x*-12x+2017.
HD: A(X)=(x-1)°+4 B(X)=-(x-2)>-16 D(x)= 3(x-2)*+ 2005.
Bai 22: Chtng minh da thirc ¢6 it nhat 2 nghiém biét:
a.  (x-6).P(x)=(x+1).P(x-4)
b. (X-5).P(x+4)=(x+3).P(x)
. X.f(x+1)=(x*-4).f(x) c6 it nhit 3 nghiém.
HD: a, Thay x=6 suy ra (6-6).P(6)=7.P(2) hay P(2)=0 nén x=2 la nghiém.
Tuong tu: x=-1suy ra -7.P(-1)=0.P(-5) hay P(-1)=0 nén x=-1 la nghiém.
b, x=5; x=1
c, x=0; x=3; x=-1.
Bai 23: Tim a va b dé nghiém cua da thirc f(x)=(x-3)(X-4) ciing 1a nghiém da thirc g(x)=x>-ax+b.
9—-3a+b=0 —> {a=7
16 —4a+b =0 b=12
Bai 24: Tim a,b,c biét f(x)=ax’+bx+c c6 nghiém la 2; -2 va a-c=3.

HD: Thay x=3; x=4 vao g(x) suy ra: {

f2)=0 4a+2b+c=0(1)
HD:{f(-2) =0=> {4a—2b+c=0(2)
a—c=3 a—c=3(3)

Ldy (1)-(2) theo vé ta dwcgc 4b=0 => b=0 => 4a+c=0 két hop véi a-c=3 ta dwoc a=3/5; c=-12/5.

Bai 25: Chirng t6 cac da thire sau ¢c6 mot nghiém chung.

f(x)=2x+1 va g(x):x3+§x2 +3x+§.

HD: Xét 2x-1=0 => x=-1/2, thay x=-1/2 vao g(x) ta dwoc: g(-1/2)=0 suy ra f(x) va g(x) cé nghiém chung la
x=-1/2.
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Bai 26: Cho P(x)=(a+1)x’+(2a-3)x?-5. Tim a biét P(x) c¢6 nghiém x=2.
HD: Vi P(x) ¢6 nghiém x=-2 nén P(-2)=0 hay: (a+1)(-2)*+(2a-3)2°-5=0 =>-25=0 => khéng ¢ gid tri ndo
ciia a dé P(x) ¢6 nghiém x=-2.
Bai 27: Chirng minh P(x) c6 nghiém la a thi P(X)=(x-a).Q(x) (1)
HD: Vi P(x) cé nghiém la a nén P(a)=0; Mat khdc, thay x=a vao (1) :P(a)=(a-a).Q(a) hay 0=0. luén diing, vay
P(x)=(x-a).Q(X).
Dang 8 : Tim hé s chwa biét trong da thirc P(x) biét P(xo) = a
Phwong phap :
Budc 1: Thay gia tri X = Xo vao da thuec.
Budc 2: Cho biéu thirc s6 d6 bang a.
Bude 3: Tinh duoc hé s6 chua biét.
Bai 20 : Cho da thirc P(x) = mx — 3. Xéc dinh m biét rang P(-1) = 2
HD: P(-1)=2 => m=-5
Bai 21 : Cho da thirc Q(x) = -2x% +mx -7m+3. Xéc dinh m biét rang Q(x) c6 nghiém la -1.
HD: Q(-1)=0 => m=1/8
Bai 22:  Tim hé s a cua da thuc A(X) = ax? +5x — 3, biét rang da thic c6 mot nghiém bang 1/2 ?
HD: A(1/2)=0 => a=2
Bai 23: Tim m, biét rang da thirc Q(x) = mx® + 2mx — 3 ¢c6 mot nghiém x = -1 .
HD: Q(-1)=0 => m.(-1)*+2.m.(-1)-3=0 nén m=-3.
Bai 24: Cho hai da thtrc f(x) = 5x - 7 ; g(X) = 3x +1
a. Tim nghiém cua (x); g(x)
b. Tim nghiém cua da thic h(x) = f(x) - g(x).
c. Tirkét qua cau b suy ra v6i gia tri ndo cia x thi f(x) = g(x) ?
Bai 25: Cho da thirc f(x) = x* + 4x - 5
a. Sb -5 co phai la nghiém cua f(x) khong.
b. Viét tap hop S tat ca cac nghiém cua f(x).
HD: a,C6 b, x*+4x-5=(x-1)(x+5) nén S={1;-5}
Bai 26: Thu gon rdi tim nghiém cua cac da thtc sau:
a. f(x) = x(1-2x) + (2x* -x + 4) .
b. g(x)=x(X-5)-x(x+2)+7x .
c. h(x)=x(x-1)+1.
HD: a,vonghiém b, vdsénghiém ¢, (x — %)2 +% vd nghiém
Bai 27: Cho f(x) = x® - 101x” + 101x° - 101x° +....+ 101x? - 101x + 25.Tinh f(100)
HD: f(x)=x"(x-100)-x°(x-100).....-x+25 nén f(100)=-75
Bai 28: Cho f(x) = ax® + bx + ¢. Biét 7a+b =0, hoi f(10). f(-3) c6 thé 1a sé am khong?
HD: f(10).f(-3)=(100a+10b-+c).(9a-3b+c)=(100a-10.7a+c)(9a+21a+c)=(30a+c)?
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Bai 29: Tam thurc bac hai 1a da thirc ¢ dang f(x) = ax’+ bx + ¢ véi a, b, ¢ 1a hing, a = 0. Hiy xéc dinh cac
hé s6 a, b biét f(1) = 2; f(2) = 2; f(0)=1.

HD: f(0)=1 => a.0°+h.0+c=1 hay c=1,

f(1)=2 => a+b+c=2 hay a+b=1( vi c=1).

f(2)=2 => 4a+2b+c=2 hay 4a+2b=1 => 2a+2(a+b)=1 <> 2a+2=1 (vi a+b=1) suy ra a=-1/2; b=3/2.

Bai 30. Cho f(x) = ax® + 4x(x* - 1) + 8 va g(x) = x® - 4x(bx +1) + c- 3. Trong d6 a, b, ¢ a hing.X4c
dinh a, b, ¢ dé& f(x) = g(x).

at+4=1
HD: Pé f(x)=g(x) thi (a+4).x% — 4x+8=x> -4bx*- 4x +c-3. Pong nhat hé sé ta duoc: { —4b = 0 Tir do tim
c—3=28

a,b,c.

Bai 32: Cho Q(x)=x’+mx-12. Biét Q(-3)=0. Tim nghiém con lai.

HD: Q(-3)=0 nén (-3)> + m(-3)-12=0 suy ra m=-1. Thay vao Q(x)=x*-x-12=0 => x*-4x +3x-12=0 => x(x-
4) +3(x-4)=0 =>(x-4)(x+3)=0. Suy ra x=-3; x=4

Bai 33: Cho f(x)=a.x*+bx+c. Biét f(1)=4, f(-1)=8, va a-c=-4. Tima,b,c.

f() =4 a+b+c=4(1)
HD {f(_1) —g8 =>{a—b+c=28(2) Cdng theo vé (1) va (2) suy ra a+c=6, két hop a-c=-4 dé tim
a—c=—4 a—c=—4(3)

a,b,c.
Bai 34: Cho f(x)=2x*+ax+4 va g(x)=x>-5x-b. Tim a,b biét f(1)=g(2), f(-1)=g(5).
f) =92 _ {a+6=—6—b _- {az -3
f(—=1) = g(5) —a+6=—b b=-9
Bai 35: Cho A(x) =a.x? +bx+6. Tim a,b biét A(x) c6 hai nghiém 13 1 va 2.
a+b=-6 a=3

tas2b= 6= lpo o
Bai 36: Cho f(x) = ax® + bx’* + cx + d trong d6 a, b, ¢, d € R vathéaman b =3a +c Ching minh
rang f (1).f(-2) 1a binh phwong ctia mot sb nguyeén.
Bai 37: Ching minh cac da thirc sau khéng am véi moi X,y:

a. 3X°+2y%+5.

b. X2-2x+2y*+8y+9.

c. x%-6x+2016.

d. x*+8x+20+|y-1]
HD:
a, Vi 3x%> 0 v&i moi x; 2y*> 0 v6i moi y nén 3x*+2y*+5> 5 => da thirc khong &m vai moi X,y
b, X2-2x+2y?+8y+9=(x?-2x+1)+2(y*+4y+4)=(x-1)*+2(y+2)?
c, x>-6x+2016= (x*-6x+9)+2007=(x-3)*+2007
d, X2+8x+20+|y-1|=(x*+8x+16)+4+|y-1|=(x+4)? +|y-1|+4
Bai 37:

HD:{

HD: Thay x=1; x=2 vao A(x) ta dwocC : {
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a. Cho f(x)=3x-5, biét X;+x,=10. Tinh f(x1)+f(x,).
b. Cho f(x)=2x+10, biét x1-x,=4. Tinh f(x;)-f(x2).
HD: a, f(x1)+f(x2)=(3%1-5)+(3x%2-5)=3(X1+X2)-10=3.10-10=20.
Bai 38: Cho A(X)=(x-4)*+2016 va B(x) =4|x-4|-4
a. Tinh A(4); A(-4); B(4); B(-4).
b. Tim GTNN cua:N(x)= A(X)+B(x)-10 va M(x)=A(x)-B(x)-14.
HD:
a, A(4)=2016; A(-4)=2080; B(4)=-4; B(-4)=28.
b, N(X)=(x-4)*+4|x-4|+2012. Vi (x-4)*> 0; [x-4| >0 nén (x-4)*+4|x-4|+2012 > 2012.
Vay GTNN: N(x)=2012 khi x=4.
M(X)=(x-4)-4|x-4|+2006=[|x-4|-2]>+2002 > 2002.
Vay GTNN M(x)=2002 khi |x-4|=2 suy ra x=6 hodc x=2.
Bai 39:
a. Cho f(x)+3.fG)=x". Tinh f(2)?
b. Cho f(x)+3.f(§)=x2. Tinh f(2)?
HD:
a, Thay x=2 ta duoc: f(2)+3.6;)=4 (1). Thay x=1/2 ta duot: {C)+31()=1 (2).

1_61
16 16

Tir (2) => 4G)=1 hay f5)=—, thay vao (1): f(2)=4 -3.
b, Thay x=2 ta duoc: f(2)+3.50)=4(1) . Thay x=2 ta dugt f(;)+3.§(2)= 7 suy rafz)=1 - 3.(2) thay vao
(1) ta dirot: (2)+3[= — £(2)]=4 hay -2.f(2)= = nén f(2)=—=.

Bai 40: Cho A(x)= ax’+bx+c+3 biét A(1)=2013 va a,b,c ti 16 vai 3; 2; 1. Tim a, b, ¢?

HD:

a=3k; b=2k; c=k ma A(1)=a+b+c+3=2013 nén 3k+2k+k+3=2013 hay 6k=2010 nén k=335. Vay
a=3.335=1005; b=2.335=670; c=335.

Bai 41: Cho f(x) thoa man f(a+b)=f(a.b) va f(-1)=1. Tinh f(2016)?

HD:

Ta c6: f(-1)=f(-1+0)=f(-1.0)=f(0) ma f(-1)=1 nén f(0)=1.

f(2016)=f(0+2016)=f(0.2016)=f(0)=1.

Bai 42: Cho f(x) xc dinh: f(1+ - )=2x+ — . Tim f(x).?

HD:

dat 1+ i =X suy ra x= ﬁ Thay vao f(1+ i):2x+ xiz ta duoc:

f(X)= ﬁ +(X-1)2 Vdy f(x)= ﬁ +(x-1)%

Bai 43: Cho f(x) thoa man: f(x1.x2)=f(x1).f(x2). Biét f(2)=10. Tinh (8)?
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HD:

f(4)=f(2.2)=f(2).f(2)=100, f(8)=f(4).f(2)=1000.

Bai 44: Cho da thuc P(x) véi hé so thuc va P(x) c¢6 bac 6 thoa méan: P(1)=P(-1),P(2)=P(-2),P(3)=P(-3).
Chang minh:vxe R thi P(X)=P(-X).

HD:

Gid sir: P(x)=ax®+bx>+cx*+dx3+ex?+fx+g.

Thay P(1)=P(-1) ta duoc: b+d+f=0 ().

Thay P(2)=P(-2) ta duoc: 16b+4d+f=0 (2).

Thay P(3)=P(-3) ta duoc: 81b+9d+f=0 (3). T (1)(2)(3) suy ra b=d=f=0 nén P(x)=ax’+cx*+ex’+g.
P(-x)=a(-x)°+c(-x)*+e(-x)*+g= ax’+cx*+ex’+g=P(x) dpcm

Bai 45: Tim x,y,z biét : (-2x%y°)!° + (3y*z%)"=0.

HD:

Vi (2390 > 0; 35220 >0 nén (-2x3y%)° + (3y%®)1=0 khi {’;32’ _ 8.
TH1: néu y=0 thi moi x va z déu 1a nghiém.

TH2: néu y # 0 thi x=2=0.

PE THAM KHAO
PE 01
I- Phan tric nghiém (3,0 diém ):

Cau 1: DPon thire dong dang véi don thire - 2x%y 14

A. - 2xy? B.xX°y C. - 2%y D. Ox%

Cau 2: Cho hai da thirc A (x ) = - 2x* + 5x va B(x ) = 5x* - 7 thi A(x) + B(x ) =

A.3x% +5x-7 B.3x*-5x -7 C.
3% +5x -7 D.3x* +5x +7

Cau 3: Pon thirc %XS y*z°® co bac la

A 3 B.4 C.5 D. 12
Cau 4: Cho tam giac ABC c6 CN, BM la cac duong trung tuyén, gbc ANC va goc CMB 1a goc tu. Ta co:
A./ AB<AC<CB B/ AC<AB<BC C/ AC<BC<AB D/ AB<BC<AC
Cau 5: Cho tam giac ABC voi AD 1a trung tuyén, G la trong tdm , AD = 12cm. Khi d6 d6 dai doan GD
bang:
A. 8cm B.9cm C.6cm D.4cm
Cau 6: Cho AABC c6 goc A = 75°, goc B = 60°, géc C = 45°.Cach viét nao sau dy 1a dang
A./ AB<BC<AC B/ BC<AC<AB C/ AB<AC<BC D/ AC<BC<AB

IL Phén ty luén (7,0 diém)
Céu 1( 1,5 diém):
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Thoi gian giai 1 bai toan ctia 40 hoc sinh dugc ghi trong bang sau ( Tinh bang phut).

8 |10 | 10 8 8 9 8 9
8 9 |9 12 12 10 11 |8
8 |10 | 10 11 10 8 8 |9
8 |10 | 10 8 11 8 12 |8
9 8 9 11 8 12 8 |9

a) Dau hiéu & dy 1a gi ? s6 cac dau hiéu 1a bao nhiéu ?
b) Lap bang tan sd.
c) Nhan xét.
d) Tinh sb trung binh cong X , Mt
Ciu 2( 1,5 diém):
Cho PX)=x*-2x+1+x* va QX)) =2x*-x*+x-5
1/ Tinh P(x) + Q(X) ; P(X) — Q(x)
2/ Tim nghi¢m cua da thirc R(x) =-2x + 3
Cau3:(3,0 diém)
Cho tam gidc ABC ¢6 3 goc nhon, dudng cao AH. Trén nita mit phang bd 1a dudng thing AC c6 chira
diém B, ké tia Cx // AB . Trén tia Cx 1ay diém D sao cho CD = AB. K¢é DK vuéng goc BC ( K thudc BC).
Goi O 1a trung diém ctia BC . Chimg minh
a, AH = DK b. Ba diém A, O, D thang hang
c. AC//BD
Cau 4( 1,0 diém ): Chimng t6 rang da thirc x* +4x + 5 khong c6 nghiém

DE 02
I- Phan tric nghiém khach quan (3,0 diém ):
Cau 1: Bac cua da thirc x° — 2.x’y +8 xy* + 9 1a
A.6 B. 9 C. 7 D. 17
Cau 2: Gia trj ctia biéu thire 2x* —x khix = -2 14 :
A. -6 B. 6 C. -10 D. 10
Cau 3: Pon thirc nao ddng dang véi don thirc -3x%y*;
A.0.2x%° B.-3x%y? C.-7xy? D.-x%y?

Cau 4: Cho tam giac RQS , biét ring RQ =6cm ; QS=7cm; RS=5cm

A. gbc R<gbc S<gocQ B. gbc R>go6c S > gbc Q

C.g6c S<gocR<gbc Q D. géc R> g6c Q > géc S
Cau 5: Cho tam giac DEF c6 goc D = 80° cac dudng phan giac EM va FN cit nhau tai S ta o :

2

A. Géc EDS = 40° B. GocEDS=160° C.SD=SE=SF D.SE= 3 EM

Cau 6: Tam gidc ABC can AC= 4 cm BC=9 cm Chu vi tam gidc ABC la:
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A. Khong xéc dinh duoc B. 22 cm C.17cm D.20 cm
IL Phén ty luén (7,0 diém)
Céu 1( 1,5 diém):
Diém bai thi mon Toan cua 16p 7 duge cho boi bang sau:
10 9 8 4 6 7 6 5 8 4

3 7 7 8 7 8 10 7 5 7
5 7 8 7 5 9 6 10 4 3
6 8 5 9 3 7 7 5 8 10

a, Dau hiéu ¢ day 1a gi ?
b, Lap bang tan so.
¢, Tinh s trung binh cong. Tim mdt
Cau 2( 1,5 diém): Cho cac da thuc
M(x) = 3x°~ 3x + x> + 5
N(x) = 2x*—=x +3x3+9
a, Tinh M(x) + N(x)
b, Biét M(x) + N(x) =P(x) =6x + 3x? +2x. Hay Tinh P(x)
¢, Tim nghi¢m cta da thirc P(x)
Céu 3( 3,0 diém ) :
Cho tam gidc ABC v6i do dai 3 canh AB =3cm, BC = 5cm, AC =4cm
a) Tam giac ABC la tam giac gi? V& sao?
b) Trén canh BC ldy diém D sao cho BA = BD. Tir D v& Dx vudng goc véi BC (Dx cét AC tai H).
Chtng minh: BH 1a tia phan giac cua goc ABC.
¢) V& trung tuyén AM. Chimg minh A ABC cén
Cau 4( 1,0 diém ): Chimng to rang da thirc x> +6x + 10 khong c6 nghiém

PE 03
I- Phan tric nghiém (3,0 diém ):
Cau 1: Bac cia don thac 2°X°yz? Ia:
A.6 B.8 C.5 D. 10
Cau 2: Hai don thtc nao dong dang v6i nhau?
A. 5x° va 5x* B. (xy)? va xy? C. (xy)* va x4y* D. x%y va (xy)?
Cau 3:
Pathie P(X) =3x* —2x* —4x* +5x+1 cobacla:
Al B.2 C.3 D.4
Cau 4: Cho tam giac ABC ¢c6 AB =5 cm, BC =8 cm, AC = 10 cm. So sanh nao sau day la ding :
A.B<C<A B.C<A<B C.A<B<C D.C<B<A

Cau 5:B6 ba s6 nao sau ddy khong thé 1a do dai cia ba canh mot tam giac ?
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A.5cm, 5cm, 6cm B. 7cm, 7cm, 7cm C. 4cm, 5ecm, 7cm D. 1cm, 2cm, 3cm
Cau 6: Cho A ABC cd AM la trung tuyén . Goi G la trong tim cua A ABC. Khang dinh nao sau day 1a
dang?

2
A. GM :§AI\/| B. AG:%GM C. AG:%AM

D. GM =2AG
I1. Phan ty ludn (7,0 diém)
Céu 1( 1,5 diém):

Thoi gian 1am mot bai tap toan (tinh bang phat) caa 30 hoc sinh dwoc ghi lai nhu sau:

10 5 8 8 9 7 8 9 14 8
5 7 8 10 9 8 10 7 14 8
9 8 9 9 9 9 10 5 5 14

a, Dau hiéu ¢ day 1a gi ?

b, Lap bang tan sb.

¢, Tinh sé trung binh cong .

Cau 2( 1,5 diém):

Chohaidathic: P(X)=x®+2x—3x*+1&Q(x)=—-x*+3x*—-x-5
a, Sap xép cac da thirc trén theo thi tu giam dan theo lity thira cua bién?

b, Tinh : P(x) + Q(X)

¢, Tinh : P(X) - Q(x)

Céu 3( 3,0 diém ) :

Cho tam giac ABC vuéng tai A ,phan giac BD.Ké DE vudng goc véi BC (E€BC ). Goi F 1a giao diém cua
BA va ED. Chtng minh rang :

a, AB = BE b, ACDF la tam giac can. c, AE/ICF
Céu 4( 1,0 diém ):
Cho m va n 14 hai s6 tw nhién va p 1a mét sé nguyén té thoa man —> 1= m+n.
m— p
Chung minh rang p? = n + 2.
DE 04

Bai 12 diém):
Diém kiém tra mot tiét mon toan caa mot I6p 7 dugc thong ké lai ¢ bang dudi day:

biém 2 3 4 5 6 7 8 9 10

Tanso |1 [3 |5 6 6 9 6 |3 |1

a, Dau hiéu can tim hiéu o day 1a gi?

b, Tim s6 cac gia tri va mét cua dau hiéu?

c. Tinh sé trung binh cong cua dau hiéu (1am tron dén chit s6 thap phan tht nhat).
Bai 2 (1 diém): Cho biéu thic: f(x) = x* - 4x + 3
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a. Tinh gié tri caa biéu thic f(x) taix=0; x=1; x =3
b. Giatri x nao la nghiém cua da thirc f(x)? Vi sao?
Bai 3(1,5 diém):

Cho biéu thire: M = (_?szy).(%xf)

a, Thu gon biéu thirc M.
b, Chi rd phan hé s6, phan bién va bac cua don thic sau khi da thu gon.
Bai 4 (1,5 diém):
Cho hai da thuc:
P(X)=3%- 2x+2+x* -3 +2x* +3+x
Q(X)=5x3- X*+3x - 5X° +4- x* +2x-2
a. Thu gon va sap xép cac da thurc trén theo lity thira giam dan bac cua bién.
b. Tinh téng P(x) + Q(x) rdi tim nghiém cua da thic tong.
Bai 5(3 diém):
Cho tam giac can ABC (AB = AC), ké duong cao AH (H € BC)
a. Chung minh rang: HB = HC va ZBAH = ZCAH .
b. TuHké HD L AB (D e AB), ké HE L AC (E € AC).
Chuang minh raing AD = AE va tam giac HDE la tam giac can.
c. Giasut AB =10 cm, BC = 16 cm. Hay tinh d6 dai AH.
Bai 6 (1,0 diém ): Chung to ring da thirc X +4x + 7 khdng c6 nghiém

PE 05
A.TRAC NGHIEM: (2.5d) Khoanh tron chir cai ding trée dap an ding
1/ Pon thire dong dang véi don thirc -5x°y 1a:

a. xX4y* b. 7 X%y c. -5xy’ d. Mot két qua khac
2/ Giatrj ciia da thirc P=x+x*+2x-1tgix=-21a
al -9 b/ -7 c/ -17 d/ -1

3/ Két qud ciia phép tinh — 2xy* + %xy2 + %xy2 - %xy2 la
al 6xy? b/ 5,25xy> ¢/ -5xy’ d/ Két qua khéac
4/ Két qud ciia phép nhén cdc don thirc (- 2x%).(- %)2 x.(y%2)® 1a:

3,3

1 1 1 1
al =x3yz? b/ =x3y°z® c/-=x%y'z3 d/l —=x3y3z3,
2 y 2 y 2 y 2 y

5/ Bdc ciia da thirc - 15> +5x = 4x° +8x° -9 —x* +15-7 1a
al 3 b/ 4 c/5 d/ 6
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6/ Nghiém ciia da thirc : x*-x 1&; a/ 0va -1 b/ 1va-1 c/Oval d / Két qua khéc
7 Cho tam giac PQR vuéng (theo hinh vé). Ménh dé nao diing ?
alr?= qz_pz b/ p2+q2 =2 Q
o/ of = p-P2 df i = p? r P
8/ Cho AABC c6 B =60°, C =50° . Cau nao sau diy ding : P R
al AB > AC b/ AC < BC ¢/ AB>BC d/ mot dap sb khac
9/ Véi b ba doan thing c6 sé do sau ddy, bg ba nao khong thé 1a ba cgnh cia mgt tam giac ?
a/ 3cm,4cm,5¢cm b/ 6cm,9cm,12cm ¢/ 2cm,4cm,6cm d/ 5¢cm,8cm,10cm

10/ Cho A ABC c6 B< C<90°. Vé AHLBC (H €BC). Trén tia déi ciia tia HA |dy diém D sao cho HD = HA .
Céu nao sau ddy sai :
al AC > AB b/ DB > DC ¢/ DC >AB d/ AC>BD
B. TU LUAN: (7.5P)
Bai 1(3d): Cho da thirc: P(x )= 1+3x° = 4x% +x° + x°=x* + 3 VA Q(X) = 2x° — x* + 4x° — x* + 4x® - 5x
a/ Thu gon va sap xép cac hang tir cua da thirc theo luy thira ting cua bién
b/ Tinh P(x) + Q(x) ; P(X) — Q(x)
¢/ Tinh gid tri cta P(x) + Q(x) tai x = -1
d/ Chung to rang x = 0 1 nghiém cua da thirc Q(x) nhung khéng 1 nghiém cua da thircP(X)
Bai 2(3.5 D) : Cho AABC c6 AB <AC . Phan gi4c AD . Trén tia AC lay diém E sao cho AE = AB
a/ Chung minh : BD = DE
b/ Goi K 1a giao diém cua cac duong thang AB va ED . Chiing minh A DBK = A DEC
¢/ AAKC latamgiac gi?  d/ Chiang minh DE L KC.
Bai 3(1d) : Chung t6 rang da thuc A(X) = x* + 2x% + 1 khong c6 nghiém.

PE 06
I. TRAC NGHIEM (2d) : Khoanh tron vao chit cai ding trudc cau tra 1oi ding nhat

Cau 1: Biéu thizc nao sau day la don thirc?

a. _75x b.x?+1 C.2X-y d.

< | >

Cau 2: Bdc ciia don thirc 42Xy 1a:
a. 7 b.3 c.6 d.5
Ciu 3: Pa thirc P(x) = 4.x + 8 ¢6 nghiégm la:

ax=2 b.x=-2 C. X

1
N |-

o

X

1
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Cau 4: Bdc ciia da thirc 7°x° - %xe’y4 +y° - xY 1A

a. 9 b.8 c.7 d. 6
Cau 5: Tinh (2x - 3y) + (2x + 3y) ?
a. 4x b. 6y C. -4x d. -6y
Cau 6: Bg ba dj dai nao sau ddy cé thé la dp dai ba canh cia mgt tam giac vudng?
a. 5¢cm, 12cm, 13cm b. 4cm, 5¢cm, 9cm
c. 5cm, 7cm, 13cm c. 5cm, 7cm, 11cm
Céu 7: Cho AMNP ¢6 M = 110° ; N = 40°. Cgnh nhé nhdt ciia AMNP la:
a. MN b. MP c¢. NP d. Khong cé canh nho nhat.
Cau 8: Cho tam gi&c can, biét hai trong ba canh cé d@é dai 14 3cm va 8cm. Chu vi cia tam gidc do la:
a. 1lcm, b. 14cm, c. 16cm, d. 19cm
I.TU LUAN:

Bai 1: (1,5 d) Thoi gian hoan thanh ciing maot loai san pham cua 60 cong nhan dugc cho trong bang dudi
day (tinh bang phat)
Thoi gian (x) 3 4 5 6 7 8 9 10
Tan s6 (n) 2 |2 |3 |5 |6 |19 [9 [14 |[N=60
a) Dau hiéu can tim hiéu o day la gi ? C0 tat ca bao nhiéu gié trj ?
b) Tinh sé trung binh cong ? Tim mét ?
Bai 2 : (1,5 d) Cho 2 da thuc : fx)=x3+3x-1 va gx) =x>+x*-x +2
a) Tinh f(x) + g(x) b) Tinh f(x) - g(x)
Bai 3: (1,5 d) Tim nghiém cta da thirc h(x) = 3x3 - 4x + 5x% - 2x% + 8 - 5x* - x°
Bai 4: (3,5 @) Cho AABC vudng tai A, phan giac BD. Qua D ké duong thiang vudng goc véi BC tai E.
a) Chirng minh ABAD = ABED
b) Chung minh BD la trung truc cia AE.
¢) Chung minh AD < DC.
d) Trén tia d6i cua tia AB lay diém F sao cho AF = CE. Chtng minh ba diém E, D, F thang hang.

DE 07
Cau 1: (2 diém). Mot giao vién theo ddi thoi gian lam mot bai tap (thoi gian tinh theo phat) caa 30 hoc sinh

(ai cling lam duoc) va ghi lai nhu sau:

9 5 8 8 9 7 8 9 14 8

6 7 8 10 9 8 10 7 14 8

8 8 9 9 9 9 10 5 5 14
a) Dau hiéu ¢ day 1a gi?

b) Tinh s trung binh cong cua dau hiéu?
¢) Tim mét ciia ddu hiéu?
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Cau 2: (2 diém).
a) Tinh gia trj cta biéu thic sau: P(x) = 2x% + x -1 lanluottai x=1 vax = %

b) Trong cac s -1, 1, 2 s6 nao 1a nghiém cua da thirc P(x) = X2 =3x +2 hay giai thich.
Cau 3: (2 diém). ChoP(x) =x*=2x +1vaQ(x) = 2x* - 2x> +x -5
a) Tinh P(x) + Q(X)
b) Tinh P(x) - Q(X)
Cau 4: (3 diém). Cho goc xOy khac goc bet. Trén tia Ox 14y hai diém A va B, trén tia Oy ldy hai diém C
va D sao cho OA = OC; OB = OD. Goi I 1a giao diém cua hai doan théng AD va BC. Ching minh réng:
a) BC = AD.
b) IA=IC.
c) Tia Ol la tia phan giac cta goc xOy.
Cau 5: (I diém). Cho f(x) = ax® + 4x(x* = x) —4x +8,  g(x) =x>—4x(bx +1) +c -3
Trong d6 a, b, ¢ 1a hang. Xac dinh a, b, ¢ & f(x) = g(X)

PE 08
Phan 1: Tric nghiém khach quan (2d)
Chon dap an diing nhat
Cau 1: Cho tam giac ABC c6 CN, BM 1a cac duong trung tuyén, géc ANC va géc CMB la géc tu. Ta co
A./ AB<AC<CB B/ AC<AB<BC C/ AC<BC<AB D/ AB<BC<AC
Cau 2: Pon thuc 1x3y“z5 c6 bac la
A. 3 B.4 C.5 D. 12
Cau 3: Cho hai da thuc A =x3- 2y +xy + 3va B =x? +y—xy — 3. Khi d6 A + B bang:
A. 2x* -3y B.2x°-y C.2xX +y D.2x*+y-6
Cau 4: Cho tam gidc ABC vai AD la trung tuyén, G Ia trong tdim , AD = 12cm. Khi d6 d6 dai doan GD
bang:
A. 8cm B.9cm C.6cm D.4cm

Phan 2: Tw luan (8d)

Cau 1: (1.5d) Theo duri diém kiém tra hoc k6 1 mun Toon cua hoc sinh 16p 7A tai mot truong THCS
nguoi ta lap dugc bang sau:

piémsé [0 |2 |5 |6 [7 [8 [9 |10
Tan s6 1 5 5 8 8 11 |4 3 N=45
a) Dau hiéu diéu tra 12 gi ? Tim mot caa dau hiéu ?

b) Tinh diém trung binh kiém tra hoc ké 1 cua hoc sinh 16p 7A.

¢) Nhan xot vé két qua kiém tra hoc ko 1 mdn Toan cia Céc ban 16p 7A.

Cau 2: (1d) Tinh tich cta hai don thirc: -2x%yz va - 3xy*z. Tim hé sb va bac cua tich tim dugc.
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Cau 3: (2,5d) Cho da thirc : f(x)=3x" +3x% +5x* - 2x* + 4x* - x* +1-4x* - 2x*
a. Thu gon f(x) b. Tinh f(2) ; f(1). c. Chung to rang f(x) khéng c6 nghiém.
Cau 4: (3d) Cho tam giac ABC c6 goc A =90° . Tia phan gi4c cua Bcit AC tai E. Ké EH 1 BC (H thudc
BC) Ching to6 rang:
a. AABE=AHBE b. BE la trung tryc cia AH c. EC>AE

PE 09
I- Phan Tric nghiém: (2 diém)Khoanh tron chir cai dirng dau cau tra loi ding:
1. Gia tri nao 1a nghiém cua da thic 2x> —5x* + 6x —2

Al B.-1 C. l D. _—1
2 2
2. Giatri cuabiéuthac M= —2x> —5x +1 taix =2 I&;
A -17 B.-18 C. 19 D. Mot két qua khéac
3. Bac cua da thic : 5x” —2x” +3x” +5x —2x” —3x” I
A.2 B.3 C.6 D.1
6. Cho tam giac ABC c6 A = 60°%; B = 40°; so sanh nao sau day la ding:
A.AC >BC B. AB>AC C.AB<BC D. AB<AC

I1- Phan Ty luan : (8 diém)

Cau 1: (1,5d) diém kiém tra hoc k6 1 mun Toon cua td 1 hoc sinh 16p 7A duoc ghi & bang sau:
5 4 9 6 8 9 10
9 6 6 9 8 4 5
a) DAu hiéu diéu tra a gi ? tir d6 1ap bang “tan s6”

b) Tinh sb trung binh cong caa dau hiéu.

¢) V& biéu d6 doan thang va nhan xét.

Cau 2: (2d) Tam giac nao la tam giac vudng trong cac tam giac c6 d6 dai ba canh nhu sau:
a. 3cm, 4cm, 5cm c. 6dm, 7dm, 14dm
b. 2,1cm, 3cm, 5,1cm d. 3dm, 4dm, 6dm
Cau 3: (2,5d) Cho hai da thic : P(x) =3x" - 7x-6x° +x* +1; Q(x) =9x*-1+7x-3x’
a. Thu gon va sap xép cac da thuc trén theo liy thira giam dan cua bién.
b. TinhP(x) + Q(x) ; P(X)-Q(X)
c. Tim nghiém cua P(x) + Q(x)
Cau 4: (3d) Cho tam gidc ABC déu, dudng cao AH. Trén tia ddi cua tia CB lay D sao cho CD = CB. Dyng
duong cao CE cua tam giac ACD. Tia ddi cua tia HA va tia d6i cua tia CE cat nhau tai F
a. Chung minh: AE = DE va tam gidc ABD vuong tai A.
b. Chizng minh : C la trong tdm cua tam gidc AFD.
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PE 10
I. PHAN TRAC NGHIEM ( 3d)
Bai 1 : Chon cu tra 101 ding ghi vao gidy bai lam
Cau 1 : Cac nghiém cua da thic x> — 2x 13

A 0 B. 2 C.0Ovaz2 D. 1
Cau 2 : Giatrj cia biéu thirc 2x* —x khix = -2 1 :
A. -6 B. 6 C. -10 D. 10
Cau 3 : Cho bang “Tan sé “ cua du hiéu Ia :
Gia tri (x) 36 37 38 39 40 41 42
tan s6 (n) 13 45 110 184 126 40 5
Cau 4 : Bac cua da thirc x° — 2.x"y +8 xy" + 9 14
A.6 B. 9 C.7 D. 17
Cau 5: Hai canh goc vubng cua tam giac vudng 1a 6cm va 8cm thi canh huyén bang :
A.4cm B. 10cm C. 12cm D. 14cm
Cau 6 : Tam giac PQR la tam giac vudng can tai Q néu:
A. Goc Q =90°va QP = QR; B. Gdc P =gdc R vagoc P + goc R = 90°

C. QP=QRVAagocP +g6cR=90° D. Ca A,B, C déu ding
Cau 7 : Cho tam giac RQS , biét ring RQ = 6cm ; QS=7cm; RS=5cm

Taco:A. gbicR<gdcS<gocQ B. gbc R>go6c S > gbc Q
C.g6c S<goc R <goc Q D. goc R>g6c Q > goc S

Cau 8 : Cho tam gidc MNP can tai M, G la trong tam tam giac MNP
Taco:A. GN=GM B. GN=GP C. GM =GP D.GN=GM =GP
Cau 9 : Cho tam giac DEF c6 g6c D = 80° cac duong phan giac EM va FN cit nhau tai S ta c6 :
A. Goc EDS = 40° B. Gdc EDS = 160° C.SD=SE=SF D.SE= % EM
Cau 10: Cho SM va PN 1a hai duong cao caa tam giac SPQ , SM cit PN tai |
Tacd: A. IS =1P=IQ B. I cach déu 3 canh cua tam giéc

c.su%sm D.CaA, B, C déu sai
Cau 11: Cho tam gi4c SPQ biét goc S = 70° goc P =30°
Taco:A.SQ<PQ<SP B.SQ <SP <PQ

C.SQ>PQ>SP D. PQ <SP <SQ
Cau 12 : Tam giac can c¢6 do dai hai canh la 7cm va 3 cm thi chu vi ctia tam giac do la :
A. 17cm B. 13cm C. Ca A, B déu ding D. Ca A, B déu sai

11/ PHAN TU LUAN (7 PIEM )
Bai 2: (2d) Cho cac da thuc
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M(x) =33 +x*=3x +5

N(X) =3+ 2x*-=x +9

a, Tinh M(x) + N(x)

b, Biét M(x) + N(x) —P(x) =6x> + 3x? +2x. Hay tinh P(x)

¢, Tim nghiém cua da thirc P(x)

Bai 3 : (4d) : Cho tam gidc ABC c6 3 goc nhon, duong cao AH. Trén nita mat phang bo 1a duong thing AC
c6 chira diém B, ké tia Cx // AB . Trén tia Cx lay diém D sao cho CD = AB. K¢ DK vudng géc BC
( Kthuoc BC)

Goi O 1a trung diém cua BC . Chang minh

a, AH = DK b. Ba diém A, O, D thing hang

c.AC//BD

Bai 4 : (1d) : Ching to rang da thirc x* +4x + 5 khdng c6 nghiém
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